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Optical atomic clocks have revolutionized time keeping, leading to the most accurate and

precise measurements that humankind has ever made. The work in this thesis builds upon years

of progress to construct the most accurate clock to date. Strontium atoms are trapped in a one-

dimensional (1D) optical lattice formed within an in-vacuum build up cavity oriented along gravity.

We probe the ultra-narrow, environmentally insensitive 5s2 1S0 → 5s5p 3P0 electronic transition

with a laser based upon a single-crystal silicon resonator. To build the best atomic clock, we need

precise quantum control of the atoms as well as comprehensive stabilization of systematic shifts.

We discuss how in-situ imaging allows us to measure frequency gradients within an atomic sample,

including determining the gravitation redshift over less than a millimeter [22]. Through precision

spectroscopy, we characterize the motional states of the atoms. In a tilted 1D optical lattice, atoms

occupy Wannier-Stark external wavefunctions. Tuning the wavefunction using a “magic depth,” we

realize a density shift cancellation, allowing us to operate with 105 atoms with a negligible density

shift [1]. Under strong interactions, an dynamical phase transition appears during a Rabi drive. We

understand and tame the lattice light shift through a comprehensive campaign modulating the lattice

depth, frequency, and external wavefunction [70]. We reduce the uncertainty in the largest systematic

shift in room temperature Sr clocks, the black body radiation shift, by remeasuring the atomic

response function and carefully determining the radiant temperature [2]. Other systematic shifts

have much smaller uncertainties, and all together we achieve a systematic uncertainty of 8.1× 10−19

in fractional frequency units–the lowest of any clock to date [2]. Lastly, we discuss recent work to

push the strontium clock into new regimes. We reduce both the laser and atomic instability, mapping

out the coherence limitations of both systems. We can combine atom interferometry techniques

with optical clock techniques to realize a system that combines classical and relativistic geodesy
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tools. Ongoing frequency comparisons with optical clocks at NIST allow us to test the veracity of

our systematic uncertainty, perhaps aiding in the redefinition of the SI second.
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Chapter 1

Introduction

When Theodore Roosevelt said “comparison is the thief of joy,” he must have never met a

metrologist. Indeed, comparison is perhaps the most important aspect of measurement (and for

some the most joyful!). Any measurement is inherently a comparison, typically against a known

quantity. Whether that is a platinum-iridium test mass that previously served as the definition of

the kilogram, the 1/8” ticks on a cheap ruler, or the microwave oscillations of a cesium clock that

set the second, every measurement needs a reference. The quality of your measurement is ultimately

limited by this reference, so building a better reference can lead to better measurements.

A system of units is a sort of measurement language. In order to have mutual measurement

understanding, we need to “speak” with agreed upon unit definitions. Enter the Système international

d’unités (SI), a globally used system of measurements maintained by the Bureau International des

Poids et Mesures (BIPM). There are seven base units that make up the SI: the second (s) for

measuring time, the meter (m) for measuring length, the kilogram (kg) for measuring mass, the

ampere (A) for measuring electric current, the kelvin (K) for measuring temperature, the mole (mol)

for measuring a number amount, and the candela (cd) for measuring luminous intensity. Using only

these base units, one should be able to express all measured quantities. All the results I present in

this document rely on the SI, with the hope of making at least the reported quantities intelligible to

others in the timekeeping community.

Measurement is at the heart of physics, with each advancement in measurement precision

or accuracy furthering the field. So it is of primary concern to physicists that measurement tools
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continue to improve. Since 2019, all units have been linked to fundamental constants, highlighting

the connection between physics and measurement science. The seven base units are now based

upon some combination of seven defined quantities: the speed of light (c), the Planck constant

(h), the charge of the electron (e), the Boltzmann constant (k), the Avogadro constant (Na), a

candela constant for luminous efficacy (Kcd), and the ground state hyperfine transition frequency of

cesium-133 (∆νCs). Each measurement tool should be ultimately tied to these defined constants. The

second is defined as 9192631770/∆νCs, so measurement of the cesium hyperfine transition is directly

a measurement the second. A GPS disciplined oscillator is tied to the SI second by referencing the

atomic clocks aboard GPS satellites. National metrology institutes (NMIs) exist to support this

system of units, housing and developing specialized technology that links units to these defined

quantities. An accurate scale undergoes a calibration process using test masses that are weighed

using Kibble balance, a large machine that links the kilogram to h, c, and ∆νCs.

The cesium transition is a rather arbitrary choice to define the second, tied more to historical

decisions than perhaps the more “fundamental constants” such as c, h, e, and k. With a better

realization of the second using a different atomic transition, the entire SI can be improved [126].

Better is of course subjective, but as will become clear in the following thesis, strontium is an

excellent candidate to define the second. By using a visible transition in atomic strontium, we can

create a more precise timing signal that is linked to an atomic standard. This means that with

proper care, any researcher can measure the exact same frequency anywhere in the world.

To understand the very best clocks, you need to compare against the very best clocks, so almost

every clock experiment is a comparison of some sort. This approach is necessary for using clocks

to perform real science. We compared different atoms in our system to measure the gravitational

redshift [22]. We compared atoms under different lattice conditions to determine the shift from

holding the atoms against gravity [70]. Work is ongoing comparing our clock with clocks at the

National Institute of Standards and Technology (NIST), reevaluating previous measurements [23].

Thus the story I will present here is one of comparison and how comparison allowed us to build the
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best clock to date.1

1.1 Atomic Clocks

What makes a good clock? Or perhaps, how do we understand the uncertainty of a time

measurement? Measurement uncertainty has two sources: uncertainty that is modified with repeated

measurements, and fixed uncertainty that stems from the techniques used. These are statistical

and systematic uncertainties, and quantify how “certain” the measurement is with respect to a

common reference quantity. If uncorrelated, we can write the total measurement uncertainty δν as a

quadrature sum of these two sources:

δν =
√

(δstatν(t))2 + (δsysν)2, (1.1)

where δstatν(t) and δsysν are the statistical and systematic frequency uncertainties, respectively. As

more data is accrued, the statistical uncertainty is modified, so we treat it as having dependence

on time t. For example, if measuring a normal distribution, the measurement uncertainty reduces

with the number of measurements n as 1/
√
n. Thus a longer duration of repeated measurements

correspond with lower δstat. Of course the systematic uncertainty may vary over time, however this

time dependence is often less deterministic than with statistical uncertainty.

Humans have become rather good at measuring frequency and phase, so precision time

measurement is based upon a phase measurement of an oscillating signal. Since ν = 1/T , where ν is

the frequency and T is the time of one oscillation period, to measure a length of time, one must simply

count the cycles of a periodic oscillation and multiply by the inverse of the oscillation frequency.

For example, a grandfather clock is based upon a 1 Hz oscillation of a carefully made pendulum.

A set of gears known as an escapement counts the passing of the pendulum arm, advancing the

second, minute, and hour hands. A quartz oscillator forms the frequency basis of common wrist

watches. The oscillating crystal creates a sinusoidal voltage with a frequency of 32 kHz, and a shift

1As of April 2025!
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register counts the periods, updating the display with the current time. A precision microwave

oscillator is typically based upon a temperature stabilized quartz crystal oscillator (OXCO). In the

low frequency microwave domain, that is frequencies that oscillate from 10 MHz to 40 GHz, there

are many commercial solutions for counting cycles of an oscillating voltage. A key issue with each of

these frequency references is that they are manmade artifacts, with frequencies dependent on careful

manufacturing. If a pendulum is not the right length or the quartz crystal is not cut perfectly, the

resultant time will not be accurate. That is, these microwave oscillators often have poor δsysν.

The best clocks are ones that combine both excellent statistical uncertainty under short

measurement times and excellent accuracy. To achieve this goal, state of the art clocks typically

contain two main components: a high stability “local oscillator” that quickly averages to low

statistical uncertainty and a reference that steers the local oscillator to a low systematic uncertainty.

Throughout this thesis we will use fractional units: frequency uncertainty or shifts will be expressed

as a part of the primary or “carrier” frequency. A uncertainty of 1 Hz on a 100 Hz oscillator becomes

a fractional uncertainty of 10−2. Since period counting is typically perfect, this approach allows us

to compare very different frequency standards.

The best microwave frequency based timescales use an ultra-stable microwave oscillator with

an atomic reference. At NIST, a number of hydrogen masers are combined to output a stable time

base. Hydrogen masers are active clocks that use stimulated emission of 1.4 GHz spin flip transition

in atomic hydrogen, generating a microwave frequency that has remarkably low instability of 10−15

at an averaging time of 103 s. Despite being referenced to an atomic transition, masers have known

drift issues that compromise long term frequency measurements [60, 118]. The standard approach

to eliminating drift is to steer the maser frequency using a cesium (or rubidium) microwave clock.

These systems take the microwave signal generated by the maser, compare it with a well controlled

clock transition in cesium, and correct the maser drift. At long times, the output frequency now

takes the noise characteristics and systematic uncertainty of the cesium clock, and is now tied to the

primary definition of the SI second.

To measure the statistical uncertainty, or frequency stability, a commonly used tool is the
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Allan variance or its root the Allan deviation [4, 127]. The Allan variance calculates the variance of

measurements averaged over time τ , and is defined as,

σ2
y(τ) =

1

2(M − 1)

M−1∑
i=1

[〈y(τ)〉i+1 − 〈y(τ)〉i]2 , (1.2)

where M is the number of measurements, and 〈y(τ)〉i is the average frequency measured during the

interval i of duration τ . The Allan deviation, or ADEV, allows one to characterize the instability of

y at some measuring time. For example, an ADEV of 10−16 at 1 s means that successive frequency

measurements of 1 s would have frequency differences with a root mean square of 10−16. We normally

use an improved method called an overlapping Allan deviation, or OADEV, which calculates the

Allan deviation using overlapping bins of length τ . This provides far greater confidence at the small

price of being more computational intensive–typically not an issue for our data sets.

The Allan variance is also a powerful tool for understanding the character and even the origin

of noise in frequency measurements. In Fig. 1.1, we plot different types of frequency noise and their

corresponding Allan deviations. By averaging for a longer time, the uncertainty from white frequency

modulation (WFM) and white phase modulation (WPM) noise can be reduced, or “averaged down.”

Plotting frequency as a function of time, it is not immediately obvious the difference between WFM

and WPM, however the Allan deviation makes this readily apparent. WFM averages ∝ τ−1/2,

whereas WPM averages faster as τ−1. Conversely, if the frequency is drifting, longer averaging

times will actually lead to larger uncertainties. At short times, drifting frequencies might appear

white, while longer times the ADEV grows. Flicker frequency modulation (FFM) noise, commonly

called 1/f noise, does not average with repeated measurements. Random walk frequency modulation

(RWFM) has uncertainty that grows with time ∝ τ1/2.

In timekeeping, many signals have a combination of different noise types, each having a

particular origin. In an atomic clock, quantum projection noise, usually WFM or in rare cases WPM,

may dominate at short timescales, while an uncontrolled systematic shift might lead to flicker at

longer time scales. Plotting the Allan deviation as a function of τ , these behaviors can be teased out
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Figure 1.1: Different noise types and their Allan deviations. On the left are five types of noise:
white phase modulation (WPM), white frequency modulation (WFM), flicker frequency modulation
(FFM), WFM plus a drifting center frequency, and random walk frequency modulation (RWFM).
The overlapping Allan Deviation (OADEV) of the five different shows how uncertainty varies as a
function of averaging time τ . Different noise sources can be characterized with an exponent. For
example, averaging of WPM scales ∝ τ−1.

of a time record of frequency. Similar statistical techniques have been developed to better target

specific noise characteristics. The modified Allan deviation, MDEV, allows distinction between white

phase and flicker phase noise. Hadamard deviation removes linear drift from frequency noise. In

sum, Allan deviations and related tools are powerful diagnostics for characterizing frequency noise.

In this thesis, we will primarily use OADEVs, and occasionally MDEVs, to characterize frequencies

as well as other repeated measurements, such as temperature.

While reporting a statistical uncertainty might be as simple as comparing against another clock

and taking an Allan deviation, systematic uncertainty is often trickier. In atomic clocks, an accuracy

budget is typically prepared to describe all sources of frequency shifts and their associated systematic

uncertainties under nominal conditions. This represents the best known sources of shifts at the

time of evaluation, but certain shifts can and have been overlooked [23, 47]. There are many ways

systematic shifts are measured, from directly modifying the systematic and measuring a frequency
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shift, to modeling the atomic response function and calculating the shift. Systematic shifts can also

be reported dynamically, varying over time as the shift changes. For example, the density shift in a

cesium clock will change as the atom number changes, so it may be corrected dynamically if the

density is not constant.

While stability and accuracy are not necessarily correlated, the most accurate clocks typically

need very low instability. Evaluating systematics accurately often relies on the measuring relative

shifts with excellent precision. The practical side of clock building also necessitates a linking of these

two performance metrics. If one needs a very accurate clock, the ability for that clock to quickly

average to the systematic uncertainty is key.

1.2 Optical Clocks

Much like how upgrading from a simple ruler to a pair of precision calipers immediately

improves length measurement, upgrading microwave to optical atomic clocks has revolutionized

time measurements. Consider the following scenario: we would like to measure a time interval of

roughly one minute with high accuracy. At our disposal are two clocks. One ticks once per second

or 1 Hz, and the other ticks 100 times per second, or 100 Hz. To measure the duration of a given

time interval, we need to count how many cycles pass in each clock. In one minute, the first clock

measures 60 ticks and the second measures 6000 ticks. If each clock has a systematic uncertainty of

0.1 Hz, the the first clock will measure the minute with an uncertainty of 6 s, while the second clock

has an uncertainty of only 0.06 s. Simply by increasing the ticking frequency of our clock we reduce

the uncertainty of our interval measurement.

Optical clocks exploit this exact trick, scaling up the frequency of microwave atomic clocks

from 1010 Hz to optical frequencies in the 1014 to 1015 Hz range. To create single frequency radiation

in the 100s of THz, we trade in crystal oscillators and masers for visible wavelength lasers. The most

stable lasers are currently diode lasers stabilized to optical cavities. The length of the optical cavity

sets the frequency of the laser, so a more stable cavity will lead to less frequency noise.

To reference such a high frequency, optical clocks use an electronic transition in atom that
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is excited with visible light. The best clock transitions are less sensitive to external perturbations

that shift the frequency. Choosing the appropriate transition requires care, as the electron orbit

can act as an antenna, converting external field fluctuations into deleterious frequency shifts. A

narrow linewidth clock transition gives better frequency resolution that reduces instability, so long

lived clock states are also necessary to build the best optical clocks. Our atom of choice, strontium

(Sr), contains perhaps the most convenient clock transition type: two long lived states with zero

total angular momentum realize a forbidden J = 0 → 0 transition. This type of transition was

proposed first as on optical reference in thallium ions (Tl+) ions by Hans Dehmelt [35], and has

since become widely used: both the aluminum ion (Al+) and ytterbium neutral (Yb) optical clocks

exploit a similar transition type to excellent effect. Synthetic J = 0 states can also be realized by

averaging over many different transitions [6, 135].

Converting an optical frequency to a human usable frequency is a rather tricky task, and was a

primary limitation of optical clocks before the advent of the frequency comb. The optical frequency

comb is a pulsed laser that contains optical frequency tones spaced a constant microwave frequency

apart. With proper stabilization, a frequency comb generates a microwave signal that inherits the

low instability of an optical frequency. By referencing a comb to an optical transition, we construct

an optically stabilized time scale that is still usable with microwave electronics [39].

Optical clocks have progressed rapidly since the advent of the frequency comb, with many

critical components now commercially available. However, the most accurate atomic standards are

still research projects. In Fig. 1.2, we plot clock accuracy over the past 25 years. Since overtaking

the best microwave atomic clocks in 2008, optical clocks have consistently improved and are now

over two orders of magnitude more accurate than microwave standards. The Ye lab in JILA has

been consistently improving strontium optical lattice clocks over this time period, and work within

this thesis has contributed to this march towards a more accurate optical standard.

Time ties together much of physics, so improving time measurement will have wide ranging

implications. In the coming years, the SI second will be redefined on an optical standard, simulta-

neously improving a number of different SI units [40]. Optical clocks can provide precision tests
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Figure 1.2: Fractional frequency accuracy (δν/ν) of atomic clocks over the past few decades.
Microwave standards, shown in teal, reach below 10−15 around 2000. Optical standards, shown in
orange, have since far surpassed the most accurate microwave standards. The most accurate clocks
are all located in Boulder, CO: the NIST Yb [98] and Al+ [26] clocks and our JILA Sr1 system [2].
This thesis will discuss our record accuracy, the red star.

of relativity [140], have placed bounds on dark matter [69, 148], and may be used for measuring

gravitational waves [75] or predicting volcanic eruptions [17]. Simply building better clocks can also

lead to fundamental atomic physics discoveries, from motivating better atomic structure calcula-

tions [122, 123, 154], to understanding optimal use of quantum resources [30, 42, 44, 171]. Especially

in the Ye lab, precise clocks have allowed exploration of many-body systems [1, 50, 95, 102]. Of

course, we may build better clocks simply because we are curious–what is the fundamental limit of

precision frequency measurement?

1.3 My Work

My time spent working on the strontium 1-dimensional (1D) optical lattice clock (Sr1) in the

Ye lab has primarily focused on achieving record accuracy and stability. I joined the experiment in
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the midst of the COVID-19 pandemic. The original strontium experiment had achieved the lowest

systematic uncertainty in a Sr OLC a year prior [21], and was being reconstructed to push the limits

even further. By August 2020, atoms were loaded in the lattice of this new system and the first

narrow clock spectroscopy was measured, but there remained significant work to reach our accuracy

and stability goals.

Much has been said about Sr OLCs. In this thesis, I hope to build upon this body of work

and present what we have done to make Sr1 the most accurate and stable clock. We begin by

discussing the experimental systems and general operation in Ch. 2. Broadly speaking, there are

two limitations to optical lattice clock accuracy, single particle and multi-particle. Single particle

shifts, such as the lattice light shift or the black body radiation shift, limit the achievable accuracy.

The density shift arises from multiple atoms colliding. The lowest instability is achieved with many

atoms, yet scaling up the atom number results in loss of atomic coherence and systematic shifts.

Precise control of the atoms and the surrounding environment is critical to reducing instability and

systematic uncertainty. In Ch. 3, we discuss how we understand and measure the motional states

of the atoms. The first work published with Sr1 uses the excellent synchronous stability and large

sample size to resolve the gravitational redshift [22]. This measurement removes the laser noise,

allowing measurement instability that is not limited by the oscillator but rather the atomic noise. A

key to this experiment was eliminating the density shift by operating at the “magic depth” [1]. The

control and measurement of the density shift is discussed in Ch. 4.

After demonstrating excellent synchronous stability as well as control over shift gradients, our

attention turned to reducing the absolute systematic uncertainty of the platform. Through careful

measurements, we reduced the lattice light shift uncertainty to 3× 10−19, work presented in Ch. 5.

This is an important systematic shift that has be a significant limitation in previous clocks [21, 109].

The largest systemic shift in room temperature Sr clocks is due to black body radiation (BBR).

In Ch. 6, we make strides in taming this by remeasuring the atomic response to BBR as well as

characterizing the radiation environment. Putting together all known systematic shifts, we find a

total uncertainty of 8.1× 10−19, with additional shifts and the full uncertainty budget presented in
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Ch. 7. As of writing, this is the most accurate clock ever constructed, as illustrated by the red star

in Fig. 1.2.

We dedicate the final chapter, Ch. 8 to discussing the frontiers and ongoing experiments using

Sr1. We investigate the clock stability limitations, including the atomic coherence time and laser

system, to see how far we can push Sr1. We discuss some shallow lattice physics, including directly

measuring local gravitational acceleration g. The three most accurate clocks, including the Yb OLC

and Al+ ion, are all located in Boulder, Colorado! With a fiber connection between these labs, we

hope to verify clock performance [23].



Chapter 2

The Strontium System

Strontium as an optical clock candidate has been covered extensively in many papers [66,

88, 138, 163] and theses [18, 24, 87, 110]. A narrow, environmentally insensitive clock transition,

advantageous laser cooling structure, and easily attainable wavelengths make it a key candidate for

the redefinition of the SI second. In this chapter, I will discuss our intent building a next-generation

optical lattice clock, how we utilize the strontium structure, and our how we operate to optimize

accuracy and stability.

2.1 The Strontium Atom

Located in the second column and fifth row of the periodic table, strontium is an alkaline-earth

metal with 38 protons. Isotopes naturally occur with atomic masses in the range of 84 to 90. We

choose the only abundant stable fermionic isotope, 87Sr.

As an alkaline-earth atom, strontium has two valence electrons, which form singlet and triplet

electronic states. The strontium level structure is plotted in Fig. 2.1. Electronic transitions between

singlet and triplet manifolds are strictly “forbidden” by LS coupling selection rules, yet can be driven

through higher order coupling. A set of narrow transitions between the two lowest energy levels, the

5s2 1S0 and the 5s5p 3PJ , are a quantum physicist’s playground. The 1S0 → 3P1 intercombination

transition is 7 kHz, allowing for low Doppler temperature cooling and easy ground motional state

preparation in a lattice [146]. The 3P2 state is exceedingly long-lived, with a 520+310
−140 s lifetime [161],

and has been considered for quantum physics applications [57, 73, 143]. The beating heart of our
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Figure 2.1: Strontium energy level structure. The two valence electrons create singlet and triplet
states. The blue transition is dipole allowed and forms the first MOT sequence. The narrow
1S0 → 3P1 intercombination transition allows Sr laser cooling down to < 1 µK. To bridge the
linewidth difference, we use a SWAP MOT on the intercombination transition, while some groups
form another MOT using the 496 nm transition from 3P2 [3]. The 1S0 → 3P0 transition at 429 THz
forms the basis of the optical clock.

strontium clock is the mHz 1S0 → 3P0 clock transition. In 87Sr, the nuclear spin mixes states, so

the clock transition is simply a strongly attenuated E1 transition [25]. With J = 0 for both states,

these states are magnetically insensitive, making for reliable spectroscopy. Interrogating this narrow
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transition in a dilute gas, we reference a laser frequency that forms the basis of the optical clock

system.

Strontium spectroscopy systematics can largely be grouped into single particle shifts and

multi-particle shifts. The new Sr1 system was constructed with both shift sources in mind. The

wavelength dependent polarizability of the two clock states presents a roadmap to understanding

some single particle shifts, shown in Fig. 2.2. By using Sr to create a clock, we necessarily perturb

the atom from its natural state. While less of an issue with the weak intensity laser drive we typically

use, the clock laser at 698 nm can nevertheless induce a small differential shift between the two

states. We use an optical lattice to support the atoms against gravity, perform Doppler cooling, and

recoil free spectroscopy. This is tuned to 813 nm, where the polarizability of the two clock states

crosses and the differential polarizability vanishes [139]. Nevertheless, this “magic wavelength” lattice

induces a small frequency shift that must be precisely characterized. The largest frequency shift

is due to the blackbody radiation spectrum from the ambient environment. At 22 ◦C, or 295 K,

this spectrum is centered at 10 µm, far away from any transition out of either clock states. To first

order, this spectrum shifts the clock transition due to the differential polarizability at DC, with

higher order shifts occurring due to other transitions. Similarly, residual static electric fields cause a

DC Stark transition shift. Plenty of other systematic shifts are not represented in Fig. 2.2, such as

magnetic field dependent shifts, collisional shifts, and many more.

2.2 Laser Cooling & Lattice Loading

At room temperature and pressure, strontium is a solid silver metal, not the dilute, cold gas

we need for laser spectroscopy. In a commercially available oven and Zeeman slower system from

AOSense, we heat a piece of strontium to a range of 370 to 500 ◦C. This creates a fast beam of

atomic strontium traveling ∼ 500 m/s. Inside the Zeeman slower, permanent magnets apply a

spatially varying magnetic field that modifies the energy of 1P1 state. We cycle photons on the

dipole allowed 1S0 → 1P1 transition, a blue color light at 461 nm, slowing and focusing it into our

primary experiment chamber. Two high current coils create a quadrupole field with zero field near
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Figure 2.2: Strontium polarizability and systematic shifts. The differential polarizability at DC
causes a DC Stark shift and is predominantly responsible for the shift due to the black body radiation
spectrum. The clock laser at 698 nm and the lattice laser at 813 nm also induce systematic shifts.

the center of our chamber. Again using the broad 1S0 → 1P1 transition, we collect the output of the

Zeeman slower with a magneto optical trap (MOT). Depending on the desired number of atoms, we

slow and trap for 0.02 to > 1 s, creating a sample of millions of atoms at mK temperatures. Our

“blue MOT” has two stages, with a higher field, high intensity stage succeeded by a lower intensity,

lower field stage for around 100 ms that allows us to better mode match with the subsequent cooling

step using a narrower transition. Leakage from this cooling transition through the 5s4d 1D2 state

populates the metastable 3P2 state, requiring repumping population through 5s6s 3S1. Two repump

lasers are modulated to address all hyperfine states along these transitions and prevent additional

population accumulating in 3P0.

Next, we make use of the 7 kHz 1S0 → 3P1 transition at 689 nm in a “red” MOT [66]. For

efficient laser cooling, we need to address the hyperfine structure of the 3P1 state by cycling photons

on both the F = 11/2 and the F = 9/2 states [159]. To capture a larger potion of the blue MOT,

we modulate the frequency of the red lasers to effectively broaden the cooling transition. Following

the work in the Thompson group, we implement a SWAP MOT [9, 113]. Modulating the lasers with
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a sawtooth wave frequency profile replaces spontaneous emission with stimulated emission, leading

to a colder, higher number sample. By switching to a single tone, we approach the recoil limit of the

red MOT, resulting in a ∼ 2 µK sample.

During all stages of cooling, the optical lattice remains at a peak depth of 300 lattice photon

recoil energies (Er). After the single frequency red MOT, most of the sample is cold enough to

remain trapped in a lattice of this depth. The transfer efficiency is likely dominated by the spatial

overlap between the MOT and lattice. In this conservative potential, we perform our final cooling

and state preparation. With a weak bias field ∼ 1 G, we Doppler cool along the MOT paths and

sideband cool along the lattice direction using the 3P1 F = 11/2 state. Polarizing in one of the

stretched mF = ±9/2 states occurs concurrently using a laser tuned to the 1S0 → 3P1 F = 9/2

transition. The final temperatures we reach are around 600 to 700 nK in a deep lattice. We typically

reduce the lattice depth to around 10 Er adiabatically, achieving samples at 100 nK. More details

about the exact motional state of the atoms are given in Ch. 3.

2.3 The System

A key enhancement of the Sr1 rebuild is an in-vacuum build-up cavity for the optical lattice,

highlighted in Fig. 2.3. Operating a lattice at the magic wavelength requires high intensity at

the rather inconvenient wavelength of 813 nm. Most Sr OLCs, including the previous generation

Sr1, use a titanium-sapphire laser, tightly focussed and retroreflected to create a standing wave.

Through a build up cavity with a finesse of 1020 ± 60, we create a large volume lattice with a

simple 800 mW diode laser.1 The cavity is formed by two 1 m radius of curvature mirrors mounted

16.9 cm apart in-vacuum with a resultant cavity waist of 260 µm [18]. The laser is locked to the

cavity via a standard Pound-Drever-Hall (PDH) locking technique. One mirror is mounted on a

piezo stack that allows us to stabilize the lattice wavelength to the frequency comb. Having a

stable lattice intensity is important for reliable atom conditions, so we monitor cavity transmission

1We use a Toptica-Eagleyard EYP-RWL-0808-00800-4000-BFW09-0000 800 mW diode injection locked with an
ECDL.
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intensity and actuate on the input intensity using a two stage intensity servo. A fast electro-optic

amplitude modulator stabilizes at high frequency, while a low frequency intensity lock actuates

on an acousto-optic modulator (AOM). To vary the lattice depth, we change the intensity servo

setpoint. To preserve the cavity lock stability, we separately intensity stabilize the light on the PDH

photodiode.

A partial reflector is mounted below the lower cavity mirror and acts as a phase reference

for our clock laser fiber noise cancellation. This reference plate is mounted outside of vacuum and

before any ND filters. Any reflection of the clock laser light by the top cavity mirror would create

a standing wave of clock light. The cavity mirrors are designed to be low reflectivity for 698 nm,

nevertheless a ∼ 1% reflection causes a small standing wave component, discussed in Ch. 3.7.

The first Sr OLC to use an in-vacuum lattice cavity was in the SYRTE group [82]. They

noticed a significant DC stark shift from large patch charges on their mirror surfaces. The new Sr1

design process considered this effect and approached it in two ways. Copper cups around the mirrors

are intended to reduce any stray field effects at the atoms. An in-vacuum quadrant electrode pair is

designed to apply sufficiently large electric fields to the atoms to measure and remove any DC stark

shift. These electrodes are illustrated as copper rings in Fig. 2.3.

The MOT coils are not directly mounted to the vacuum chamber, so switching them quickly

does not unlock the lattice. A set of compensation coils also mounted separately allow us to correct

for the earth’s magnetic field and apply a bias field for Doppler cooling and coherent spectroscopy.

2.3.1 Temperature Stabilization

Active temperature stabilization is an important aspect of the rebuilt Sr1 system, leading to

more reliable operation and more stable systematics. While the room temperature is stabilized to

around 2 ◦C, additional layers of control are necessary. The system is stabilized through a number

of different active loops, including the air circulating the system and liquid coolant pumped around

the vacuum chamber and through the MOT coils.
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Figure 2.3: A simplified schematic of the Sr1 system, highlighting some important aspects. Two
mirrors mounted in vacuum form a build up cavity for the lattice. This cavity is oriented along
gravity. Quadrant electrodes mounted in vacuum allow us to apply an electric field to measure and
correct for residual DC Stark shifts. We use imaging with a 6 µm resolution to read out the atomic
state. An image of lattice trapped atoms spanning over 1 mm is shown on the left. An in-vacuum
temperature probe measures the radiant temperature at the atom location.

Excluding supporting laser systems, the Sr1 clock occupies a single optics table surrounded

by a 80-20 structure resting on the ground. The table is enclosed with panels, leading to some

passive isolation from room temperature swings. Atop the enclosure, a HEPA filtered fan unit pulls

in air at a constant speed. A liquid to air heat exchanger sits above this to control the intake air

temperature. The temperature is stabilized by varying the flow of building process chilled water to

this heat exchanger and using a temperature sensor inside the enclosure for feedback. This approach

allows us to cool the table, and typically we stabilize 0 to 3 ◦C below the room temperature.

Unlike the NIST Yb clocks [11], we have no in vacuum radiation shields. Instead, the stainless

steel chamber itself acts as a uniform radiative environment. Reliably controlling its temperature

is paramount for creating a stable black body radiation environment. We circulate temperature

stabilized coolant through roughly a dozen separate liquid loops surrounding the vacuum chamber.

All windows that have direct line-of-sight to the atoms are surrounded by individual loops. Each
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loop has two temperature sensors, commercial negative temperature coefficient (NTC) 50k sensors

with a quoted uncertainty of 0.5 ◦C. The in-loop sensor feeds back to a control board to stabilize its

temperature loop and the out-of-loop sensor is logged. Liquid chillers afford additional temperature

control for the MOT coils as well as the camera, reducing inhomogeneity across the system. This

comprehensive approach leads to a more uniform, stable temperature environment. Seldom do we

need to adjust optics, and our in vacuum cavity has low drift despite using stainless steel as the spacer.

In-vacuum temperature measurements confirm that the radiative environment the atoms see is very

stable, generally changing < 5 mK over a day. Two thin-film platinum resistance thermometers are

mounted to an in-vacuum translation stage, as shown in Fig. 2.3. We insert the sensors to the center

of the vacuum chamber to measure the radiant environment at the atom location. In Ch. 6 we

discuss this temperature measurement process and how our temperature control effects the stability

of the black body radiation shift.

2.4 Clock Spectroscopy

Every atomic clock is simply a very careful spectroscopy experiment. The best atomic clock

relies on the best spectroscopy. Two methods of coherent spectroscopy have become indispensable

to the clock community, named after their creators Rabi and Ramsey. For most of this thesis, we

will deal exclusively with Rabi spectroscopy. For reasons that will become apparent throughout this

document, Rabi spectroscopy is superior technique in almost all cases.

Rabi spectroscopy involves coherently driving an two level transition between a ground state g

and excited state e with a fixed intensity pulse of electromagnetic radiation. The excitation fraction

ρee is a function of pulse time TRabi, detuning from resonance δ, and a Rabi frequency Ω0:

ρee(TRabi, δ) =
Ω2

0

Ω2
0 + δ2

sin2

(
TRabi

√
Ω2

0 + δ2

2

)
. (2.1)

With δ = 0, the excitation oscillates or “flops” between g and e with a frequency of Ω0. When

TRabi = π/Ω0, the π-pulse time, the population can be entirely moved from g to e. In this case, the
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lineshape as a function of detuning has one central peak with full width half maximum of 0.8/TRabi.

This lineshape is shown in Fig. 2.4 and Fig. 2.7.

Both the ground and excited clock states have F = 9/2 leading to 10 magnetic sublevels,

mF = −9/2, . . . ,+9/2. With a clock drive, we promote atoms from the ground state to the excited

state with ∆mF = ±1, 0 with σ± and π light polarization respectively. Using the magnetic sublevel

structure and different light polarizations, we can measure the magnetic field.

In a weak magnetic field B, the Zeeman interaction Hamiltonian HZ depends on the electron

spin Sz, orbital momentum Lz, and nuclear spin Iz:

HZ = (gsSz + glLz − gIIz)µ0B, (2.2)

where gs ≈ 2, gl = 1, and µ0 = µB/h with µB the Bohr magneton. The nuclear g factor gI = µI(1−σd)
µ0|I| ,

with µI = −1.088784(3)µN [115, 142], µN is the nuclear magneton, σd = 0.00345, and I is the

nuclear spin. As discussed, hyperfine interactions mix the state of 3P0 with 3P1, 1P1, and 3P2,

leading to a different gI for the excited clock state, geI = gI + δg. This effect introduces differential

magnetic field sensitivity that resolves magnetic sublevels under transitions between clock states.

Neglecting lattice light effects, the magnetic sublevel splitting ∆g(e) for the ground (excited) states

is thus,

∆g =mF gIµ0B,

∆e =mF (gI + δg)µ0B,

(2.3)

with δgµ0 = −108.4± 0.4 Hz/G [25]. When driving the clock transition between the same magnetic

sublevels, this magnetic sensitivity is due entirely to δg. The implication of this differential magnetic

sensitivity is the need to use a single magnetic sublevel for precise clock spectroscopy, as small field

fluctuations can lead to a broadened line. Instead, we apply a ∼ 0.5 G field to frequency resolve all

transitions, so the ultimate linewidth is due to magnetic field gradients, not the field magnitude.

Alternating between different sign mF , we reject the first order Zeeman shift by taking the frequency

average.
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Figure 2.4: Calculated spectrum for π (top) and σ± (bottom) clock transitions of a sample prepared
in g. The rabi frequency for each line is modified by the relevant Clebsch-Gordon coefficient. The
ground and excited mF levels are noted in the figure.

Fig. 2.4 shows the calculated Rabi spectrum for a uniform mF spin mixture with a bias

field, driving from the ground state to the excited state. The Rabi frequency is adjusted by the

Clebsch-Gordon coefficients between states governing the angular momentum coupling. The top plot

shows the spectrum under a π polarization drive, where the clock laser is polarized along the bias

field direction, and the bottom plot is with σ± polarization.

The experimentally measured spectrum is shown in Fig. 2.5. By setting the clock polarization

perpendicular to the bias field, we drive with both σ+ and σ− light. On the top, we plot the

spectrum of a spin mixture with a bias field of about 450 mG. The Clebsch-Gordon coefficients

create two “envelopes” of transitions, with the stretched states having the lowest Rabi frequency.

To operate in a controlled manner, we use the differential magnetic sensitivity to correct for

the background magnetic field. With a spin mixture in a very low magnetic field, we drive the clock

transition and measure the line broadening, adjusting the current in the bias coils to reduce the

linewidth and compensate for the background field. With care, we typically operate the gaussian

width of this spin mixture lineshape to be ∼ 1 Hz, corresponding to a residual magnetic field of
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Figure 2.5: Measured clock spectrum with an unpolarized sample (top) and with the sample
in our desired mF = ±5/2 states. The clock laser is linearly polarized perpendicular to the bias
magnetic field such that we can drive σ+ and σ− transitions with the same light. By using
|mF = ±5/2, 1S0〉 → |mF = ±3/2 3P0〉 transitions, magnetic field sensitivity is reduced by over 20
times compared with standard stretched state spectroscopy.

∼ 1 mG. By compensating for field drifts every day, we ensure that the applied bias field does not

rotate due to any other external field, a necessary step for controlling the tensor light shift.

To measure the true frequency of the strontium transition, we realize a synthetic mF = 0

transition by taking the average of two opposite sign magnetic sublevels with an applied bias field.

This generates a strong quantization axis for coherent Rabi spectroscopy on a single magnetic

sublevel. The standard approach for Sr OLCs is to use the stretched mF = ±9/2 states and drive

with π polarization. Spin polarizing in either of these states can be accomplished by driving the

1S0 → 3P1 F = 9/2 transition with either σ+ or σ− polarization oriented along a magnetic bias field.

The splitting between these states is about 1 Hz/mG. Since we observe ambient field fluctuations

around 0.1 mG with occasional 1 mG jumps, this field sensitivity would limit our spectroscopy time

to < 1 s.

To circumvent this, we choose to operate with the least magnetically sensitive magnetic sublevel

transition, |1S0, mF = ±5/2〉 → |3P0, mF = ±3/2〉. This reduces field sensitivity by roughly a factor
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of 22, removing field fluctuations as a limiting effect on spectroscopy. We use two fast clock pulses to

transfer the atoms from |mF = ±9/2, 1S0〉 to |mF = ±7/2, 3P0〉 first, and then |mF = ±7/2, 3P0〉

to |mF = ±5/2, 1S0〉. The bottom plot in Fig. 2.5 shows what this spectroscopy signal looks like in

our desired states, with the green spectrum prepared in |1S0, mF = ±5/2〉 and the brown spectrum

prepared in |1S0, mF = −5/2〉. From |mF = +5/2, 1S0〉 we also have access to the second most

magnetically sensitive magnetic sublevel transition to |mF = ±7/2, 3P0〉, which we make use of to

measure the effect of field fluctuations in Ch. 7.2.

2.5 The “Clock Lock”

We are lucky to have one of the best lasers in the world to perform clock spectroscopy [114].

The Si3 laser is based upon a 1.5 µm laser stabilized to single crystal silicon cavity [97]. Si3 stabilizes

a frequency comb, which transfers this IR stability at frequencies < 1 kHz to the 698 nm wavelength

laser that is locked to a 40 cm ULE cavity [96]. This system generates exceptionally low instability

< 5 × 10−17 from 1 to 1000 s, and drifts < 10 Hz/day. A long term frequency record is plotted

in Fig. 2.6, demonstrating < 10 kHz drift over 6 years of operation. While we do not have a

comprehensive understanding of drift in this system, we fit a phenomenological drift model for cavity

frequency at time t, νSi3(t) ∝ t× et/τSi3 . This appears to partially capture the drifting frequency,

although the structured residuals, plotted in the lower panel, suggest a more complicated process.

Nonetheless, our clock laser system has some fundamental limitations that prevent the silicon

cavity alone from operating as a reliable clock. Thermal flicker noise in the coatings limits the

stability to ∼ 4× 10−17 from roughly 1− 104 s. Flicker noise, random walk noise, and long term

nonlinear drift cause the silicon cavity to have worse performance than the best cesium disciplined

Masers over about 105 s [103]. By feeding back on the silicon light with an error signal derived from

the strontium atoms, we can generate a timing signal that inherits the stability of the strontium

system at long times. We call this feedback process a “clock lock”.

To generate an error signal for feedback, we probe the strontium clock transition twice, on

either side of a Rabi, half a linewidth detuned from the peak. The “left” and “right” lockpoints on
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Figure 2.6: Si3 long term frequency record measured against Sr atoms. We fit a phenomenological
drift model for cavity frequency as a function of time, shown as the black solid line. Fit residuals are
plotted in the lower panel.

the Rabi lineshape are illustrated in Fig. 2.7. The error signal is the difference in excitation fraction

between the left and right, as shown on the right of Fig. 2.7, with the servo feedback designed to

zero the error signal at the red circle. Rabi spectroscopy generates a robust error signal, where the

capture range is twice the linewidth of the spectroscopy line, shown as the blue region of the error

signal. In the limit of a Lorentzian lineshape, the error signal has an infinite capture range. Due

to multiple nearly identical fringes, Ramsey spectroscopy has about half the capture range of Rabi

spectroscopy.

Feedback is applied to a steering AOM using a digital servo. The servo has a proportional term

and two integrators, with servo parameters determined by the spectroscopy time. Rabi spectroscopy

is sensitive to the laser noise, with the sensitivity evolving during the Rabi drive. This sensitivity

function r(t) is shown on the left of Fig. 2.8. As the atomic state evolves from g to e under a
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constant intensity Rabi drive, the sensitivity to laser phase noise initially grows. Since the final

readout involves projecting the evolved state, the phase noise sensitivity goes to zero at the end of

the pulse as no evolution occurs. The final excitation fraction readout contains the integrated phase

noise of this sensitivity function, acting as a low pass filter on laser frequency noise [78]. Taking

the Fourier transform of r(t) yields R(f) which indicates the frequency sensitivity to laser noise,

as shown on the right of Fig. 2.8. A clock lock control signal is a direct measurement of the laser

noise convolved with the sensitivity function. Our typical Rabi frequencies are around 1 Hz, so our

primary laser noise sensitivity is at very low frequencies. Operating with different Rabi frequencies

and pulse sequences allows one to construct a laser noise model, as in Refs. [14, 160].

In Fig. 2.9, we plot a Si3 frequency record measured over an example clock lock. We use a

Trabi = 1.15 s, and each point is an average of four lock points measured over ∼ 10 s, so the resulting

frequency record rejects most frequency noise > 100 mHz. For all time scales plotted here, the

atomic frequency stability is superior to the laser, so this measurement represents a near perfect

frequency measurement of Si3. Over the course of a 5 hour clock lock, we observe laser drift of

about 0.7 Hz at 698 nm. On the right of Fig. 2.9 we plot a modified Allan deviation of the dedrifted

frequency record in red as well as the expected thermal noise floor of Si3 as a dashed black line. This

remarkable laser performance of ∼ 4× 10−17 is what allowed us to perform many of the experiments

described in this thesis.

When using this system as a clock, that is outputting a timing signal based upon an atom

steered laser, the total noise performance is a combination of laser noise, atomic noise, and atomic

servo response. We illustrated this process in Fig. 2.10. At times shorter than the first integrator,

laser noise is the dominant noise source. Because we periodically measure the laser frequency, we

inherit all the high frequency laser noise. The Dick effect, aliasing of laser noise from this approach,

contributes statistical uncertainty [38]. Using a model of the Si3 laser system developed by Eric

Oelker, we estimate this effect given different experimental parameters at 5× 10−17 1/
√
τ/s [114].

Once the atomic servo is engaged, the output frequency will average as 1/τ until reaching the Dick

effect limit, where it begins to average as white frequency noise.
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The statistical uncertainty of a non-entangled atomic frequency measurement is limited by

quantum projection noise (QPN). QPN arises since each frequency measurement involves projecting

the atomic population into either the ground or excited clock states, leading to binomial population

statistics. The variance σ2 of the measured excitation fraction can be written as a function of the

average excitation fraction ρ̄ee [62]:

σ2 = Nρ̄ee(1− ρ̄ee), (2.4)

where N is the atom number. QPN is maximize when ρ̄ee = 1/2 and minimized at ρ̄ee = 0, 1. When

applied to an atomic clock, excitation fraction noise is mapped onto frequency noise via the Rabi

lineshape. The resultant frequency noise for Rabi spectroscopy of pulse time TRabi is,

δQPN =
0.264

TRabi

√
TRabi + Tdead

N

1√
τ
, (2.5)

where Tdead is the dead time between spectroscopy times and τ is the averaging time. For a small

sample of 104 atoms, TRabi = 1 s, and Tdead = 1 s, the QPN limit is < 10−17/
√
τ/s, shown as the

dashed black line in Fig. 2.10. Although we can reduce QPN by an order of magnitude, there will be

no gains in noise performance as the output frequency will be Dick effect limited. After averaging

> 103 s, the final uncertainty limit of the clock signal will now be dominated by the systematic

uncertainty, 8× 10−19 [2], plotted as a green line. For timing signals, the clock systematic accuracy

is the ultimate frequency uncertainty limit.

2.6 Imaging Spectroscopy

Although standard practice in many cold atom experiments, imaging atomic samples is a

rarely used technique in optical lattice clocks. Yet imaging has been a critical tool in allowing us to

extend the performance of Sr1. We use a Andor EMCCD camera with an imaging objective that

gives us 6 µm resolution, limited by the pixel size of the sensor. For every shot of the experiment,
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Figure 2.8: Rabi spectroscopy sensitivity. Left: the sensitivity r(t) as a function of spectroscopy
time T/Ω, where Ω is the Rabi frequency. Right: normalized Fourier transform of the sensitivity
function, R(f). Rabi spectroscopy acts as a low pass filter, with attenuated sensitivity to laser noise
above the Rabi frequency.

we take a picture of the ground state atoms {g}, excited state atoms {e}, and a background image

{b}. Performing all these steps carefully is critical to reliable, accurate imaging.

We calibrate the pixel size using a standard time of flight technique. We prepare a red MOT,
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Figure 2.9: Even with no systematic corrections, the Sr atoms are typically a much better frequency
reference than the clock laser at all averaging times. Thus clock spectroscopy is really a measurement
of laser frequency stability. Left: the relative frequency of the silicon laser during a 5 hour clock
lock. Right: a modified Allan deviation (MDEV) of the dedrifted frequency record. The dashed
black line indicates the expected thermal noise floor of the Si3 laser [114].

release it into free fall, wait for some time, and then image on the 1P1 transition. At each free fall

time, we take an averaged picture over many shots and fit a gaussian along both dimensions. In a

UHV system with a non interacting cloud of atoms, this motion is effectively perfect free fall, and

allows us to precisely characterize a pixel size of 6 µm as well as any tilt of the imaging plane with

respect to gravity. Through the spread of the cloud over time we determine a red MOT temperature

of around 2 µK. We also see no correlations between neighboring pixels, meaning this size is the

true resolution of our complete imaging system [94].

In standard operation, atom imaging takes place in the lattice. We scatter blue photons on

the 1S0 → 1P1 transition using a “probe” beam along one axis of the MOT, perpendicular to the

imaging viewport. As more photons are scattered, the signal increases but spatial information is

lost as the atoms heat up and move. We find an optimal imaging time of 25 µs, scattering as many

photons as possible while preserving our resolution, and image in a 300 Er deep lattice to keep the

atoms confined as long as possible. We collect about 3 photons per atom. Since our sample is about
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Figure 2.10: Projected clock uncertainty as a function of averaging time. At short times, the clock
laser noise dominates, shown as the salmon colored line for the Si3 flicker noise floor. Once the “clock
lock” servo is engaged, the frequency output is stabilized to the atoms and averages with a Dick
effect noise limit determined by the operating parameters as 5× 10−17 1/

√
τ/s. Operating with just

104 atoms reduces quantum projection noise to < 10−17/
√
τ/s. At long times, the largest source of

uncertainty is due to the systematic accuracy of the clock, 8.1× 10−19 for the new Sr1 system.

2 mm in length and 100 µm in width, we need a probe beam that is large enough to uniformly

illuminate the atoms. A cylindrical lens pair adjusts the beam aspect ratio to increase the power

along our atom axis. To measure the intensity of probe light, we observe how the counts vary as we

attenuate the probe and fit a saturation intensity Isat. Typically, the probe intensity is 20− 30 Isat,

so intensity fluctuations across the sample lead to only small effects in the total number of collected

photons. To calibrate the atom number, we measure the QPN noise as a function of ρ̄ee [94]. Using

Eq. 2.4, we determine an atom number per camera count over a range of different camera settings.

We have observed that for our short imaging probe time, about 0.1% of the imaged atoms are

not heated out of the lattice. Without removing this population, it will skew the excitation fraction

measurements. The imaging sequence begins by ramping the trap depth from the spectroscopy depth

to ∼ 300 Er. We first image the ground state {g} and then turn on the probe for 10 ms to remove

all atoms that were not heated out of the trap. Then we apply the repump lasers to shuffle atoms
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out of 3P0 to 1S0, scattering a few photons per atom in the process. Imaging of {e} occurs in much

the same way, with the short imaging pulse and then a longer pulse to remove all the atoms. Lastly,

the {b} image is taken with the probe light on for the same duration. We use {b} to subtract out any

effects that are common to the ground and excited state images, including hot pixels on the camera,

dark counts, ambient light, and reflected light from the imaging probe. We typically sum all counts

along the radial direction, preserving only the axial information along the lattice direction. This is

done on camera, reducing the total data we store and increasing the read speed of this older model.

For clock lock feedback, we use the average excitation fraction of the whole sample, effectively

treating the camera like a single pixel. This keeps the feedback processing simple and efficient,

however realtime spatial processing may be included for removing systematic shifts from an output

frequency. In post processing, we use all the spatial information we collect along the axial direction to

correct for systematic shifts and understand our system. There are two composite images we use, the

total atom number, {n} = {g}+ {e}− 2{b}, and the excited state fraction, {ρee} = ({e}− {b})/{n}.

To illustrate our processing approach, we present a characteristic clock lock measured December

16, 2024. This is the same lock as the Si3 frequency record shown in Fig. 2.9. This lock uses about

5× 104 total atoms, a 1.15 s spectroscopy time, and a total duration of 5 hours. We begin processing

by applying data cuts to remove bad points, as shown in Fig. 2.11 for a characteristic lock run. We

typically remove the first 10 to 20 cycles of the clock lock so that any transients from engaging the

clock servo have settled. We then remove all cycles where one of the lock points had fewer atoms

than a certain threshold, shown on the top plot of Fig. 2.11. We occasionally lose atoms due to

unlocked lasers or system control issues. By setting this threshold to 103 − 104 atoms, we remove

cycles where we are actively locking lasers during the sequence leading to a reduced signal. Next,

we remove cycles where the excitation fraction has large excursion, as shown on the bottom plot of

Fig. 2.11. With a proper lock, the excitation fraction is centered around 0.5 with excursions due to

magnetic field and laser noise. We want to exclude any times where the clock laser becomes unlocked

and the excitation fraction goes to 0. Additionally, there is frequency ambiguity at the extremes of

the lineshape, shown in the error signal plotted in Fig. 2.7, and applying cuts can reduce this effect.
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Figure 2.11: The measured atom number (top) and excitation fraction (bottom) for a representative
clock lock where we track the clock laser. The red regions show the data points that we exclude,
where the atom number is too low or the excitation fraction exceeds reasonable bounds.

For spatial analysis, we select only the central region of the sample and remove the low atom

wings. Fig. 2.12 illustrates this process. We fit a gaussian to the averaged total atom number ¯{n},

and exclude pixels that are beyond some multiple of the gaussian width σ. Typically this multiple is

1.5 to 2.5, and is chosen to maximize the total number of usable pixels without having the camera

read noise rise above the quantum projection noise.

In Fig. 2.13, we demonstrate how we use this filtered data to construct in-situ frequency maps

of the sample. Each lock contains four lock points, σ± R and σ± L. These refer to the magnetic

sublevel transition mg
F = ∓5/2 → me

F ∓ 3/2 and right (positively detuned) and left (negatively

detuned) lock point dithers. The average excitation of these four points is plotted on the left of

Fig. 2.13. The average excitation fraction is near 0.5, and it is immediately obvious that excitation

is correlated across the sample.

Before each lock, we scan out and fit a Rabi lineshape for each transition. We use the fitted
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Figure 2.12: At the edges of our sample, noise can cause erroneous measurements. To reduce
this effect we fit a Gaussian (rust colored line) to the cloud (teal points), plotted as on-site density
Nloc. We exclude points which fall outside of 1.5 to 2.5 times the gaussian width σ, depending on
operation conditions. Here, we use pixels within 1.75 σ.

parameters to construct an error signal that takes into account the line contrast, Rabi frequency,

and spectroscopy time. Using a carefully measured and fit Rabi line is critical for proper conversion

to frequency, and errors here become errors in all in-situ corrections, such as the density shift or

second order Zeeman shift. In typical locks, the error signal is calculated for the laser, generating

a frequency correction. Since the goal is to understand shifts within the sample, our error signal

has the opposite sign. Through this error signal, we take the R and L excitation points and convert

them to frequency at each pixel for each transition, shown in the center of Fig. 2.13. The largest

gradient in our system is typically the magnetic field, so as expected the frequency of σ± transitions

are anticorrelated.

From these frequency maps for each transition, we take the average and difference frequency,

as shown on the right of Fig. 2.13. The average frequency νcenter = (νσ− + νσ+)/2 shown in blue

rejects first order Zeeman shifts, allowing us to study shifts independent of mF sensitivity. The

difference frequency ν∆ = (νσ+ − νσ−)/2 contains information about the magnetic field and rejects

common shifts such as the density shift.
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Figure 2.13: We begin processing a clock lock by constructing average maps of the sample. Left:
the average excitation fraction for both spin state transitions and both sides of the line. From this
map and the Rabi lineshape, we can extract the frequencies of the two transitions across the sample,
νσ±, shown in the center. Right: The transition average frequency, νcenter = 1

2 (νσ+ + νσ−) and
difference frequency ν∆ = 1

2 (νσ+ − νσ−).

With νcenter and ν∆ in hand, we now study systematic shifts throughout the sample. The

density shift is proportional to the atom number. We fit a line to νcenter(n), and use this slope and

the density information to calculate the shift at each pixel, shown in Fig. 2.14, with more details

presented in Ch. 4. We correct for the second order Zeeman effect using the field gradient information

from ν∆. Further details about the second order Zeeman effect are in Ch. 7.3. Corrected frequencies

for each pixel are shown in blue on the right of Fig. 2.14. The error bars contain the standard error

for each frequency combined with the uncertainty associated with each correction. The red line is a

linear fit to the data, with a fitted fractional frequency slope of −(1.31± 2.0)× 10−19 (mm)−1.

After properly applying frequency corrections to each pixel, the resultant gradient across the

sample is due to the gravitational redshift. The gravitational redshift creates a frequency difference

δν between two clocks:
δν

ν
=
gh

c2
, (2.6)

where g is the local gravitational acceleration, h is the height difference between clocks, and c is the

speed of light. In our lab where g = −9.796 m/s2 [152], δν/ν − 1.09× 10−19 mm−1, so this example

lock is has a gradient consistent with the gravitational redshift across the sample. I will not discuss
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Figure 2.14: Using in-situ frequency imaging, we correct for spatial gradients throughout the sample.
Left: we fit a linear slope to νcenter as a function of atom number and remove this effect at each
pixel, shown in purple with the highlighted area showing the uncertainty. The second order Zeeman
gradient is calculated using ν∆ and plotted in gold. Right: after correcting the density shift and
second order Zeeman effect, the corrected frequencies are shown in blue with error bars indicating
the standard error plus correction error. To this, we fit a linear slope of −(1.3±2.0)×10−19 (mm)−1,
shown in red, which contains the gravitational redshift.

in-situ measurement of the gravitational redshift further, as the data processing described here is

the same technique we used to measure the gravitational redshift reported in Ref. [22].

Other shifts can appear in this corrected signal, so care must be taken. For example, if the

spin states have different atom number or different temperature, the density shifts differ. Thus the

ν∆ signal will be polluted by the density shift, and νcenter will contain magnetic field information,

leading to improper gradient corrections. Additionally, thermal gradients throughout the chamber,

lattice light shift gradients from radial temperature variation, and DC stark shift gradients can all

cause redshift measurement errors. These error sources and more are discussed in the supplement of

Ref. [22].

The self-synchronous stability between two regions of the sample removes common laser noise,

so the fundamental noise source should be due to the atomic signal, ideally QPN. Fig. 2.15 illustrates
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Figure 2.15: Self-synchronous stability for a clock lock. Left: we divide the sample into two
equal size and atom number regions, 1 and 2 highlighted in red and blue. Center: the frequency
difference between the two regions, ν1 − ν2. Right: an overlapping Allan deviation of the frequency
difference, indicating no flicker and averaging below 10−19 for this lock. The black dashed line is the
expected quantum projection noise, 8.1 × 10−18/

√
τ/s, and the gold line is a fit to the OADEV,

8.2± 0.1× 10−18/
√
τ/s. In this lock, our frequency instability is consistent with a QPN limit, with

the total instability < 7× 10−20 at full averaging time.

how we study synchronous stability within the system. We split the sample into two equal size and

atom number regions, labeled 1 and 2 on the left plot of Fig. 2.15. For each region, we calculate the

frequency ν1,2 and then take the difference, shown in the center. Since the laser noise is common

between the two regions, ν1 − ν2 contains only atomic noise. On the right of Fig. 2.15 we take an

overlapping Allan deviation (OADEV) of the frequency difference. The dashed black line is the

expected quantum projection noise, 8.1× 10−18/
√
τ/s, and the gold line is a white frequency noise

fit, 8.2± 0.1× 10−18/
√
τ/s. This result indicates that for this lock, synchronous measurements are

quantum projection noise limited.

Under certain conditions, the synchronous stability does not match the QPN expectation. For

example, in our redshift measurement work, Ref. [22], the measured instability was over a factor

of 2 larger than the calculated QPN limit. We theorized that readout noise could contribute to

higher than expected instability. While this is certainly possible, we now understand this excess

instability as stemming from frequency excursions into the ambiguous region of the Rabi lineshape

error signal, leading to poor frequency reconstruction. Increase the spectroscopy time reduces the
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capture range of the lock as well as increasing the total phase excursion of Si3. In Ref. [22], we used

a 3 s spectroscopy time. Since Rabi spectroscopy generates a robust locking signal, the clock lock

still tracks the laser drift, but spectroscopy points occasionally occur beyond the intended side of

the line. Reconstructing the frequency using the error signal, these points add noise to the frequency

record as they flip the sign of the gradient. This can greatly increase the measured instability. With

more aggressive excitation fraction cuts removing these points, we can often recover the expected

QPN performance. By reducing the spectroscopy time to < 2.5 s, we generally observe instabilities

consistent with QPN. The lowest instabilities with Rabi spectroscopy we have observed between two

regions are < 4× 10−18/
√
τ/s.



Chapter 3

Atoms In A Lattice

Where are my atoms? And what are they doing? Understanding the motional state of atoms

is critical for precise spectroscopy. Key to our system is the use of a shallow, 1D optical lattice

oriented vertically. Atoms are supported against gravity, allowing us to probe the clock transition

for prolonged periods of time to reduce QPN. By tightly confining the atoms, we are able to drive

the optical clock transition with no photon recoil or thermal Doppler broadening, but this modifies

atom-atom interactions and introduces a lattice light shift. Characterizing these shifts requires

knowledge of the external atomic state. We use the clock transition to probe these energy scales far

below the recoil or Doppler broadening limit.

The motion of particles in a lattice has been extensively researched throughout condensed

matter physics [16]. As cold atom tools were refined in the 1990s, physicists could directly study the

dynamics of atoms in lattices [63, 90, 150]. Certain considerations arise when applying this physics

to understand optical lattice clocks, as more recent work has shown [27, 74, 165].

A simple 1D lattice system realizes Bloch bands. By lifting the energy degeneracy between

lattice sites, atoms are localized in Wannier-Stark eigenstates. The advantageous nature of a

Wannier-Stark optical lattice clock was first discussed theoretically by Pierre Lemonde and Peter

Wolf in 2005 [79]. This work has served as a guiding text for much of our understanding of the

Sr1 system. While a 1D approximation is generally appropriate for the majority of our studies,

occasionally it becomes necessary to consider the radial degree of freedom. Atoms are confined

via a standing wave Gaussian beam with the wave vector ~k oriented along gravity. Expressed in
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cylindrical coordinates, (Z, r), the potential U is:

U(Z, r) = −U0 cos2(kZ)e−2r2/w2
0 +MgZ. (3.1)

U0 is the peak lattice depth, ω0 is the lattice waist, 260 µm in our system,M is the mass of strontium,

and g is the local gravitational acceleration. We will denote motional states in this potential with

the quantum number nX,Y for the radial direction and nZ along Ẑ. The index n identifies the lattice

site where the particle is localized.

3.1 Bloch Bands

A well studied problem in condensed matter physics, the free electron model of metals is a

good place to start in understanding our system. In this model, electrons in a metal are assumed to

be free particles, having a quadratic relationship between energy and momentum k and energy E

that can take any real value. In 3-dimensions, the energy E is

E~k =
~2

2M

(
k2
X + k2

Y + k2
Z

)
. (3.2)

The solutions to this model are running waves:

ψk(~r) = exp(i~k · ~r), (3.3)

where ~r is the position and the momentum of the wave ~p = ~~k.

As confinement is added, such as a positively charged lattice with an electron gas or an optical

lattice filled with neutral strontium, the dispersion relationship is modified. Consider a particle

trapped in a 1-dimensional potential along the Z axis. The Hamiltonian H describing this system is

H =
p2

2M
+ V (Z), (3.4)
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where p is the momentum operator, M is the mass of the particle, and V (Z) is the potential at

position Z. A periodic potential, like optical lattice, has translational symmetry such that

V (~r) = V (~r + ~a), (3.5)

where ~a is the lattice vector. Felix Bloch proved the solution to such a periodic potential can be

written as a plane wave incorporating this translation symmetry momentum [16]:

ψ~q (~r) = ei~q·~r/~u~q (~r) , (3.6)

where ~q = ~~k is the crystal momentum. To respect the translational symmetry, u~q (~r) = u~q (~r + ~a).

Applying the momentum operator ~p we find:

~pψ~q (~r) = ei~q·~r/~ (~q + ~p)u~q (~r) , (3.7)

allowing us to write the Schrödinger equation as:

H~qun~q =

(
1

2M
(~p+ ~q)2 + V (~r)

)
un~q = En~qun,~q. (3.8)

Here, we restricted the solutions to the first Brillouin zone, indexing this with integer n. En,~q is

the eigenenergy of band n at quasimomentum ~q. This periodic potential generates allowable energy

bands, with forbidden energy bands between. In our 1D lattice system, we will index the bands with

integer nZ and consider the quasimomentum q along only Z.

To solve Eq. 3.8, we begin by writing the Bloch wavefunctions u(nZ)
q (Z), in a Fourier expansion

with coefficients c(nZ ,q)
l as:

u(nZ)
q (Z) =

∑
l

c
(nZ ,q)
l eiqZ/~. (3.9)
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First, we expand the kinetic energy term:

1

2M
(p+ q)2unZ~q =

1

2M

∑
l

(p+ q)2e2ilkZc
(nZ ,q)
l =

1

2M

∑
l

(2~kl + q)2e2ilkZc
(nZ ,q)
l . (3.10)

Next, we will consider our potential in the lab which we expand, V (Z) = −Uo cos (kZ)2 =

−U0
4

(
e2ikZ + e−2ikZ + 2

)
, where here k is the wavenumber of the lattice. We expand the potential

energy term, product of the potential and u(nZ)
q (Z):

V (Z)unZ~q = −U0

4

∑
l

c
(nZ ,q)
l

(
ei2(l+1)kZ + ei2(lk1)kZ

)
. (3.11)

Combining both terms, we can rewrite Eq. 3.8 as an infinite l × l matrix:

∑
l′

Hl,l′c
(nZ ,q)
l = EnZ

q c
(nZ ,q)
l , (3.12)

with Hl,l′ matrix elements as,

Hl,l = (2l + q/~k)Er,

Hl,l±1 = −1/4U0,

(3.13)

and all other elements Hl,m = 0. Er is the lattice photon recoil energy, and U0 is the lattice depth.

This governing equation is known as the “central equation” [72]. We can solve for c(nZ ,q)
l numerically

by simply restricting the number of lattice sites, as is the case below.

With no confinement U0 = 0, so Hl,l±1 = 0 and H becomes diagonal, thus recovering the

free particle case. With a small perturbing U0, band gaps begin to appear at the Brillouin zones,

modifying the free particle dispersion curve. With large U0, particles become confined to specific

energy levels known as Bloch bands. The resultant Bloch band energies at three different lattice

depths are plotted in Fig. 3.1. Each band is plotted in a different color and U0 is plotted as a dashed

black line. With a shallow lattice depth, the free particle dispersion relationship is only slightly
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Figure 3.1: Bloch bands at three different lattice depths given in units of lattice photon recoil
energies (Er). At 1 Er, the lattice perturbs the ground band, with higher energy bands essentially
describing free particles. As confinement increases, bands become flatter and the gap between bands
grows. The dashed black line indicates the lattice depth in each case.

modified, with the ground band and first excited band gap opening slightly. Where the particle

energy is greater than U0, the particle is unconfined by the potential and experiences only a slight

modification of its dispersion. At very deep lattice depths, the bands are flatter and the band spacing

is much larger. The tunneling energy, J0, describes the tunneling coupling between neighboring

lattice sites. It is related to the energy width of the ground band, J0 = (max(E0
q ) −min(E0

q ))/4,

and grows with shallower lattice depth.

3.1.1 Clock Spectroscopy

Using a degenerate lattice (where each lattice site has the same minimum energy) immediately

leads to linewidth broadening. The clock photon carries momentum kc along the lattice direction.

Driving from the ground |g〉 to the excited state |e〉 necessitates the excited state carry this kc

momentum kick. In free space, this is apparent as the recoil shift. Because a lattice is periodic in q,

this is simply a momentum translation of the |e〉 band with respect to the |g〉 band. In our system,
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kc/kl ≈ 7/6, generating “spin orbing coupling” (SOC) where |e〉 is offset from |g〉 in quasimomentum

space. In order to drive from |g〉 to |e〉, the photon energy must span this difference. Fig. 3.2

illustrates this effect for three different lattice depths. At very shallow depths, the band widths are

large, so |e〉 − |g〉 becomes large.

SOC creates line broadening, first measured experimentally in a strontium clock in Ref. [74].

We illustrate the origin of this effect in Fig. 3.3. The top set of plots indicate the energy broadening

due to spin orbit coupling for three lattice depths, with a calculated line shape plotted in the bottom

panels. At very shallow lattice depths, the density of states (DOS) is spread out over ∼ 1 Er,

which means that the clock transition frequency becomes split over a similar scale and the resultant

linewidth is many kHz broader than the fourier limit. The DOS peak near the edges of the band,

leading to the characteristic winged lineshape. To reduce the linewidth due to this effect, operating

at a deep lattice is imperative. In Fig. 3.4, we plot the linewidth broadening due to SOC as a

function of lattice depth. With a depth below about 100 Er, SOC broadening exceeds the natural

linewidth of Sr, indicated by the dashed line.

Since higher bands have larger bandwidths, even at deep lattice depths, SOC can induce line

broadening. With no cooling along the lattice direction, the sample with thermally populate nZ

modes, so the resultant line shape will be an average of these bandwidths. In Fig. 3.5, we plot the

line shape of a 2 µK sample at 60 Er, the typical temperature one might expect out of a red MOT.

While most of the sample is in nZ < 3, additional structure emerges at the base of the Rabi line due

to higher band SOC, and the line becomes broad.

3.1.2 Wannier States

Wannier functions are eigenstates of Eq. 3.12, typically maximally localized to a single lattice

site in contrast to Bloch states. For a lattice site i and band nZ , the Wannier function is given by

wnZ (x− xi) = N−1/2
∑
q

e−iqxi/~φ(nZ)
q (x), (3.14)
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Figure 3.2: Driving clock transition in a degenerate lattice trapped strontium system translates
the excited clock state |e〉 band with respect to the ground clock state |g〉 band in quasimomentum
space q. The clock photon must provide the energy difference between these two bands, |e〉 − |g〉.
This is plotted for three different lattice depths, with the 100 Er case showing over 106 reduction in
broadening with respect to the 1 Er depth.

where N is a normalization constant. In Fig. 3.6, we plot the ground band Wannier function w0
0(Z)

of three different lattice depths. As expected, at higher lattice depths, the states become tightly

confined to a single lattice depth.

3.2 Wannier-Stark Lattice

So far, we have highlighted the line broadening issues that might plague an optical lattice

clock. Fortunately, the solution is rather simple: remove the energy degeneracy between lattice sites.

By orienting the lattice against gravity, there now is a potential energy difference between lattice

sites, MgaL, where M is the mass of the particle, g is the gravitational acceleration, and the lattice

spacing aL = λL/2. This action localizes particles to specific sites unless there is sufficient energy to

overcome this potential barrier. Now, the eigenstates of this system are described by Wannier-Stark

states. Wannier-Stark eigenstates Wn(Z) are given as a sum of Wannier states weighted by the ratio
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Figure 3.3: Due to the band curvature and coupling under a clock drive, the line shape is broadened.
Top: the density of states (DOS) under a clock drive for three different lattice depths. Bottom: the
resultant line shape with SOC broadening.

of the tunneling energy to the energy offset between neighboring lattice sites [49]:

Wn(Z) =
∑
m

Jm−n
(

2J0

MgaL

)
wnZ (Z −maL), (3.15)

where n is the site index, J is a Bessel function, and J0 is the ground band nearest-neighbor

tunneling energy:

J0 ≈ (4/
√
π)E1/4

rec V
3/4

0 exp[−2
√
V0/Erec]. (3.16)

In Fig. 3.7, we plot the ground band Wannier-Stark states for three different lattice depths. At deep

depths, the wavefunction is strongly localized to a single lattice site and closely resembles a Wannier

state. At very shallow depths, the wavefunction extends over a number of neighboring lattice sites.
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Figure 3.5: Broadening due to higher band population. With a thermal distribution of nZ states at
2 µK and 60 Er, higher band populations broaden the resultant line shape, apparent as an excitation
pedestal around the line shape base.

Nevertheless, particles remain pinned to a single lattice site. Wannier-Stark wavefunctions are

metastable; the particle will eventually tunnel to the continuum [90, 112]. However this timescale for
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Figure 3.6: The localized states of a degenerate 1D optical lattice are described by Wannier
functions, Eq. 3.14, plotted here for three different lattice depths.

our system is generally very long, and for all practical purpose we can treat the atoms as occupying

static eigenstates. There are a number of other approaches for calculating Wannier-Stark states,

including numerically solving for eigenstates of a finite lattice potential as we did in Ref. [70], treating

the problem with scattering formulism as in Ref. [48], or solving a modified differential equation as

in Ref. [79].

Like in the degenerate case, there are higher bands denoted by nZ localized to each lattice

site. At higher energies, the bands are more delocalized than the ground band. In a deep lattice,

W (Z) approaches a single site wnZ function, so band spacing is the same as in a degenerate lattice.

The spectroscopic signal of shallow lattice excited bands is shown in subsequent sections.

In a clock system, we drive |g〉 → |e〉, so the resultant Rabi frequency is an integral over these

states linked with a clock photon. Since the available energies are discrete values and not broad

bands, there is no lineshape broadening except where the energy scales are not resolvable, when

Ω0 > MgaL/h. To good approximation, the clock laser is a plane wave, so the Rabi frequency Ωi
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tion resembles Wannier states, see Fig. 3.6. At shallow depths the particle is still confined to a single
lattice site but has wavefunction extent over neighboring sites.

between Wannier-Stark states Wn and Wn+i becomes,

Ωi = Ω0〈Wn+i|eikcZ |Wn〉, (3.17)

where Ω0 is the peak Rabi frequency and kc is the clock laser wave number. We label these

transitions “WS+i.” The relative Rabi frequencies between these different transitions over a range

of experimentally achievable depths U is plotted in Fig. 3.8. At deep lattice depths where the

wavefunction is strongly confined to a lattice site, only the i = 0 carrier transition can be feasibly

driven. At lower lattice depths, offsite |i| > 0 transitions have much stronger Rabi frequencies, even

surpassing the carrier transition U < 5 Er. Since higher bands are more delocalized, the off-site

Rabi frequencies increase as nZ increases.

3.3 Radial Motion

Until now, we have only considered a 1D system, yet reality is a bit messier, and we must

discuss the radial axis. We begin by treating the radial and axial degrees of of freedom as separate.
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With a cold atomic sample, to good approximation we can treat the Gaussian trapping potential in

Eq. 3.1 to first order in r:

U(r) = U0e
−2r2/w2

0 ≈ U0

(
1− 2r2

w2
0

)
. (3.18)

This gives us a quadratic potential in the radial direction with trapping frequency νr =
√
U0/Mπ2w2

0.

While this simplification is often adequate, higher order corrections are necessary for precision

measurements of the lattice trapped sample. Following the approach in Ref. [15], we write the

confining potential to quartic order incorporating axial and radial coupling as:

U(Z, r) ≈ U0(−1 + k2z2 +
2

w2
0

r2 − k4

3
z4 − 2k2

w2
0

z2r2). (3.19)

The eigenenergies of this system are,

En/h ≈ νz
(
nz +

1

2

)
+νr(nx+ny+1)−νrec

2

(
n2
z + nz +

1

2

)
−νrec

νr
νz

(nx+ny+1)

(
nz +

1

2

)
, (3.20)
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where νZ = 2νrec
√
U0/Er is the axial trapping frequency. With this energy spectra, we write an

effective radial trapping frequency that depends on both the radial state nr and the axial state nZ :

ν̄nZ
r (nX+nY ) =

(
νr − νrec

νr
νZ

(
nZ +

1

2

))
(nX+nY ) = 2.44Hz

(
2

√
U0

Er
−
(
nZ +

1

2

))
(nX+nY ).

(3.21)

The 2.44Hz prefactor is the specific energy scale for the Sr1 system.

The radial degree of freedom also modifies the axial state. Since the radial modes are thermally

populated, this gives rise to an effective lattice depth that is shallower than the peak lattice depth

and depends on the temperature of the sample. Expanding the trapping potential to second order of

r, we have

U(r, Z) ≈
[
V0 −

1

2
Mω2

r (r
2)

]
sin2(kLZ) +

1

2
Mω2

r (r
2), (3.22)

An atomic gas with radial temperature Tr feels an effective lattice depth given by V0−kBTr. Although

kBTr � V0, it may still lead to non-negligible corrections to the nearest-neighbor tunneling rate,

which shows exponential dependence on lattice depth. To take into account the leading order effects

of the thermal distribution, we modify the ground band tunnel coupling by

J0(Tr) ≈
4√
π
E1/4
rec (U0 − kBTr)3/4 exp

(
−2

√
U0 − kBTr

Erec

)
. (3.23)

Using the radial temperature scaling we have measured on the system, we plot this change in ground

band tunneling energy as a function of lattice depth in Fig. 3.9. This change increases the tunneling

energy across all lattice depths, and modifies the resultant Wannier-Stark wavefunctions, as shown

for 5 Er on the right of Fig. 3.9. The dashed black lines are calculated with Tr = 0, and the solid

green lines are calculated using the experimentally measured Tr as a function of U in a Doppler

cooled sample. While this appears to be a small effect, the radial temperature must nevertheless be

considered in evaluating the lattice light and density shifts.
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increases, plotted on the right for a lattice depth of 5 Er.

3.4 Energy Scales

Before we delve into the spectroscopic signals of these motional states, it may be helpful to

summarize all the energy scales in context. In Tab. 3.4, we list in descending order the energy scales

of our 1D lattice system. The motional energy scales contribute to a broad range of frequencies

from 5 Hz to ∼ 125 kHz. The axial trapping frequency is typically the largest of these energy scales.

The Doppler broadening and recoil shift are the next largest energy scales, highlight the need for

a lattice to probe energy scales below this level. Wannier-Stark transitions are in the kHz range,

depending on the number i of lattice sites driven. As discussed in Ch. 2, we typically drive the

|1S0, mF = ±5/2〉 → |3P0, mF = ±3/2〉 transition. The |1S0, mF = ±5/2〉 → |3P0, mF = ±7/2〉

transition has a similar Rabi frequency and is typically ∼ 200 Hz away, under our standard applied

bias field. The radial trapping frequency is the lowest motional energy scale. Interactions are

typically < 1 Hz, as will be discussed in Ch. 4.
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Table 3.1: Sr1 Energy Scales. The axial trapping frequency, radial trapping frequency, and Doppler
broadening due to the radial temperature, and interactions depend on the lattice depth. The
|1S0, mF = ±5/2〉 → |3P0, mF = ±7/2〉 frequency is the splitting with respect to our operational
|1S0, mF = ±5/2〉 → |3P0, mF = ±3/2〉 transition.

Mechanism Energy Scale Formula

1S0 →3 P0, νSr 429,228,004,229,872.99 Hz CIPM, Ref. [92]

Axial Trapping Frequency, νz 5 kHz - 125 kHz Eq. 3.20

Doppler Broadening, σDoppler 10 kHz - 100 kHz Eq. 3.27

Clock recoil, νrecoil 4.701 kHz h/(2Mλ2
C)

Lattice recoil, Erec/h 3.465 kHz h/(2Mλ2
L)

Wannier-Stark Site Changing Transition, WS+i 868× i Hz MgλLi/(2h)

|1S0, mF = ±5/2〉 → |3P0, mF = ±7/2〉 0.1 - 2 kHz Eq. 2.3

Radial Trapping Frequency, νr 5 - 100 Hz Eq. 3.21

Rabi Frequency, Ω 0.2 - 100 Hz

Interactions, Uαβ Vαβ < 1 Hz Eqs. 4.5,4.6

Strontium natural linewidth, 1/(2πτSr) ∼ 1 mHz Ref. [85, 105]

In Fig. 3.10, we plot many of these energies as a function of lattice depth. The axial and radial

energy scales increase with lattice depth. In the case of the Doppler FWHM, this scaling comes

from the increased lattice depth leading to an increase in temperature. The WS+1 and higher order

transitions in light green do not change in energy with higher lattice depth, but the Rabi frequency

reduces, as shown in Fig. 3.8. The axial trapping frequency νZ is plotted for nZ = 0 in blue, with

lighter blues indicating νZ for nZ > 0. Thanks to the exceedingly long live excited state lifetime, all

of these energy scales are resolvable with the appropriate clock drive. In the next section we will

discuss how we experimentally approach characterizing and understanding these energies.

3.5 Motional Spectroscopy

The narrow clock transition is a powerful tool for probing the motional states of the atoms.

Using a number of different measurement techniques, we can construct a near-complete picture
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Figure 3.10: Energy scales as a function of lattice depth U . For the axial and radial trapping
frequencies, νZ and νr, the darkest line represents the nZ = 0 frequency, with lighter lines indicating
nZ > 0 frequencies. The Doppler full width half maximum (FWHM) is scaled by the measured
radial temperature in our system. The WS+1 transition is shown in green, with WS+i where i > 1
transitions are in lighter green. The orange line represents the frequency difference between the σ−

and σ+ transitions from the |1S0, mF = 5/2〉 state at 500 mG.

of atomic motion. With the clock oriented along the tightly confined direction, we perform recoil

free spectroscopy of the axial states, including the carrier transition, off-site transitions of the

Wannier-Stark ladder, and motional quanta changing transitions. We probe how the Rabi frequency

changes as a function of lattice depth, motional state, and final state. Using a clock oriented along

the weakly confining radial direction, we measure a Doppler broadened profile as well as the recoil

shift of the clock photon. In the following section, we discuss and interpret the experimental signals

of atomic motion.

3.5.1 Rabi Spectroscopy

The Wannier-Stark system allows us to address the clock transition with no motional broadening

or recoil shift. Historically, this has been known as the Lamb-Dicke regime [35], where the confinement

dimension is far smaller than the wavelength of the incident radiation. However at shallow depths,

the wavefunction extends over many neighboring lattice sites, violating the Lamb-Dicke assumption.
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Instead, we rely on operating in the resolved sideband regime, where all motional energy scales are

resolvable through the laser frequency. By driving with a Rabi frequency less than the relevant

energies, such as νr or νZ , the atoms remain in the same external state while changing electronic

state.

Nevertheless, the external state of the atom does affect this spectroscopy. We have already

demonstrated how the Wannier-Stark state modifies the clock excitation coupling, shown in Fig. 3.8.

Experimentally, we drive the carrier transition and observe how the Rabi frequency changes with

lattice depth. We observe Rabi oscillations, and fit an exponentially damped sine wave to the

resulting signal. As will be discussed later (Ch. 3.7), this does not perfectly capture the Rabi

flopping dynamics but is adequate for comparing the relative Rabi frequencies between depths. We

plot the square of the Rabi frequency Ω normalized by the peak Rabi frequency Ω0. By detuning

the laser with some multiple of the potential energy difference between lattice sites (868 Hz), we

address off-site transitions. The relative Rabi frequencies on all these transitions scale differently

with lattice depth, so we can use this measurement to experimentally determine U . At deep depths,

the wavefunction is strongly localized and off-site transitions are attenuated. Operating with a

sample in the first excited band, nZ = 1 shown in red, leads to larger wavefunction spread and

higher off-site Rabi frequencies. We used this approach to determine lattice depth in the light shift

evaluation, Ref. [70]. In that work, the Rabi frequencies were calculated numerically solving for

wavefunctions in a finite lattice system.

3.5.2 Axial Spectroscopy

If we detune the laser 5 to 125 kHz from the clock transition, we drive axial state changing

transitions. Fig. 3.12 presents a simplified 1D schematic of the emergence of the axial spectrum.

The transition from nZ → nZ + 1 is known as the blue sideband (BSB) and has frequency νBSB.

Conversely, the red sideband (RSB) involves removing an axial quanta, nZ → nZ − 1, and has

frequency νRSB. Resolved sideband cooling involves driving the RSB on 3P1 along the Z direction

during the final sample preparation step [53]. The structure of the BSB and RSB are rather
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Figure 3.11: Measured Rabi frequency ratios for the ground motional state (nZ = 0) shown in blue,
and the first excited motional state (nZ = 1) shown in red. Rabi frequencies Ω are normalized by
the peak rabi frequency, Ω0, which occurs for the nZ = 0 state at deep depths. We drive carrier and
site changing WS+n transitions for both states.

complicated: the axial state, radial temperature, and lattice site potential energy difference all

contribute to a unique spectroscopic signal.

To first order, the frequency of both sidebands varies as a function of lattice depth. In Fig. 3.13,

we plot axial scans as a function of lattice depth, from 9 Er to 320 Er. These scans are measured

starting with an nZ = 0 population, so excited state atoms are in nZ = 1. Each BSB has a sharp

edge of excitation fraction that delineates the axial frequency νZ at the peak lattice depth, U0. The

standard way to calibrate the lattice depth is to measure the position of the blue sideband and

use this relationship to determine U . To derive a functional lineshape for the BSB, we assume a

thermal distribution of radial modes with temperature Tr. This generates an array of axial transition

frequencies, with the highest frequency occurring at the coldest part of the sample. Following

Ref. [15], we write the excitation fraction along the blue sideband as a function of clock detuning δ:

ρeeBSB(δ) =
α2

γ̃(nZ)

(
1− δ

γ̃(nZ)

)
e−α(1−δ/γ̃(nZ))Θ (γ̃(nZ)− δ) , (3.24)
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where α = γ̃(nz)
νrec

hνZ
kTr

, γ̃(nZ) = νZ − νrec(nZ + 1), and Θ is the Heaviside function. Using Eq. 3.24, we

extract νZ and Tr from the blue sideband lineshape. While Eq. 3.24 generally holds well, it becomes

apparent at shallow lattice depths that the sideband structure is too complicated to be properly

captured by this formula, leading to depth calibration errors.

At very shallow lattice depths, site changing transitions can occur along with an axial transition,

illustrated as the lighter blue and red lines in Fig. 3.12. In Fig. 3.14, we plot the blue sideband at

10 Er. At this shallow lattice depth, the nZ = 1 state is sufficiently delocalized where the Rabi

frequency is similar for on-site and off-site ∆nZ transitions. This leads to peaks on the sideband

structure spaced by 868 Hz. Evaluating the relative Rabi frequency of these different transitions and

then applying radial depth reduction, we calculate an expected lineshape, shown in dashed black in

Fig. 3.14. The gray lines indicate the constituent transitions that make up the overall spectrum.

Significant work to understand the motional spectrum has also been completed in Yb [20, 168].

As apparent in Eq. 3.24, the BSB signal is linked to the radial character of the sample. We can

investigate this by modifying the cooling sequence, shown in Fig. 3.15 at 320 Er. With our standard

Doppler and axial cooling engaged, we achieve a narrow blue sideband at 122 kHz, indicating the

|1S0, nZ = 0〉 → |3P0, nZ = 1〉 transition. Broadening towards the carrier indicates radial reduction

of the axial trapping frequency and a radial temperature around 700 nK. At this deep depth,

off-site transitions are strongly attenuated, so the atoms remain on a single site. Without axial

cooling, the axial state ngZ is in a thermal distribution, and the blue sideband contains transitions

ngZ → neZ = ngZ + 1. Since the band spacing is reduced as nZ increase, each nZ blue sideband

is 1 Er shifted closer to the carrier. This is readily apparent in the spectrum in Fig. 3.15, with

the axial transitions labeled. Using the relative difference between nZ axial states allows proper

characterization of the exact axial populations, see Ref. [20]. With axial cooling and no radial

cooling, the blue sideband spreads over a much wider energy, as different atoms see different effective

depths. With neither axial nor radial Doppler cooling, the different axial transitions are still visible,

now with a broader radial pedestal. Modifying the cooling sequence will also create a red sideband

that contains some of this character.



56

|1S0

|3P0

nz = 0

Mg L/2

nz = 1 z
nz = 2

WS-1

WS+1

g

BS
B

R
SB

20 10 0 10 20
Detuning (kHz)

Ex
c.

 F
ra

c.

Figure 3.12: Axial spectrum. The two internal clock states each contain a ladder of motional state,
axial quantum states nZ , and lattice sites n. The carrier transition, in black, contains no external
state change. Offsite transitions, WS+i, appear at a frequency spacing of 868 Hz, corresponding
to the potential energy difference between lattice sites, MgλL/2. Transitions with ∆nZ 6= 0, the
red and blue sidebands (RSB, BSB), correspond with removing or adding a motional quanta of
frequency, and are detuned from the carrier by approximately the axial trapping frequency. These
are shown in the spectrum below as broad, jagged sidebands ±15− 22 kHz from the carrier. This
spectrum here is from a sample with no axial cooling, leading to a 〈nZ〉 ≈ 1.

3.5.3 Radial Spectroscopy

To characterize the radial temperature, we typically measure a Doppler broadened excitation

profile using a clock beam oriented perpendicular to the lattice. A schematic of this procedure and

an example line scan of a 100 nK sample is shown in Fig. 3.16. The Doppler shift can be written for

a distribution of velocities Pv, generating a frequency distribution:

Pν(ν)dν =
c

ν0
Pv (c(ν/ν0 − 1)) dν, (3.25)
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Figure 3.13: Blue sidebands at different lattice depths. Excitation spectra of a |1S0, nZ = 0〉 sample
driving positively detuned from the carrier, at 0 kHz. The frequency of the blue sideband νBSB
scales with the root of the lattice depth.
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Figure 3.14: At shallow lattice depths, shown here at 10 Er, the blue sideband structure is modified
by other energy scales. The top plot is a broad scan of the axial spectrum of a 1S0 nZ = 0 sample.
We highlight the BSB, shown in detail in the lower plot. Axial and off-site transition can occur at
the same time, that is |1S0, WSn, nZ = 0〉 → |3P0, WSn+i, nZ = 1〉, leading to peaks at 867 Hz.
Calculated BSB transitions for each WS transition are shown in gray, with the total sum in dashed
black roughly approximating the measured BSB.

where ν0 is the transition frequency at rest. In a thermal gas, the velocity v is a function of Tr and

given by the Maxwell distribution:

Pv(v)dv =

√
M

2πkTr
exp

(
−mv

2

2kTr

)
dv. (3.26)
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Figure 3.15: Blue sideband at 300 Er with different cooling configurations. The sideband spectrum
of a Doppler and axial cooled sample near 300 Er is plotted on the top. The blue highlighted region
in the top panel is shown in greater detail below. BSB spectrum at 300 Er under different cooling
conditions noted in the plot key. The axial state changes are labeled above each sharp feature.

Using this distribution in Eq. 3.25, we notice that the distribution of Doppler broadened frequencies

has a Gaussian profile, with Gaussian width σ:

σDoppler =

√
kTr
Mc2

ν0. (3.27)

Thus, our standard approach is to measure the Doppler broadened profile, fit a gaussian to find

σDoppler, and solve for the temperature. The profile center is shifted by the recoil energy of the clock

photon, a frequency shift νrecoil = 4.7 kHz. We measure Tr over the entire range of accessible lattice

depths and fit Tr as a piecewise function:

Tr(nK)(U) =


−45.2 + 14.1 U/Erec (U < 15Er),

42
√
U/Erec (U > 15Er).

(3.28)

This function represents an adiabatic temperature reduction with a shallow depth correction. Since

radial clock spectroscopy involves absorbing a clock photon, it can fail to fully capture Tr at shallow



59

lattice depths where trapping and νrecoil energy scales are comparable. We notice that for U < 3 Er

the lineshape appears asymmetric: the hottest population can be kicked out of the trap via the clock

photon momentum. This may explain the departure from true adiabatic temperature scaling where

U < 15 Er We also notice that the lattice is about 2◦ misaligned from vertical, perhaps leading

to additional loss and Tr modification at shallow depths. Nevertheless, this function works well to

describe the physics we observe.

Another approach to measuring the radial temperature is to image the ground state atoms.

The spread σi in a given direction i of a thermal sample is described by

σi =

√
~

Mωi
×
√

2〈ni〉Tr + 1. (3.29)

where ωi is the trapping frequency, and

〈ni〉Tr =

(
exp(

~ωi
kBTr

)− 1

)−1

. (3.30)

Thus we can use the width of an imaged sample to determine the radial temperature. In Fig. 3.17,

we take images of lattice trapped samples over a range of depths and fit the gaussian width to

determine the temperature. This temperature metric is consistent with Doppler spectroscopy, as

shown on the right of Fig. 3.17. At shallow depths, the imaging probe blurs the image, leading to a

hotter extracted temperature. The probe beam duration was reduced for shallow lattice depths, but

below about 10 Er even a few scattered photons leads to a blurry image.

Unfortunately, we do not have state resolved spectroscopy along the radial direction. Instead,

if the axial clock is slightly misaligned, we can drive radial motional sidebands as ~kc has projection

along the radial direction. In Fig. 3.18, we observe radial mode changing transitions detuned by

νnZ
r from the carrier for nZ = 0 and nZ = 1 over a range of shallow lattice depths < 17 Er. To

observe these without a significant clock misalignment, we overdrive the Rabi line, leading to the

messy spectrum near 0 detuning. The radial projection results in small increases in excitation
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Figure 3.17: Using imaging to determine the radial temperature. Left: images of lattice trapped
samples at different lattice depths. At shallower depths, the spread along Ŷ is greater as ωY relaxes.
Right: Comparing imaging spectroscopy to clock spectroscopy along the radial direction. At all but
the shallowest depths, the radial temperature follows adiabatic scaling, Eq. 3.28, plotted as the black
line.

fraction near integer multiples of the radial trapping frequency. Using Eq. 3.21, the calculated

sidebands are plotted with a solid black line for the nr → nr ± 1 transition and a dashed black line
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Figure 3.18: Radial sidebands on the carrier transition for nZ = 0 (left) and nZ = 1 (right) over a
range of depths. In order to make the radial sidebands apparent, the carrier transition addressed for
time T >> Trabi, leading to an overdriven Rabi lineshape near 0 Hz. The calculated radial trapping
frequency νnZ

r is shown as a solid black line, with 2νnZ
r plotted as a dashed black line.

for the nr → nr ± 2 transitions. Interestingly, the nZ = 1 sample has higher amplitude second order

sidebands than first order. These sidebands contain information about the radial states, and we have

observed modifying the cooling results in different sideband spread. We do not yet have a complete

model for extracting Tr or nZ from this spectroscopic signal.

3.6 Radial Sloshing

At shallow lattice depths and short spectroscopy times, we notice the radial profile appears

asymmetric or detuned from the expected frequency. To quantify this asymmetry, we calculate the

first moment of the Gaussian profile, subtracting off the known recoil shift. With a short probe time

< 100 ms, we vary the hold time between lowering the lattice depth and the spectroscopy window

and observe the first moment oscillate between ∼ +2 to −2 kHz. This oscillation is at the radial

trapping frequency and varies with U .

On Sr1, Doppler cooling proceeds along the MOT paths, using the same waveplates and relying
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Figure 3.19: Radial sloshing as a function of waveplate angle for a mF = −9/2 Doppler cooled
sample. We calculate the first moment of the radial spectroscopy signal and observe collective
oscillations at the radial frequency. We control the radial sloshing through the input polarization of
the Doppler beam along the X̂-direction, reported here as the angle of a λ/2 waveplate.

on the frequency detuning due to the applied 1 G bias field to resolve the magnetic sublevels of the

3P1 F = 11/2 state. With the same polarization as the MOT light, the Doppler cooling along the

X-direction, parallel to the bias field, has σ+ polarization in one direction and σ− in the other. As

we polarize in one of the stretched states, only one direction of light will address the sample. This

leads to a net radiation force that displace the entire sample along X̂. Once the cooling is removed,

the sample collectively “sloshes” at the radial frequency.

We control sloshing by varying the polarization of the X̂ Doppler beam, as shown in Fig. 3.19.

Here we plot the first moment of the Radial spectrum as a function of hold time, varying the angle

of a λ/2 waveplate. With this control, we can reverse the sign or eliminate the radial sloshing.

We made many clock measurements before we first noticed this radial sloshing, leading to

the possibility of an uncontrolled shift polluting all previous data. With an interleaved lock, we

measure the frequency shift between different hold times, presented in Fig. 3.20. To observe this

effect without averaging over a significant potion of the radial period, we measure a 6 Er sample with

TRabi = 20 ms. In the top panel of Fig. 3.20, we plot the frequency difference between no hold time
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and a variable hold time for the mF = +5/2 and mF = −5/2 locks. The lock indicates a significant

frequency oscillation (>10−15) between the different spin states, with a π phase shift consistent with

the radial sloshing measurements. There also appears to be oscillation in the density shift correction,

plotted in the center panel of Fig. 3.20. This remains a mystery: perhaps a clock laser phase gradient

across the sample leads to distinguishable atoms and on-site s-wave interactions. As the atoms slosh

back and forth, they gain a degree of distinguishability depending on their position with respect to

the clock laser. Additionally, density modulation during this sloshing will generate a time varying

density shift. By taking an average of spin states and applying density shift corrections, plotted in

the bottom panel of Fig. 3.20, we seem to broadly reject frequency oscillations. The density shift is

a relatively minor correction, but it does seem to reduce the overall amplitude of the raw center

frequency shift.

While averaging over more radial periods with a longer spectroscopy time and a higher depth

reduce the lock frequency oscillation, this effect is still measurable for the different spin states and

in the density shift coefficient. This mechanism raises concern with using Ramsey spectroscopy

where the π/2 pulse time Tπ/2 < 1/νr leading to some uncontrollable frequency shift even with a

reduced sloshing amplitude. While the data presented in Fig. 3.20 suggests that radial sloshing

did not significantly affect our previous results, more investigation regarding this mechanism and

resultant effects on clock operation are needed.

3.7 Rabi Inhomogeneity

Typical 1D OLCs use a single mirror to form the trapping potential. Creating a buildup cavity

necessitates placing an additional mirror with the high reflectivity side facing the incident clock laser.

Achieving high reflectivity for 813 nm while very low reflectivity for 698 nm is a rather challenging

task; our mirrors are specified as having a 1% reflectivity at 698 nm.

Consider a full contrast standing wave created by perfect reflection of the clock light. At

the nodes the intensity is zero and the corresponding Rabi frequency is zero. With trapped atoms

arranged in a standing wave of light with a incommensurate period, atoms see a fixed Rabi frequency
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Figure 3.20: Clock shift from radial sloshing. Top: we compare the transition frequency difference
between standard operation and after holding the sample in a shallow lattice for a given “hold time.”
We observe oscillations in the two magnetic sublevel transitions of opposite sign, consistent with
radial sloshing measurements. Center: the density shift correction as a function of hold time seems
to echo this radial motion. Bottom: the uncorrected “raw” frequency average of the two spin states
and the density corrected frequency indicate about an order of magnitude reduction in the frequency
shift.

that ranges between 0 and 2 times the non-reflected Rabi frequency across the sample. With a

partial reflection, the Rabi frequency is centered around a nominal value Ω0, with peaks and minima

±ε modifying Ω0. This scenario is illustrated in Fig. 3.21, with the left illustrating how a standing

wave of light creates an inhomogeneous Rabi frequency. Over many lattice sites, the Rabi frequency

has a spectrum illustrated on the right.

We probe the Rabi inhomogeneity in our system by measuring a Rabi flopping spectrum,
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Figure 3.21: A standing wave of clock light is formed inside the cavity. This leads to a modulated
Rabi frequency Ω = Ω0 + [−ε, ε] The incommensurate clock and lattice wavelengths mean that each
lattice site samples a different Rabi frequency, as shown on the right.

shown in Fig. 3.22. After about 6 flopping cycles, the Rabi flopping collapses only to revive over

the next few cycles. This beating occurs for many cycles, indicating good atom-light coherence but

inhomogeneity in the Rabi spectrum. Taking a Fourier transform of this spectrum, we observe the

Rabi frequency spectrum has two peaks, as shown on the right of Fig. 3.22.

Motivated by our understanding of a standing wave of clock light, we fit this spectrum with a

model that takes into account the variation of Rabi frequencies:

ρ̄ee =

N∑
n

A sin
(
Ω0t(1 + ε sin2(2πnλl/λc))

)
. (3.31)

To fit the averaged excitation fraction ρee, we sum over N lattice sites with a Rabi contrast A. The fit

to the flopping and a Fourier transform of this fit are shown as dashed black lines in Fig. 3.22. This

simple model with no atom-light decoherence seems to capture the flopping signal well, indicating

that Rabi inhomogeneity is a primary issue in our system. The Rabi frequency spread depends on

the cavity reflectivity at 698 nm, ε2/2 ≈ R, and with the fit we find R = 0.9%, near the mirror

coating specifications.

While this standing wave of clock light poses a challenge for many pulse spectroscopy sequences,

we can use it to imprint a particular density profile along the axial direction. If this standing wave
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Figure 3.22: Left: the excitation fraction as a function of clock drive time. The red line is
experimental data taken at 100 Er, and the dashed black line is a simple model fit to this result,
Eq. 3.31. Right: A fourier transform of this signal lends insight into the origins of this Rabi nutation.
A fourier transform of the fitted function, in dashed black, further illustrates how well the model
captures this Rabi behavior.

was intentional, perhaps we might call this technique “subwavelength spatial selection!” Since the

Rabi frequency varies from site to site, over the course of many Rabi flops, the clock will imprint an

excitation pattern along the lattice direction. By illuminating the sample with blue 461 nm light, we

remove atoms that are in the ground state while preserving the excited state atoms and distilling

the sample to a smaller spread of Rabi frequencies.

Fig. 3.23 shows how we use this approach to control the Rabi flopping spectrum. We begin by

driving the atoms many Rabi cycles until the excitation fraction collapses to ∼ 0.5, as shown on

the left. After 88, 90, or 92 ms of a Rabi drive, we remove the ground state atoms. On the right,

we show the flopping signal after this initial preparation. Through this process, we homogenize the

Rabi frequency throughout the sample, leading to a longer coherent Rabi flopping signal. Small

differences in the timing of the first Rabi drive significantly alter the distilled Rabi frequency, with

the 92 ms preparation increasing the average Rabi frequency, and the 90 ms preparation leading to

the highest contrast Rabi frequency at long time.
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Figure 3.23: Atoms located at the peak light intensity flop faster than those at the minima. After
roughly 5 periods, the sample has a maximal spread of excitation fractions and the average excitation
fraction is 50%. Using 461 nm light, we remove the ground state population, selecting the portion of
the lattice trapped sample that sees either the highest or lowest clock laser intensity. On the left,
the blue line is measured excitation fraction as a function of Rabi flopping time. On the right, we
prepare a sample after flopping for a given amount of time and removing the ground state population.
This effectively narrows the spread of Rabi frequencies, altering the Rabi nutation.



Chapter 4

Density Shift

The more atoms the better! Of course, there is no free lunch. 87Sr is a fermion, so while

atom-atom interactions are weak, they still pose a problem for building the most stable and accurate

clock. To circumvent this issue, most Sr clocks operate with fewer than 104 atoms, significantly

reducing the density shift yet increasing quantum projection noise. These systems periodically check

the residual density shift by modulating the atom number and measuring the frequency shifts. In

this chapter, I will present a new technique to measure the density shift as well as work to identify a

fortuitous cancellation of the entire shift, a specific lattice depth we call the “magic depth.” Most

of this work was published in our Science Advances paper entitled “Hamiltonian Engineering of

Spin-Orbit Coupled Fermions in a Wannier-Stark Optical Lattice Clock,” Ref. [1].

4.1 Atomic Interactions

Interactions and density dependent frequency shifts in the strontium optical lattice clock have

been well described by a simplified “spin model” and a mean field approximation. This spin model

has been extensively discussed theoretically [50, 147] and investigated experimentally [27, 29, 95,

136, 169]. In this section, I will summarize for experimentalists the density shift calculations Anjun

Chu discussed in the supplement of [1].

Atoms are trapped in a motional state of the Wannier-Stark lattice described by ~n =

(n, nX , nY , nZ), where n is the lattice site index, X,Y are the weakly confined radial directions, and
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Z is the strongly confining axial direction. Their evolution is governed by the Hamiltonian H,

H = H0 +Hlaser +Hint, (4.1)

where H0 describes the single particle motion, Hlaser contains the evolution between the two internal

states under a laser drive, and Hint contains p-wave and s-wave interactions.

We treat the spin model with a mean field approach resting on a “frozen mode” approximation.

During Rabi evolution, we assume atoms remain in their external single particle eigenstates of

the optical trap and collisional relaxation is negligible. While we challenge this assumption later,

the results here are valid for the carrier transition under laser limited spectroscopy times (< 4 s).

For simplicity, we also treat only the case where nZ = 0, although this model works with higher

band populations. For each atom we define a two level system, | ↓~n〉 ≡ | 1S0, nX , nY ,Wn〉 and

| ↑~n〉 ≡ | 3P0, nX , nY ,Wn〉. For each two level system, we have the fermionic annihilation (creation)

operators, c(†)
~n↑ and c(†)

~n↓ . This allows us to define spin operators Sx,y,z~n and the number operator N~n.

Due to the partial delocalization of the Wannier-Stark states along Z, the dominant density

shift terms are due to on-site and nearest-neighbor interactions. Since the s-wave interaction

strength is considerably larger than the p-wave interaction strength, we neglect p-wave interactions

on neighboring sites. All these approximations allow us to write a simplified large-spin Hamiltonian:

H = Hon−site +Hoff−site +Hlaser,

Hon−site/~ =
∑
n

[
J⊥0 ~Sn · ~Sn + χ0S

z
nS

z
n + C0NnS

z
n

]
,

Hoff−site/~ =
∑
n

[
J⊥1 ~Sn · ~Sn+1 + χ1S

z
nS

z
n+1 +D1(SxnS

y
n+1 − S

y
nS

x
n+1)

]
,

Hlaser/~ =
∑
n

[
− δSzn + Ω0S

x
n

]
.

(4.2)

The interaction parameters defined for the collective spin operators are calculated using a thermal
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Figure 4.1: The dimensionless η|n−m| parameter that governs the density shift strength. Onsite
interactions dominate at deep depths while the off-site integral (η1,2,3) grows at shallower depths.

average over radial modes,

J⊥0 = η0(Veg − Ueg)/2, χ0 = η0(Vee + Vgg − 2Veg)/2, C0 = η0(Vee − Vgg)/2,

J⊥1 = −η1Ueg cosϕ, χ1 = −η1Ueg(1− cosϕ), D1 = −η1Ueg sinϕ.

(4.3)

The spin orbit coupling phase ϕ = kCaL = πλL/λC . The parameter η|n−m| is a dimensionless overlap

integral that scales the wavefunction overlap along Z of two atoms:

η|n−m| =
λL√
2π

(
V0

Erec

)−1/4 ∫
dZ(Wn(Z))2(Wm(Z))2. (4.4)

In Fig. 4.1, we plot η0,1,2,3 as a function of lattice depth. We typically consider only on-site and

nearest-neighbor interactions, so η0 and η1. Above 20 Er, the on-site (n−m = 0) overlap dominates

all other overlap strengths, so considering only on-site p-wave interactions is valid, as has been

previously treated. At shallow lattice depths, ηi for i > 0 grows and off-site interaction must be

included.

The Uαβ and Vαβ terms are s-wave and p-wave interaction strengths respectively, defined
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between states α, β ∈ {g, e}:

Uαβ =
8π~aαβ
M

Mω2
R

4πkBTr

kL√
2π

(
V0

Erec

)1/4

, (4.5)

Vαβ =
6π~b3αβ
M

1

π

(
MωR
~

)2 kL√
2π

(
V0

Erec

)1/4

. (4.6)

The a and b parameters are scattering lengths, with aeg = (a+
eg + a−eg)/2 and b3eg = ((b+eg)

3 + (b−eg)
3)/2

The s-wave and p-wave scattering lengths are recorded in Tab. 4.1.

Table 4.1: s-wave and p-wave scattering lengths for 87Sr in Bohr radius (a0) [1].

Channel s-wave (a0) p-wave (a0)

gg 96.2 ± 0.1 74.5 ± 0.3

eg+ 161.3 ± 2.5 -215.9 ± 28.2

eg− 69.1 ± 0.9 -41.3 ± 2.7

ee (elastic) 176.3 ± 9.5 -155.8 ± 21.1

ee (inelastic) 17.3+14
−8 152.5 ± 16.4

In Fig. 4.2 we plot U and V as a function of lattice depth. As expected, V is much smaller

that U for all depths. Generating on-site s-wave interactions can and does lead to a much stronger

density shift, as we will discuss in Ch. 4.4.

For the carrier transition, we alternate sides of the Rabi lineshape as described in Sec. 2.5.

The measured density shift per atom per site (Nloc) is:

∆νdens =
δl + δr
4πNloc

, (4.7)

where δl,r are the negative and positive detunings from the center of the line as described in Ch. 2.

Under a Rabi spectroscopy lock, the laser drives continuously from the initial states to a superposition

state of g and e.

Using the mean field approximation, we can rewrite Eq. 4.2 simply as a spin evolving under an



72

10
1

10
2

U (Er)

0.1

0.2

0.3

0.4
U

 (H
z)

Uee

Ueg

Ugg

10
1

10
2

U (Er)

0.005

0.004

0.003

0.002

0.001

0.000

V
 (H

z)

Vee

Veg

Vgg

Figure 4.2: The p-wave (V ) and s-wave (U) interaction strengths as a function of depth for ee, eg,
and gg interaction channels, see Eqs. 4.5 and 4.6. U is calculated using the experimentally measured
radial temperature.

effective magnetic field ~Beff that contains an averaged density interaction. For simplicity, we assume

a constant density within a local region. Because we are concerned with only the mean field effect,

we also neglect the parallel component of ~B. Thus, for time t,

d

dt
〈~Sn〉 = ~B⊥ × 〈~Sn〉, (4.8)

where 〈~Sn〉 is the Bloch vector and ~B⊥ is the synthetic magnetic field perpendicular to 〈~S〉. ~B⊥ can

be written,

~B⊥ = {Ω0, 0,−δ + 2(χ0 + χ1)〈Sz〉+ C0Nloc}, (4.9)

where Ω0 is the bare Rabi frequency, δ is the laser detuning, 〈Sz〉 is the average magnetization, and

N is the number of atoms on the site. Expanding this further, we write the dynamics as a set of
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coupled differential equations:

dSx

dt = −(2(χ0 + χ1))SzSy + δSy − C0NlocS
y,

dSy

dt = (2(χ0 + χ1))SzSx − δSx + C0NlocS
x − Ω0S

z,

dSz

dt = Ω0S
y.

(4.10)

We can use any differential equation solver to observe the dynamics of this mean field density shift.

For Rabi spectroscopy, the initial state is a sum of all spins: 〈SzN 〉 = ±Nloc/2 for e and g states.

Since our clock lock servo seeks to track the lineshape, it dynamically adjusts the laser detuning

δ to compensate for the density shift. Thus, the observed density shift νdens = δ is where B⊥z = 0.

Using Eq. 4.9, we find:

∆να→βdens = ∆νsα→β + ∆νpα→β,

2π∆νpα→β ≈ 2χ0ς
z
α→β + C0, 2π∆νsα→β ≈ 2χ1ς

z
α→β.

(4.11)

We have simplified the ~S dynamics under the mean field to a simple fitting parameter ςzα→β , on-site

p-wave, and off-site s-wave terms. This fitting parameter depends on the Rabi pulse area, excitation

fraction, and the initial and final states of the spectroscopy, either g → e or e → g. For the data

presented in Ref. [1], we have ςzg→e = −0.12 and ςze→g = −0.095. In Fig. 4.3, we plot the calculated

s-wave, p-wave, and total density shift for both initial states over a range of lattice depths. The points

are experimental data which show good agreement. Data gathering and processing are discussed in

the next section.

4.2 Density Shift Imaging

We have already highlighted the power of in-situ imaging to measure and correct for spatial

frequency gradients, see Ch. 2. The data presented in Fig. 4.3 harnesses this capability to make fast,

synchronous measurements, as we naturally sample different densities throughout the atomic sample.
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Figure 4.3: The density shift as a function of lattice depth. The density shift is due to two
components, on-site p-wave interactions shown in blue, and off-site s-wave interactions shown in
green. The total density shift is a sum of both components, shown in red. The points and error bars
are experimental data with standard error, which match well with the calculated values. On the
left, the sample is prepared in 1S0, |g〉, and driven to 3P0, |g〉. On the right, the scheme is reversed,
leading to a different sign s-wave interaction shift.

One approach is to measure the average density gradient over a long clock lock, and then fit a line

to the νcenter as a function of Nloc. While this technique works and was used for the gravitational

redshift paper [22], we have moved to determining and correcting the density shift for each 4 point

lock sequence. This allows us to correct for density shift variations in real-time, further reducing the

flicker floor of the clock.

In Fig. 4.4 we show how this processing technique is applied. For each 4 point sequence, we

construct a density map and a frequency map of the sample, shown in the left and middle plots,

respectively. The density shift is well approximated by a linear function:

νcenter = νdens ×Nloc + b, (4.12)

where b is the laser frequency offset from the single particle transition. While there is dependence
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on Sz that varies throughout the sample with density, assuming a linear response allows us to

reliably correct the density shift under standard operation. For each lockpoint, we use Eq. 4.12 to fit

νcenter(Nloc) and extract νdens and b, as shown on the right of Fig. 4.4.

Using the same lock data presented in Ch. 2, Fig. 4.5 shows a record of this density shift

correction technique over the 15000 s run. On the left is the fractional density shift coefficient, νdens,

with the average of all coefficients shown in black. In the center is a record of the intercept, b. In

addition to a density shift free transition frequency, this parameter also contains the laser servo

correction, including the Dick effect, leading to a noisier spread of frequencies than the synchronous

measurement of νdens. On the right of Fig. 4.5 is an overlapping Allan deviation (OADEV) of the

intercept and the peak total density shift, roughly 20νdens. As expected, the intercept determination

is laser limited, ∼ 5× 10−17 /
√
τ/s, while the νdens noise is limited only by QPN. Thus, we rapidly

determine and correct for the density shift with negligible added noise.

Dynamic density shift corrections are critical for reliable clock measurements. Previous

approaches to measuring the density shift necessitated varying the density and measuring the

resultant frequency shift in an interleaved fashion [21]. Not only is this a Dick effect limited

measurement, but any variation in νdens or the atom distribution would lead to a correction error.

Lattice light shift measurements also benefit directly from this approach. As will be discussed in

Ch. 5, we vary the lattice depth to measure the effect of the lattice light on the transition frequency.

This inherently changes the density shift from 10−20 to 10−16, which we measure and correct for

during the light shift measurement campaign.

4.3 The “Magic Depth”

A fortuitous feature in our 1D Wannier-Stark lattice is the ability to operate with 0 density

shift. Since the density shift is a combination of on-site p-wave and off-site s-wave interactions,

we can tune our lattice depth to where these two mechanisms cancel in the mean field. As shown

on the left of Fig. 4.3, the density shift crosses 0 around 10 Er in the |g〉 → |e〉 case. This “magic

depth” was critical in allowing us to resolve the gravitational redshift across the sample, as we could
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Figure 4.4: We determine the density shift using a single lockpoint during a standard “clock lock”
sequence. The average of atom numbers during these four experimental shots is shown on the
left. Using the excitations from the positive and negative detuned sides of the clock transition, we
calculate the frequency at each pixel. The center panel shows the average of the mF = ±5/2→ ±3/2
transitions, rejecting spatial Zeeman gradients. Next, we fit a line to the frequency as a function of
on-site density. By linearly extrapolating to zero density, we reject the density shift both spatially
and temporally.
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Figure 4.5: Point by point density shift correction. Left: the extracted density shift coefficient,
∆νdens/ν (frac./Nloc). Center: the probe correction, which includes both a density shift correction
and a servo correction. Right: OADEVs of the probe correction (green) and the total density shift
(purple) at the peak density (Nloc = 20). ∆νdens is an in-situ measurement, so it is QPN limited
with an additional lever arm due to the density variation. The intercept is a Dick effect limited
correction.

operate with 105 atoms to reduce QPN and have a total density shift < 10−18. Unfortunately, since

the magic depth requires 〈Sz〉 < 0, it does not exist for the |e〉 → |g〉 case or standard Ramsey
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spectroscopy. By modifying the initial π/2 pulse and preparing a sample below the Bloch sphere

equator, one can cancel the density shift in Ramsey [95]. This magic depth is also only valid for the

ground band, as modifying the axial state will lead to a different magic depth as η0,1 varies for nz.

During the lattice light shift evaluation, see Ch. 5, we modify the nZ state and observe modified

collisional shifts.

4.4 Dynamical Phase Transition

While the primary purpose of Sr1 is to operate as the most accurate and stable clock, the

necessary quantum control in our system provides opportunities to study interesting features of the

spin model. With this work, we do not seek to operate as an accurate clock, rather we use clock

spectroscopy to understand emergent behavior, further verifying the spin model.

In the strongest density shift regimes in our system, we can achieve a dynamical phase

transition where the spin dynamics vary dramatically at different laser detunings. Since the shift is

dependent on 〈Sz〉, as one drives Rabi oscillations, the density shift varies. When the shift is strong,

this can greatly suppress Rabi oscillations as the transition quickly becomes detuned from the laser

as 〈Sz〉 increases. Varying the laser detuning, there is a sharp change in this behavior, indicating a

dynamical phase transition (dpt). To generate strong interactions, we can drive an off-site transition

(WS±i for i > 0), creating s-wave interactions which scale as η0. Following a similar approach to

the carrier transition, we write a mean-field Hamiltonian for this off-site transition:

Hoff-site/~ =
∑
n

~Sn · ~B, (4.13)

where the perpendicular component of the synthetic field is

B⊥l=1 = {Ω1, 0,−δ1 + 2χl=1
1 〈Sz〉}. (4.14)

As with the carrier transition, mean-field equations can be written in terms of normalized expectation
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value of collective spin operators on a single site sx,y,z = 2〈Sx,y,z〉/Nloc,

d

dt
sx = −Nlocχ

l=1
1 szsy + δ1s

y,

d

dt
sy = Nlocχ

l=1
1 szsx − δ1s

x − Ω1s
z,

d

dt
sz = Ω1s

y.

(4.15)

Note that Eq. (4.15) takes the same form as the mean-field equations obtained in [32, 104].

With much stronger interactions, mode-changing collisions are now possible as the interaction

energy can exceed the motional energy level spacing in the trap. As this dramatically increases the

dimensionality of the problem, violating the frozen mode approximation, a full solution is complicated.

Fortunately, we treat mode-changing simply as a density-dependent decoherence term, γz, leading to

a shorter Bloch vector under evolution. We extract γz experimentally; fitting lineshapes at different

densities we find γz = 0.35 + 0.009×Nloc (1/s) (see the supplement of Ref. [1]). Rewriting Eq. 4.15

with this effect:
d

dt
sx = −Nlocχ

l=1
1 szsy + δ1s

y − γzsx,

d

dt
sy = Nlocχ

l=1
1 szsx − δ1s

x − Ω1s
z − γzsy,

d

dt
sz = Ω1s

y.

(4.16)

In a dynamical phase transition, a critical point exists separating phases with different

dynamical properties. Atoms are initially prepared in the ground state before a clock drive generates

evolution of the spins. We study the long-time average excitation fraction ρ̄ee of this dynamical

system after a sudden quench, that is, after the clock drive is removed. Two emergent spin behaviors

correspond to a ferromagnetic phase where atoms remain in the ground state, ρ̄ee ≈ 0, while a

paramagnetic phase ρ̄ee = (s̄z + 1)/2, where s̄z = limT→∞
1
T

∫ T
0 sz(t)dt. In contrast to a standard

Rabi drive under a low density shift, the ferromagnetic phase is largely independent of δ, while ρ̄ee

dynamically adjusts as with δ1 in the paramagnetic phase. More details investigating the behavior

of this dpt are presented in the Supplement of Ref. [1].

We calculate the lineshape for two different densities in Fig. 4.6. This lineshape is calculated
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Figure 4.6: The dynamical phase transition lineshape and trajectories on the Bloch sphere. We plot
the average excitation fraction of a long duration clock pulse as a function of detuning δ normalized by
the Rabi frequency Ω. With Nloc = 40, the line resembles a Rabi signal with additional decoherence.
With Nloc = 300, the line is asymmetric and has little Rabi character. On the negative detuning
side, the sample is in a “ferromagnetic” state, with Bloch sphere trajectories remaining close to the
origin, as with the blue line. Positively detuned, the sample is in a “paramagnetic” phase, with spin
trajectories wrapping around the Bloch sphere.

include the experimentally determined γz and averaging over multiple Rabi drives TRabi > π/Ω.

This gives an average excitation fraction that captures the long term dynamics of this dynamical

system. For Nloc = 40, the lineshape is roughly symmetric, and appears similar to a Rabi line with

additional decoherence related broadening. When Nloc is increased above a threshold value, the

sample now has two defined phases, a ferromagnetic phase where spins are aligned to one pole of the

Bloch sphere, and a paramagnetic phase where spin trajectories have wider excursions and wrap

around the Bloch sphere. This behavior is observed in the lineshape for Nloc = 300 in Fig. 4.6. The

line is very asymmetric, with the negatively detuned side having suppressed excitation and the right

having higher excitation. The inset Bloch sphere shows two trajectories detuned from the center

of the line, with the light blue showing the ferromagnetic phase and the salmon color showing the

paramagnetic phase.

To probe this effect experimentally, we drive the |1S0, Wi〉 → |3P0, Wi+1〉 transition in a dense
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sample. Again, making use of our imaging spectroscopy technique, we resolve the effect of different

densities. To observe the dpt, we use a high density sample of > 106 atoms, with Nloc peaking

around 250 atoms/site. We take multiple line scans and average the results together. In Fig. 4.7 C

we plot this data as a heat map with the color showing the excitation fraction, organized by the

onsite density on the vertical axis.

For a given Nloc we extract the lineshape asymmetry ALR defined as (nR − nL)/(nR + nL)

from experimental data, and normalize by the maximum value of ALR. Here, nR =
∫ δmax+f
δmax

n↑(δ)dδ,

nL =
∫ δmax

δmax−f n↑(δ)dδ, where δmax is the detuning for the peak value of the Rabi lineshape, and

f/2π = 1 Hz covers almost the entire frequency range of the Rabi lineshape. The lineshape

asymmetry allows us to characterize the dynamical phases. For Nloc < 63, below the dashed black

line in Fig. 4.7 C, the system is in a crossover regime featuring a linear density shift and asymmetry

ALR that becomes more pronounced as the atom number increases. With Nloc > 63, the lineshape

is near maximally asymmetric, and distinct ferromagnetic and paramagnetic dynamical phases are

identified. The phase boundary is experimentally determined by finding the maximum derivative of

the lineshape as a function of detuning, plotted as green points in Fig. 4.7 C, with ALR indicated by

the shade. The points lie very close to the theoretically calculated phase boundary shown as a solid

black line.

The asymmetry in the lineshape becomes apparent viewing the excitation at a constant atom

number, as in Fig. 4.7 D. At densities well below the crossover boundary, the lineshape is only

slightly distorted from that of an ideal Rabi response. Above the crossover density, the excitation

displays very different behaviors for the two opposite signs of detuning, and the excitation becomes

highly insensitive to changes of detuning deep in the ferromagnetic phase. The constant detuning

profiles presented in Fig. 4.7 E further illustrate this dynamical phase transition. At δ1/2π = 0 Hz,

the laser drive is on resonance with the non-interacting transition. Above the crossover regime, the

ensemble features both dynamical phases, evolving from a dynamical paramagnet to a dynamical

ferromagnet for Nloc > 82. At δ1/2π = −0.72 Hz the system is in the dynamical ferromagnetic phase

above the crossover region. However, with δ1/2π = 0.72 Hz detuning, the excitation fraction initially
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Figure 4.7: (A) An image of lattice trapped atoms, indicating a spatial extent over a millimeter in
length. Within a single image, we can study lattice site density regimes ranging over two orders of
magnitude, shown here as camera counts. (B) Addressing the |1S0, Wi〉 → |3P0, Wi+1〉 transition,
s-wave interactions effectively become on-site, leading to a strong collisional shift. (C) Excitation
fraction as a function of detuning and atom number on the |1S0, Wi〉 → |3P0, Wi+1〉 transition
at 22 Er. Above ∼ 63 atoms per site, denoted by the dashed black line, the system features a
DPT between ferromagnetic and paramagnetic phases when varying the laser detuning and atomic
density. The phase boundary is denoted by a solid black line from theoretical calculations and green
points from the experimental data. The normalized asymmetry of the lineshape ALR is indicated
by the shade of these points. Arrows on the right and top axis indicate data plotted in (D) and
(E) at constant atom number and detuning. (D) Excitation fraction as a function of detuning at
different atom numbers demonstrates the notable distortion and asymmetry that arises in the strongly
interacting regime. (E) Excitation fraction as a function of atom number in the ferromagnetic phase
(−0.72 Hz), across the phase transition (0 Hz), and in the paramagnetic phase (0.72 Hz). Solid lines
in (D) and (E) indicate theoretical calculations.

rises with atom number when the system is in the paramagnetic phase and saturates close to the

phase boundary. In both panels D and E the solid lines are theoretical predictions from the mean

field spin model with the additional decoherence term using Eq. 4.16.



Chapter 5

Lattice Light Shift

While trapping atoms in an optical lattice is key to performing narrow spectroscopy, this

process necessarily shifts the spectroscopy states. The goal of a magic wavelength lattice is to match

the light shifts for both clock states, leading to no net shift to the transition as well as no light

shift induced motional broadening [138, 163]. Understanding of the lattice light shift is an ongoing

endeavor, with each new benchmark in lattice clock accuracy often requiring a reevaluation of this

systematic. In addition to finding the proper scalar polarizability, effects such as magnetic dipole

and electric quadrupole moments complicate this shift. Additionally, we verify the lattice light shift

model in a very shallow lattice for the first time. In the following chapter, we discuss the lattice

light shift model we use and our work evaluating the lattice light shift on the Sr1 system. Much of

this work was published in the Physical Review Letters paper entitled “Evaluation of Lattice Light

Shift at Low 10−19 Uncertainty for a Shallow Lattice Sr Optical Clock,” Ref. [70]. We also discuss

a reevaluation completed in July 2024, as well as the light shift using different magnetic sublevel

transitions.

5.1 Atom-Light Interactions

Under the electric dipole approximation, light of intensity I0 interacting with an atom in

hyperfine state F and magnetic sublevel mF , creates an AC Stark shift U that depends on scalar,
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vector, and tensor contributions. With light intensity I0, this can be written as [151],

U(I0) = I0

(
κs + κvmF ξk̂ · B̂ +

[
3m2

F − F (F + 1)
] (

3|ε̂ · B̂|2 − 1
)
κt

)
, (5.1)

where ξ is the light ellipticity, ε̂ is the light polarization direction, k̂ is the light propagation direction,

B̂ is the magnetic field direction, and κs, κv, and κt are the scalar, vector, and tensor strengths. The

scalar component is rotationally invariant. The vector component appears when F ≥ 1/2 and acts

as a synthetic magnetic field, so it is canceled by taking the average of opposite sign mF states. The

tensor component gives rise to a light polarization dependent polarizability, appearing when F ≥ 1.

Since ytterbium-171 has F = 1/2, it has an attractively simple light shift that does not depend on

polarization direction [28]. Taking the proper weighting of two different magnetic sublevel clock

transitions, a Sr clock can reject the tensor contribution to the light shift. We find our tensor shift

to be stable enough there is no need to implement this scheme for our accuracy goals.

For our lattice light shift evaluation, we seek to determine the effect of Eq. 5.1 on the clock

transition. We must determine the differential strength ∆κs,v,t between the two clock transitions.

We alternate mF signs, using the difference transition frequencies between magnetic sublevel signs

to measure the vector effect and the average to reject this effect. We combine the scalar and tensor

light shift components into a single effective dipole polarizability for our specific state i that depends

on the lattice frequency νlat: αE1
i ≡ αE1(i, F i,mi

F , ε̂, B̂, νlat).

In a one-dimensional lattice formed by a standing wave of light along Z, the intensity

I = I0 cos2 kLZ, where I0 is the incident intensity and kL is the lattice light wavenumber. The

electric dipole (E1) polarizability is the strongest interaction, so U ≈ αE1
i I0 cos2 kLZ for state i.

To reach our desired light shift uncertainty, we must also consider higher order light shift effects.

Hyperpolarizability is a fourth order in field process, so it goes as I2
0 cos4 kLZ and has strength

described by the coefficient βi. The magnetic dipole interaction (M1) is due to the interaction of

the atom with the magnetic field, which is simply the derivative of the electric field and goes as

sin2 kLZ. Similarly, the electric quadrupole interaction (E2) is due to the curvature of the electric
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Figure 5.1: Origin of the lattice light shift. Left: the atoms are confined to the peak intensities
of the lattice, shown as a red potential, creating Wannier-Stark wavefunctions |WS(U)〉 along Z
that depend on lattice depth U . The atoms spatially sample the lattice electric and magnetic
fields, causing a light shift. The electric dipole polarizability depend on the light intensity, and
goes as cos2(kLZ). The electric quadrupole and magnetic dipole go as sin2(kLZ). The higher order
hyperpolarizability term goes as cos4(kLZ) Right: to calculate the total shift, we need to know the
expectation value of all three terms. The dashed lines are calculated with the numerically evaluated
|WS(U)〉, with the solid lines a harmonic approximation using Eq. 5.4.

field, again sin2 kLZ. We combine the M1 and E2 terms into a single coefficient, αqmi . Thus, for an

atom in state i, we write the lattice light shift U as a sum of three terms,

Ui(I0) ≈ −αE1
i I0 cos2(kLZ)− αqmi I0 sin2(kLZ)− βiI2

0 cos4(kLZ). (5.2)

Higher order light shift processes do exist, however for our system this is a valid approximation.

Atoms are trapped in this lattice near the peak intensity of the light, strongly confined by the E1

shift.

With a two level system, the lattice light shift is due to the difference between the energy

shift of both states, ∆νLS = Ue(I0)− Ug(I0). In a “magic” lattice, we attempt to match the shift of

both states, Ue(I0) = Ug(I0) by adjusting the lattice frequency such that αE1
e = αE1

g . The resultant
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error of the E1 term is from the differential slope between e and g and the detuning from magic,

δL: αE1
e − αE1

g = ∂α̃E1

∂ν δL. The other parameters are effectively δL independent, so the parameter

difference between the two states is α̃qm = αqme − αqmg and β̃ = βe − βg. This allows us to express

the total light shift as a function of atomic parameters and expectation values of the motional wave

function:

∆νLS(U) ≈ −∂α̃
E1

∂ν
δLU〈cos2 kLZ〉 − α̃qmU〈sin2 kLZ〉 − β̃U2〈cos4 kLZ〉. (5.3)

To evaluate the effect of the lattice confinement on the energy of the atom, we must determine

the effect of each term in Eq. 5.2 on the state of the atom, illustrated in Fig. 5.1. To calculate the

motional state, we assume first that confinement is due entirely to the E1 term. As derived in Ch. 3,

the resultant wave functions in our tilted lattice are Wannier-Stark states, |WS(U)〉, plotted for a

shallow depth as the top trace on the left of Fig. 5.1. Next, we calculate the expectation value of

the wave function for each of the terms. On the right, we plot the numerically evaluated terms as

dashed lines on the right.

While it is possible to use numerically evaluated expectation values for calculating the light

shift, if we make the approximation that the atoms are harmonically confined we can write ∆νLS in

an analytical form. Following the approach outline in Ref. [67], we write these as functions of the

lattice depth and the axial motional state, nZ :

〈cos2 kLZ〉 ≈ −
(
nZ +

1

2

)
U−1/2 + 1

〈sin2 kLZ〉 ≈
(
nZ +

1

2

)
U−1/2

〈cos4 kLZ〉 ≈
3

2

(
n2
Z + nZ +

1

2

)
U−1 − 2

(
nZ +

1

2

)
U−1/2 + 1

(5.4)

On the right of Fig. 5.1, we plot with solid lines the expectation values for nZ = 0 using these

approximations. The agreement between the numerically evaluated and harmonic expectation values

is generally quite good. The cos4 term contains the strongest disagreement where U < 10 Er.

Fortunately, since the hyperpolarizability coefficient is small, this effect is negligible at such shallow
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depths.

Lastly, we need to adjust for the effect of the radial extent modifying the lattice intensity. We

do this by introducing an effective lattice depth u of power j such that uj = (1+jkTr/U0)−1(U0/Er)
j ,

where U0 is the peak lattice depth. As the radial temperature Tr increases, this term generates a

shallower effective depth to compensate. Since we do not observe any line broadening from radial

temperatures, we abstain from using a state resolved radial description. With these approximations

we write the final form of the “harmonic model,” as derived in Ref. [67]:

h∆νLS(u, δL, nZ) ≈
(
∂α̃E1

∂ν
δL − α̃qm

)(
nZ +

1

2

)
u1/2

−
[
∂α̃E1

∂ν
δL +

3

2
β̃

(
n2
Z + nZ +

1

2

)]
u1

+ 2β̃

(
nZ +

1

2

)
u3/2 − β̃u2.

(5.5)

Thus, we have four parameters that describe the atomic response to lattice light, (δL, ∂να̃
E1, α̃qm, β̃),

and three parameters that describe the atomic motion, (U0, Tr, nZ). This approach simplifies the

lattice light shift problem while still preserving the effect of hyperpolarizability and M1 and E2

shifts.

Additional models and variations of this model have attempted to better capture the radial

coupling to the light shift. A more sophisticated approach using measured motional signals was

implemented in a Yb OLC [107], however this sample is at a much higher temperature than in

our system, necessitating this technique. The Born-Oppenheimer and WKB model (BO + WKB),

derived in Ref. [12], applies a Born-Oppenheimer approximation to the radial modes, and then

the WKB approximation to solve the resultant differential equations. In practice, we have found

Eq. 5.5 to adequately capture the experimental data we gather and allows us to reach our target

light shift uncertainty. This is partly due to the low radial and axial temperatures as well as the

very shallow lattice we use in standard operation. Further advances in clock accuracy may require

fewer approximations to determine the light shift, or even more sophisticated lattices [153].

Since we are aiming to operate at shallow lattice depths, it is worthwhile to determine if the
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Figure 5.2: The difference between the light shift calculated using Eq. 5.5, ∆νLS , and the light
shift calculated using numerically evaluated Wannier-Stark states, ∆νWS

LS . We assume nZ = 0 and
Tr = 0 for both cases, and plot for three detunings from magic, δL. Disagreement between the two
light shift calculations stems primarily from the E1 term as it is strongly δL dependent.

Wannier-Stark state modifies the light shift. As we have already shown in Fig. 5.1, the harmonic

approximation captures the expectation values where U > 10 Er. What is the effect on ∆νLS? In

Fig. 5.2, we plot the difference between Eq. 5.5 and the light shift calculated using numerically

evaluated |WS(U)〉, ∆νWS
LS , for three different δL. We calculate this under the assumption nZ = 0

and Tr = 0. The harmonic approximation error primarily appears in the E1 term as it depends

on δL. The M1 + E2 and hyperpolarizability terms account for errors < 10−19, shown in δ = 0.

At deep lattice depths, |WS(U)〉 approaches the harmonic wavefunction, and different light shift

approaches agree well. With errors < 10−18 for δL < 1 GHz, this calculation supports the use of the

harmonic model in our system, even at shallow depths. With even sampling of δL about δL = 0,

this effect will slightly modify the fit ∂να̃E1 but not significantly change the overall light shift near

magic. Further work using numerically evaluated wavefunctions is straightforward to implement,

and may be necessary for light shift evaluations with accuracy goals < 10−19.

Eq. 5.5 sets a roadmap for evaluating the light shift. While the atomic parameters are fixed,
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the three simple controls we have are nZ , U , and δL. Carefully varying these will allow us to back

out the atomic coefficients with great precision. The coefficients in this model should be identical for

all Sr87, with δl depending only on the magnetic sublevel transition as we compensate for different

tensor polarizabilities. Through this measurement process, we can compare against the precise

measurement performed in RIKEN [145], as well as future precision light shift measurements in Sr.

These atomic coefficients can also be calculated, allowing us to benchmark these methods.

5.2 Experimental Measurements

During the spring and summer of 2022, we completed the first lattice light shift measurement

campaign with the rebuilt Sr1 system [70]. The previous generation Sr1 used the thermal model [21],

so this is the first use of the harmonic model in the Ye lab. The first set of measurements involved

preparing a ground band, nZ = 0 sample, and varying the depth and lattice detuning, (U , δL).

We performed these measurement via an interleaved comparison, alternating between two atomic

servos at different lattice conditions, continuously averaging the difference frequency between these

servos [108]. This relies on using Si3 as the short time frequency reference, leading to a Dick effect

limited self-comparison stability of about 2×10−16 at 1 s with a 380 ms Rabi pulse and near 1 s duty

cycle. The frequency shift is the average of the frequency differences, with the statistical uncertainty

derived from a fit to the overlapping Allan deviation taken at 1/3 of the total measurement time τ .

We typically average until the statistical uncertainties are less than 3× 10−18.

As we modulate the lattice depth, the density shift varies significantly, from near zero to

> 10−16 at deep depths. To prevent this from polluting the lattice light shift measurement by

introducing another U -dependent systematic, it is critical to correct for the density shift effect. We

implement synchronous density shift correction for each lock point, removing this effect from the

light shift measurement and allowing us average for longer times, demonstrated in Fig. 5.3. Plotted

on the top left, we gather an interleaved frequency record of the two lattice conditions, shown

here at U = 12.2 Er and 320 Er. On the top right, we apply density shift and linear laser drift

corrections to each frequency series. Since the two locks occur a few seconds apart on average, laser
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Figure 5.3: Example of an 8 point lock to measure the lattice light shift. We probe two different
lattice depths, 12.2 Er and 320 Er, with separate clock servos in an interleaved fashion. The top left
plot shows the frequency applied to the AOM to steer to the atomic resonance over the course of
this 8000 s lock, with the initial 12.2 Er frequency subtracted. We apply two frequency corrections
to this data, the density shift and laser drift. Corrected frequencies are shown in the top right. The
frequency difference between the two lattice depths is shown in the bottom left. On the bottom right,
an overlapping Allan deviation (OADEV) highlights the stability difference between the corrected
and uncorrected frequency differences. The corrected frequency averages down as white frequency
noise with a stability of 2.2× 10−16/

√
τ/s at averaging time τ . The uncorrected frequency difference

flickers and drifts as the atom number changes.

drift skews the frequency difference at the low 10−19 level. Typically, we dedrift by subtracting

from the frequency difference a fitted drift rate multiplied by the average time difference of the two

locks. On the bottom left, we plot the frequency difference between the two lattice conditions for

the uncorrected and corrected data. In this case, the density shift correction removes a shift of
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around 150 mHz. The corrected frequency contains the servo error for each point, removing the low

pass effect of the atomic servo and leading to higher noise at short time. This is apparent in the

overlapping Allan deviation plotted in the bottom right, with times < 200 s. As the density varies

by upwards of 10% over the course of a measurement, the density shift at deep depths can set a

frequency noise floor above 10−17. With this approach, we consistently observe Allan deviations

of the density corrected frequency difference following the expected white frequency noise trend of

1/
√
τ . For the first dataset, (U , δL), we always use a reference depth U ≈ 10 Er, near the magic

lattice depth for additional robustness in taming the density shift.

It is critical to keep record of the atomic conditions during data collection. Before each

measurement, Tr is recorded to be used in the final fit. We implement Rabi frequency lattice depth

calibration described in Ch. 3 for robust characterization at shallow depths. Periodically, we measure

the axial sideband structure, ensuring a constant depth and axial population distribution. Over the

data campaign, we find the mean axial population 〈nZ〉 < 0.03, which we take as nZ uncertainty for

the fit.

Preparing a “clean” lattice laser with a stable spectrum, spatial mode, and polarization is

important for a reliable light shift, as background light near the lattice frequency can cause deleterious

frequency shifts. In the Ye group, this was noted early on as a potential issue with the high amplified

spontaneous emission (ASE) background of tapered amplifiers (TAs). Significant works has gone into

understanding this effect in both Sr OLCs [64] and Yb OLCS [43], with various schemes presented

to ensure the background emission is attenuated as to not shift the clock frequency. Sr2 and Sr3

have used low background Ti:Sa lasers and now both use fiber lasers instead of TAs. On Sr1, the

buildup cavity allows us to use a simple diode laser injection locked by an ECDL. The cavity provides

some background suppression, and we insert a volume Bragg grating (VBG) before the cavity to

further clean the optical spectrum. We measure the light shift with 0, 1, and 2 VBGs as well as

different diodes and diode temperatures, and do not observe any unexplained light shifts. Thus, we

are confident that background emission does not affect these light shift results.

The results of the (U , δL) modulation data are presented in Fig. 5.4. The top left plot shows



91

1.0

0.5

0.0

0.5

1.0
(U

)-
(1

0 
E r

) (
fra

c.
)

1e 15

7.5

5.0

2.5

0.0

2.5

5.0

(
)-

(1
4 

M
H

z)
 (f

ra
c.

)

1e 17

-181 MHz
-50 MHz
-14 MHz
4 MHz
22 MHz
31 MHz
179 MHz

0 100 200 300
U (Er)

1

0

1

R
es

id
ua

ls
 (f

ra
c.

) 1e 17

200 0 200
 (MHz)

2.5

0.0

2.5

R
es

id
ua

ls
 (f

ra
c.

) 1e 18

Figure 5.4: Lattice light shift measurement varying the lattice detuning from magic, δL, and lattice
depth U . Left: difference between strontium transition frequencies at the reference depth, ν(10 Er),
and at depth U , ν(U), at 7 different lattice frequencies. Solid lines show a fit using Eq. 5.5. The
bottom panel shows fit residuals. Right: difference between strontium transition frequencies at the
reference frequency ν(δL = 14 MHz) and at detuning δL at a 10 Er. The gray line is the model fit,
with the residual shown on the lower panel.

the results of the U modulation measurements. Each color represents a different lattice frequency,

with the detuning δL from a fitted magic frequency indicated in the plot key on the right. The solid

lines are fits to the data using Eq. 5.5, with the fit residuals plotted in the lower panel. On the

right are the results for lattice frequency modulation, δL, with the gray line showing the fit and

residuals in the bottom panel. The reference frequency δL = 14 MHz is shown in purple and is not

experimentally measured. The model appears to properly capture the data, with residuals < 10−17.

Higher order polarizability effects due to the lattice light are relatively small, so determining

α̃qm with great precision is difficult. The approach first used in Ref. [145] utilizes the differential

sensitivity to α̃qm between different nZ states. As the axial wavefunction extends further at higher

nZ , the atom samples more electric field curvature and magnetic field magnitude, increasing the

differential E2 and M1 shifts. With δL = 0, the difference in transition frequency between nZ = 0
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and nZ = 1 becomes:

h∆νnZ = h(∆νLS(nZ = 1)−∆νLS(nZ = 0)) ≈ α̃qmu1/2 + β̃u1(2u1/2 − 3). (5.6)

Since β̃ is about three orders smaller than α̃qm, the frequency difference between nZ states is

dominated by the multipolar component at shallow lattice depths.

As in Ref. [145], we compare the frequencies between nZ = 0 and 1 at different lattice depths

with the lattice detuning near magic, δL < 1 MHz. The nZ = 0 population is prepared in the same

way as the first data set, with resolved sideband cooling ensuring 〈nZ〉 < 0.03 and two clock transfer

pulses to initialize the sample in |1S0, mF = ±5/2, nZ = 0〉. To prepare an nZ = 1 sample, we

cool as typical but then detune the |1S0, mF = ±9/2〉 → |3P0, mF = ±7/2〉 transfer by ∼ +30 kHz,

driving the blue sideband for 300 ms. This creates a |3P0, mF = ±7/2, nZ = 1〉 sample that we

transfer to |1S0, mF = ±5/2, nZ = 1〉 before spectroscopy. The spin and motional transfer pulses

are all completed at 20 Er to ensure repeatable sample preparation. The process is rather inefficient,

transferring about 20% of the population and increasing the dead time, adversely affecting the Dick

effect limited measurement stability. The statistical uncertainty of the individual ∆νnZ light shift

measurements measurements is typically around 5× 10−18.

As before, it is critical to correct for the density shift. Since the density interactions depend on

the wavefunction overlap between atoms, the η parameter defined in Ch. 4, different motional states

experience different frequency shifts. Off site interactions increase, leading to a magic depth near

20 Er for the nZ = 1 state. At deeper depths where this data was taken, interactions are on-site

p-wave dominated, so the higher axial state leads to a lower effective density and lower shift per

atom. We observe a roughly 20% reduction in density shift for the nZ = 1 state where U > 100 Er.

We collect (nZ) modulation data between 50 and 300 Er, with the final results presented in

Fig. 5.5. The solid line is derived from a global fit to all of the data, with all residuals again < 10−17.

The U1/2 behavior of ∆νnZ is clearly visible.

Key to a robust light shift evaluation is simultaneously fitting the data. While this may seem
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Figure 5.5: Differential light shift measurement between nZ = 0 and nZ = 1 axial states, ∆νnZ ,
with |δL| < 1 MHz. The solid line shows the results of a global fit to all light shift data with fit
residuals shown in the bottom panel. Notice the ∼ U1/2 behavior of ∆νnZ , characteristic of the α̃qm

term.

obvious, this approach is not always implemented due to perceived complexity [145]. We began

our light shift evaluation separately fitting the (U , δL) modulation data and the nZ modulation

data, using the second data set to exclusively determine α̃qm. However, the (U , δL) modulation

data still contains useful information about α̃qm not used in our first attempt. This initial approach,

as well as fitting with a constant reference condition, is described extensively in the supplement of

Ref. [70]. Switching to a comprehensive fit allows us to determine fitting parameters with better

precision, using the light shift model to describe all data simultaneously. We generically write all

light measurements ∆νmeas as the frequency difference between two different sample and lattice

configurations, A and B:

∆νmeas = ∆νLS(u(UA, TAr ), δAL , n
A
Z)−∆νLS(u(UB, TBr ), δBL , n

B
Z ). (5.7)
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Table 5.1: Summary of the light shift characterization. We perform a single fit to the data including
data in both Fig. 5.4, 5.5 to extract the coefficients. Uncertainties in measured frequency differences
and the lattice depth are used in the fit [70].

Quantity Value

∂να̃
E1/h 1.859(5)× 10−11

νE1 (MHz) 368, 554, 825.9(4)

α̃qm/h (mHz) −1.24(5)

β̃/h (µHz) −0.51(4)

The differential measurements only change one of (u, δL, nZ) between the two locks, but this fitting

procedure can involve any combination of differential locks. As long as the measured frequency shift

is well described by the light shift model, the data can be incorporated in the fit.

Proper treatment of uncertainties is also important for the fitting procedure. The frequency

measurements are dominated by statistical uncertainties. For each measurement, we fit a white

noise 1/
√
τ model to the overlapping Allan deviation and calculate the uncertainty at 1/3 the total

measurement time. Since we observed no flicker in these measurements, we believe this approach

properly captures the statistical uncertainty. The other significant source of uncertainty is in U ,

which comes from errors in the lattice depth calibration. This scales from 0.1 Er at near zero

depth to 0.6 Er at 300 Er. Smaller sources of uncertainty include uncertainty arising from sample

preparation, with radial temperature uncertainty, δTr ≈ 0.1 × Tr, and axial state uncertainty,

δnZ = 0.03. Lattice frequency uncertainty primarily arises from a loose lattice lock to the frequency

comb, with δνlat = 100 kHz. Using orthogonal distance regression (ODR), we are able to properly

account for uncertainties in all fitting parameters. The final results including total uncertainty from

the global fit are shown in Tab. 5.1.

Since the publishing of Ref. [145], the α̃qm term has come under scrutiny. Eq. 5.5 relies

on fundamental atomic properties (νmagic, α̃
qm, ∂να̃

E1, β̃) that should be calculable. Nevertheless,

sophisticated theory work initially reported α̃qm wholly inconsistent with the first experimentally

measured value [123, 155]. Since Ref. [145], our measurement along with a measurement in PTB [41]
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Figure 5.6: Values of α̃qm in atomic units. The green circles are experimentally determined values
results, and the purple squares are theoretical calculations. The three most recent experimental α̃qm

measurements [41, 70, 145] and two theory calculations [122, 154] converge around a narrow range
of negative values.

have added confidence to a narrow range of values of negative α̃qm. As we were responding to referee

comments on our light shift evaluation, new theory approaches considering the negative energy

states revised the M1 contribution [122, 154]. Multipolar polarizability is calculated using a sum

over states approach. Negative energy states, which arise from using Dirac theory to solve for Sr

spectra and correspond to a positron state, have previously been disregarded in the M1 sum as it

was believed that these had little effect on the calculation. Elsewhere, negative energy states have

played an important role in accurate calculations of atomic g factors [80]. Righting this error, two

theory teams now generally agree with these three experimental α̃qm measurements. Experimental

and theoretical values of α̃qm are plotted in Fig. 5.6. Perhaps this should be regarded as a triumph

of the optical lattice clock, leading theoretical calculations through precision spectroscopy!

5.3 Operational Conditions

To operate with the lowest possible light shift uncertainty, care must be taken for reliable

operation. Fig. 5.7 demonstrates the effect of the lattice depth U and uncertainties in δL and nZ on
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the light shift uncertainty. Each plot shows the light shift uncertainty under our standard operation

conditions, varying a single parameter. The gold stars indicate our standard operational conditions,

δL = 7 MHz with a lattice frequency uncertainty of 100 kHz, nZ = 0+0.01
−0 , U = 10 ± 0.1 Er, and

Tr = 100 ± 10 nK. By setting δL = 7 MHz, we reduce the absolute light shift to < 10−19 at the

expense of slightly increasing the light shift uncertainty. Increase the magnitude of δL can significantly

increase light shift uncertainty. In Sr1, the lattice frequency is locked to the Si stabilized comb,

ensuring our lattice frequency is well known and drifts < 5 Hz/day, so the primary δL uncertainty

arises from a loose frequency lock and the cavity linewidth.

Using a ground band sample is critical to reducing light shift uncertainty, as shown in the

center panel. We reduce the lattice depth to the single band regime U < 6 Er before readout,

removing all atoms with nZ > 0. This ensures that regardless of the relatively delicate sideband and

Doppler cooling process, the light shift will not significantly change. We measure the attenuation

of the blue sideband with this readout scheme, and typically observe > 40 times reduction in blue

sideband amplitude with respect to our standard scheme, limited by readout noise. We quote a

conservative uncertainty δnZ = 0.01.

Lastly, operating at a shallow depth is typically the most convenient way to reduce light shift

uncertainty. With our light shift evaluation, we can operate with a light shift uncertainty below

10−18 at depths below 50 Er, plotted on the right of Fig. 5.7. Our standard operation is at the

magic depth zero density shift point near 10 Er. As the lattice depth calibration is common between

the evaluation and standard operation, treating depth uncertainty in both the fit and the light

shift calculation necessarily increases the shift uncertainty. The proper uncertainty to include is

due to lattice depth repeatability between shift characterization and operation. While we have not

extensively measured this, we believe it is considerably better than the absolute depth uncertainty.

Under standard operation, our light shift uncertainty is 3×10−19, still limited by uncertainty in

the atomic parameters, and not our understanding of the motional states or experimental conditions.

Thus improvement must come from better parameter determination from longer measurement

campaigns or clever measurement techniques. Running synchronously with another Sr clock would



97

200 0 200

L (MHz)

10
19

10
18

LS
 U

nc
er

ta
in

ty
 (f

ra
c.

)

10
3

10
2

10
1

nz Uncertainty
10

1
10

2

U (Er)

Figure 5.7: Light shift error from different parameters, with the gold stars indicating our typical
operation. The light shift uncertainty is calculated for our standard operation, varying only one
parameter for each plot. Left: the light shift uncertainty as a function of detuning from magic, δL.
Uncertainty is minimized with δL = 0. Center: the light shift uncertainty as a function of axial state
nZ uncertainty. Right: the light shift uncertainty as a function of lattice depth U .

allow us to measure with stabilities below the Dick effect limit of interleaved comparisons, a current

evaluation speed limit. More inventive approaches have been tried elsewhere. Additional running

waves have been used in both Sr [156] and Yb [20], leading to unique techniques for measuring the

resultant light shift. In Yb, synchronous spectroscopy of an nZ = 0 and nZ = 1 sample allow for

QPN limited ∆νnZ measurements [20]. With a blue detuned lattice, the atoms are trapped at light

intensity minima, reducing the E1 effect and possibly leading to a reduction the overall light shift

uncertainty [137, 153]. This is not the end of the lattice light shift story!

5.4 Vector Shift

We apply a static bias field ~Bs for clock spectroscopy, splitting the magnetic sublevels. As

written in Eq. 5.1, the vector component of the lattice light creates a synthetic magnetic field that

works much the same way. Thus the total splitting between magnetic sublevels is a vector sum

of these two components. Following the convention in Ref. [134], we write the measured splitting

between magnetic sublevels of state α:

∆α
meas = mα

F g
α|| ~Bα

eff ||, (5.8)
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where ~Bα
eff is an effective magnetic field and gα is the g-factor. Expanding this, the total splitting

with a vector shift component becomes:

∆α = mα
√

(gαBs cos θ + καv ξU0)2 + (gαBs sin θ)2, (5.9)

where θ is the angle between the lattice wave vector and the bias field, καv is the vector strength, and

ξ is the lattice ellipticity. In strontium, κgv = −6.5× 10−5 Hz/Er, κev = −2.55× 10−1 Hz/Er, gg =

1.8438 MHz/T, and ge = 2.9828 MHz/T [134]. This equation is often approximated in a quadratic

form but there is no need. The experimentally relevant quantity is the difference in mF splitting on

the clock transition, ∆meas = (∆e(mF =−3/2) −∆g(mF =−5/2))− (∆e(mF =+3/2) −∆g(mF =+5/2)).

This formula does not properly capture the motional state of the atom, and we observe vector

shift dependence on nZ . Using the harmonic model approach, we replace U0 with the expectation

value, U0 → U0(1− (nZ + 1
2)U

1/2
0 ), as in Eq. 5.4. This gives a harmonic approximation of the vector

shift formula, which we will use in the following section.

To determine the lattice light vector shift on the clock transition, we need to measure how

the splitting between different magnetic sublevel transitions varies as a function of lattice depth.

Fortunately, our lattice light shift measurement data already contains all the needed information.

Since the vector shift is dependent on the applied magnetic field, it is important that the magnetic

field is kept constant for this measurement. We first determined the vector shift using the initial

light shift evaluation. Since this data campaign took a few months and the bias field changed over

time, this data set is over scattered. The much shorter light shift evaluation completed in July 2024

results in more reliable vector shift fits, although it is still over scattered.

The vector shift data and fitting results measured in July 2024 are shown in Fig. 5.8. During

this lattice light shift campaign, we measured three different lattice detunings from magic, δL, and

four lattice depths with respect to a reference depth U = 12.2 Er. The results are shown on the

left, with fits plotted as solid lines and the fit residuals in the lower panel. The cavity ellipticity ξ,

angle between the magnetic field and lattice k̂-vector θ, and the magnetic field B are used as fitting
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Figure 5.8: Vector shift data and fit from the July 2024 light shift evaluation. Left: The difference
between spin state transition frequencies, ∆meas, at depth U and the reference depth 12.2 Er. Three
different lattice frequencies, reported as detuning from magic in the key are separately fit with the
vector shift formula, Eq. 5.9, plotted as solid lines. The fit residuals are plotted in the bottom panel.
Right: The results from the vector shift fits shown for each lattice detuning from magic, δL, with
error bars arising from the fit. The cavity ellipticity, ξ, angle between magnetic field and lattice k
vector, θ, and magnetic field B agree for the three fits.

parameters for the vector shift data. The fitted values are plotted on the right and indicate no

dependence on δL, as expected. Using ξ and θ, we calculate ∆vec over different B and U to correct

for the second order Zeeman shift, described in Ch. 7.3.

The ellipticity ξ = 0.11 is relatively large for a 1D Sr OLC, where standard single retro reflected

lattices can have exceedingly pure polarization. This highlights one of the greatest downsides of

using an in-vacuum cavity: the inability to directly control the polarization. Upon each reflection,

the light experiences a small twisting of the polarization axis, creating a large average ξ after many

round trips. Without modifying the cavity, this effect is unavoidable. However, the cavity provides a

well defined optical axis and fixed birefringence, making this a generally static effect.

Due to the cavity ellipticity, the vector component of the light shift slightly rotates the effective



100

bias field. This in turn modifies the tensor component of the light shift and appears as a shift that

goes as U2. This is dangerous, as it appears as a hyperpolarizability-like magentic field dependent

shift on νSr. Again, following the convention in Ref. [134], we write this shift:

∆νvt = −γvt|~ε · ~eB|2ξ cos θU2
0 , (5.10)

with

γvt = [3me
F − F (F + 1)]

6κetκ
e
v

geBs
, (5.11)

where κet = −60.9× 10−6 Hz/Er is the excited state tensor strength. We neglect the ground state

shift as it is significantly smaller than in the excited state. In Fig. 5.9, we plot the associated shift

of this term as a function of lattice depth for three different bias fields. Increasing the bias field

reduces this effect, and for our system it remains over an order lower than the hyperpolarizability

(β̃) shift. Under standard operational conditions, shown as a gold star, this is a 5 × 10−22 effect.

We do not incorporate this systematic in the lattice light shift evaluations: it should reduce β̃ by

roughly 1%, well below the uncertainty.

We were initially surprised to observe different vector shifts in the (nZ) data sets, as motional

dependence has not been reported elsewhere. Due to a larger ξ in our system, nZ dependence in the

vector shift is finally visible. In Fig. 5.10, we plot the difference of ∆meas between nZ = 0, 1 over

four different lattice depths and three frequency detunings from magic, listed in the key. At deeper

lattice depths, ∆meas is reduced for nZ = 1 states as the atoms sample a lower effective intensity

lattice. Since the (nZ) data was measured during the 2024 light shift reevaluation, the parameters

ξ, θ, B should be very similar to those reported in Fig. 5.8. Using the harmonic modification to

Eq. 5.9, we calculate the nZ dependence as a function of U , plotted as the gray line. The agreement

is not perfect, perhaps due to a changing bias field, but it suggests the validity of this first order

harmonic motional correction.
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5.5 Other Magnetic Sublevel Transitions

Our light shift results disagree significantly with other precise strontium light shift measure-

ments. Both ∂να̃E1 and α̃qm are inconsistent with the measurements made in RIKEN, the most

precise measurements of these quantities to date. One possible explanation is different lattice

depth calibration, with a ∼ 7% lattice depth error on either measurement bringing ∂να̃E1 into

agreement. Another possible explanation is our use of different magnetic sublevels. While the light

shift dependence on mF states should be highly suppressed, our curiosity was nevertheless piqued,

and we decided to measure this effect.

In addition to our standard |1S0, mF = ±5/2〉 → |3P0, mF = ±3/2〉 transition, we also

measured the light shift on the |1S0, mF = ±5/2〉 → |3P0, mF = ±7/2〉 and |1S0, mF = ±9/2〉 →

|3P0, mF = ±9/2〉 transitions. To measure ∂να̃E1 on other transitions, we modulate lattice depth

and detuning, keeping nZ = 0. We fit ∂να̃E1 and an operational magic wavelength detuning δL.

The results of these measurements are shown in Fig. 5.11. The top panel shows the magic frequency

detuning from our standard |1S0, mF = ±5/2〉 → |3P0, mF = ±3/2〉 transition. The extracted

∂να̃
E1, shown in the bottom panel, has no dependence on the magnetic sublevel within our statistical

uncertainty and continue to disagree with the RIKEN measurement [145]. Thus, the results are as

expected—no scalar light shift dependence on the magnetic sublevels and strong disagreement with

other ∂να̃E1 remains. Perhaps lattice depth calibration is indeed the primary culprit. Fortunately,

this disagreement does not directly affect our operational accuracy as the light shift depth calibration

and our operational depth calibration are identical. More measurements using the harmonic model

are need to settle this, as well as the α̃qm disagreement.

5.6 Light Shift Reevaluation

In preparation for the clock comparison with NIST starting in 2024, we decided to reevaluate

the lattice light shift in our system, which was initially performed in 2022. The polarization of

the lattice is set by a polarizing beam splitter mounted atop the chamber. If this cube changes
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Figure 5.11: We measure the light shift for three different magnetic sublevel transitions. Top: the
difference in magic wavelength from our standard |1S0, mF = ±5/2〉 → |3P0, mF = ±3/2〉 transition,
δopp. Bottom: the differential E1 polarizability slope ∂να̃E1 for different magnetic sublevels. Our
results, in green, disagree significantly with measurements made in RIKEN [145] measured for the
|1S0, mF = ±9/2〉 → |3P0, mF = ±9/2〉 transition.

orientation, or the magnetic field rotates, the tensor shift will change and the overall light shift must

be remeasured. With this concern, we remeasured the light shift in much the same way, varying the

lattice depth U , the detuning from magic δL, and the axial state nZ . Learning from our previous

evaluation, we decided to measure with larger δL and U , generating a much stronger light shift.

We also change δL with nZ modulation measurements, further testing the robustness of the light

shift model. We opted not to modulate the lattice frequency within a single lock to simplify this

measurement.

The data and fits are shown in Fig. 5.12. On the top left is the (U , δL), with solid lines fits of

Eq. 5.5 to the data. Each color represents a different detuning from magic, as indicated by the key.

The bottom panel shows the fit residuals. On the top right is the nZ modulation data, with solid

lines indicating the fit. The bottom panel shows fit residuals.

In Fig. 5.13 we plot the light shift parameters determined during the 2024 reevaluation

along with the results measured two years prior, Ref. [70], and in RIKEN, Ref. [145]. All JILA
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Figure 5.12: Lattice light shift reevaluation in July 2024. Left: light shift results for the (δL, U)
modulation data set. The points are data with error bars showing the statistical uncertainty and
color indicating the detuning from magic determined by the fit and shown in the key. The solid lines
are fits to Eq. 5.5 with fit residuals shown on the bottom panel. Right: nZ modulation data set
with three different lattice detunings from magic, shown in the key. The solid lines are fits, with fit
residuals plotted in the bottom panel.

measured parameters agree within their uncertainty. The operational magic wavelength difference

ν2023
magic−ν2024

magic = −0.5±1.5 MHz is also consistent with zero. This adds confidence to the robustness

of our experimental apparatus, specifically the tensor shift, remained constant despite the gap

of two years between evaluations. The disagreement with the RIKEN measured ∂να̃E1 and α̃qm

measurements persists. The lattice light shift was remeasured after the comparison in May of 2025,

and the results remain consistent with the 2024 evaluation.

5.7 Thermal Model Comparison

One of the first widely used light shift models to capture the effect of hyperpolarizability

originated from the NIST ytterbium group [28]. Since deprecated by the more robust harmonic

model discussed earlier in this chapter, the thermal model is still widely used due to its simplicity.
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Figure 5.13: A comparison of light shift evaluation results. The JILA 2023 [70] and JILA 2024
measurements agree within uncertainty. The RIKEN 2018 measurement [145] α̃qm and ∂να̃E1 terms
disagree significantly with our measurements.

Much like the RIKEN light shift model, the thermal model writes the light shift as an expansion in

lattice depth U to powers of 1/2, 1, 3/2, and 2, with additional dependence on transverse and axial

motional states. In the thermal model, a key simplification is that the axial and radial states also

scale with U and powers of U . This allows rewriting the light shift ∆νthermLS as:

∆νthermLS ≈ −∂α
∗

∂ν
δLU − β∗U2, (5.12)

where α∗ and β∗ are experimentally determined parameters that incorporate the motional state of

the atoms. These coefficients are akin to the ∂α̃E1/∂ν and β̃ coefficients in Eq. 5.5, but incorporate

implicit motional state dependence. Thus the fit requires no knowledge of the atomic motion, making

it far simpler to use in practice. Unfortunately, this means that evaluations using this method are

not broadly comparable as cooling and trapping geometries vary between systems.

Our system is no longer thermal, as we perform resolved sideband cooling along the tightly
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Figure 5.14: Using the thermal light shift model. Left: fit of the thermal model to the light shift
data measured in July 2024. Points are data with error bars reporting 1σ data. Solid lines are fits
using Eq. 5.12, with fit residuals reported in the lower left panel. Right: The difference in calculated
light shift between the thermal model and the harmonic model for a number of different lattice
detunings from magic.

confined direction. Nevertheless, it is interesting to see the effect of this commonly used model on

explaining our light shift results. Fig. 5.14 shows the results of fitting Eq. 5.12 to the light shift

data collected in July 2024. The fit immediately seems to not fully capture the behavior of the light

shift in our system, with residuals a few parts in 10−17 and structured as a function of lattice depth.

As expected, we need the U1/2 and U3/2 terms to properly capture the light shift behavior in our

system. Using the fitted parameters, we calculate the light shift error using the thermal model with

respect to the harmonic model, plotted on the right of Fig. 5.14 for different δL. Near magic, the

resultant error is < 5× 10−18 for U < 200 Er, with the error growing at larger detuning. Thus the

thermal model is adequate for low 10−18 light shift evaluations, but should not be used for more

stringent accuracy goals.



Chapter 6

Black-body Radiation

The largest source of uncancelled shift in room temperature Sr optical lattice clocks is due to

black-body radiation (BBR) from the surrounding environment. Unlike systematic shifts that can be

measured by modulating the shift source, such as the lattice light shift we previously discussed, varying

the BBR environment enough to precisely measure the atomic response is prohibitively challenging

without a cryogenic system [11, 144]. Instead, we determine the BBR shift by understanding the

atomic response and the spectrum of light that the atoms sample. At room temperature, the BBR

spectrum is centered around 10 µm. Over the BBR wavelength range, most components in our system

are good BBR emitters, so the atoms experience an ideal BBR environment at room temperature T

described by Planck’s law. The atomic response is given by the differential polarizability between the

1S0 and 3P0 states over this spectrum. The total BBR shift has been historically written as a sum

of a static component that scales as T 4 and a higher order dynamic component that scales as T 6:

∆νBBR = νstat

(
T

T0

)4

+ νdyn

(
T

T0

)6

+O(T 8), (6.1)

where T0 is a reference temperature that scales the coefficients, νstat, νdyn, typically 300 K [131].

Recent work has shown that higher order powers of T or the true integral form of the shift must be

included for accurate ∆νBBR determination, with only a T 6 term leading to a correction error at

10−18 [81].

Accuracy in previous generations of room temperature Sr OLCs has been limited by the
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uncertainty in νdyn, which is directly tied to the 5s4d 3D1 oscillator strength [131]. We set out to

remeasure the 5s4d 3D1 lifetime, reducing its uncertainty by a factor of two for operation with a

BBR shift uncertainty < 10−18. This work is described in the first half of this chapter, as well as

interesting observations of Zeeman beats and density related interactions. We also make accurate

measurements of the radiative temperature using an in-vacuum temperature probe. Combined, we

reduce our uncertainty in ∆νBBR to 7.3× 10−19.

6.1 3D1 Lifetime

A direct measurement of the 5s4d 3D1 lifetime is rather challenging, as this is a 2.6 µm

wavelength transition out of 3P0. This state decays to all states in the 3PJ manifold, two of which

are metastable. So to resolve the lifetime of the 3D1 state, we collect 689 nm photons from the 3P1

decay. As in Refs. [13, 109], we prepare a sample of Sr atoms in 3P0 within a shallow lattice along Ẑ.

A 2.6 µm laser pulse perpendicular to the lattice along X̂ excites a portion of the sample to the

3D1 state. Some excited atoms decay to 3P1 and then to the 1S0 ground state, releasing a 689 nm

photon in the process. We collect this fluorescence with a cooled hybrid photomultiplier assembly

(PMA) nearly coaxial with the 2.6 µm laser and time tag the incident photons with 5 ns resolution.1

This process is shown on the left of Fig. 6.1. In the single particle regime, the photon rate y at time

t is well characterized by a cascaded double exponential process,

y(t) = A×Θ(t− t0)
(
e
−(t−t0)/τ3D1 − e−(t−t0)/τ3P1

)
+ y0, (6.2)

where A is the flux amplitude, Θ is a Heaviside function for instantaneous excitation at time t0,

τ3D1
and τ3P1

are the 3D1 and 3P1 lifetimes respectively, and y0 is an offset due to background

counts. In Fig. 6.1 we plot all collected photon counts and fit with Eq. (6.2). Since Eq. (6.2) assumes

instantaneous excitation of atoms to 3D1, we do not fit data within a 500 ns window about the

excitation pulse, indicated by the red exclusion area [109, 110]. The characteristic signal from this

1The detector is a Picoquant PMA Hybrid 40 cooled hybrid photomultiplier detector assembly. The counter is a
Picoquant TimeHarp 260 PCIe board in the “NANO” configuration run with “long range mode.”
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Figure 6.1: To measure the 3D1 lifetime, we prepare sample in 3P0 before a brief 2.6 µm pulse
excites atoms to one of the 3D1 hyperfine states, F = 7/2, 9/2, 11/2. Atoms decay from 3D1 to the
ground state via 3P1. We collect photons on this decay using a photomultiplier assembly (PMA),
and time tag their arrival with 5 ns resolution using a multichannel scalar. On the right we plot all
the experimental data used for lifetime determination with the double exponential model. The black
line is a fit to the data using Eq. (6.2) with the red area indicating exclusion around the excitation
pulse. The bottom panel shows the fit residuals.

double exponential decay is shown in Fig. 6.1. The photon flux initially rises as population decays

into 3P1 before falling with a long exponential tail governed by τ3P1
. The black line is a fit to the

data using Eq. (6.2), with fit residuals plotted in the lower panel. While all the data we used to

extract the 3D1 lifetime is contained within Fig. 6.1, the fit does not represent the true atomic state

lifetimes.

6.1.1 Quantum Beats

Since previous research measuring the 3D1 lifetime in Sr and Yb made no observation of

Quantum or Zeeman beats [13, 109], it came as a bit of a surprise when we first observed an

oscillating fluorescence signal. By applying a magnetic field, the magnetic sublevels in each hyperfine
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Figure 6.2: Observation of the Zeeman beats. A 2.5 G magnetic field is applied using the MOT
coils, leading to an oscillation in the exponential decay signal, shown on the top left. The black line
is a fit to Eq. 6.2 assuming no Zeeman beating, with the fit residuals on the lower panel indicating
this periodic signal. An Fourier transform of the residuals is shown on the right, indicating a strong
tone around 350 kHz.

state of 3P1 manifold split. The excited atom decays quickly from the 3D1 state into a superposition

of magnetic sublevels in 3P1 before decaying down to 1S0 and emitting a 698 nm photon. The

different decay pathways interfere, leading to a oscillating signal at the energy spacing of magnetic

sublevels [34]. In Fig. 6.2, we plot the observed decay under a 2.5 G magnetic field applied using our

MOT coils. We are unsure of the exact direction of this applied bias field and there is a 700 mG/mm

gradient across the 250 µm sample, so this is a rather uncontrolled experiment. The solid line is

a fit to Eq. 6.2 assuming no Zeeman beats. The oscillating signal is visible in the fit residuals,

shown on the bottom panel. Taking a Fourier transform of the residuals, we observe a strong tone

at the oscillating frequency near 350 kHz. As expected, this oscillation frequency reduces with a

smaller MOT field. The observed frequency is twice the Larmor precession frequency of 3P1 F = 9/2,

85 kHz/G.

The Zeeman beat structure in this double exponential decay is rather fragile. Atoms must

decay to a superposition of 3P1 magnetic sublevels that are split at the right energy scale and
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uniformly across the system such that beating can be observed [34]. If the splitting is too large, the

atom will decay into only one magnetic sublevel, while if it is too small, the effect will not be visible.

All three hyperfine levels within 3D1 are resolvable, and each has different magnetic sensitivity.

Individual magnetic sublevels within each hyperfine manifold are unresolvable in our system, so we

populate a spin mixture. We begin by preparing a |3P0, F = 9/2, mF = −7/2〉 state before driving

to 3D1 with a laser along X̂, linearly polarized along Ẑ. Depending on the hyperfine state in 3D1

and the applied bias field, we populate some superposition of mF = −9/2,−7/2,−5/2 in one of

F = 11/2, 9/2, 7/2.

With the goal of controlling this effect, we observe how this precession frequency changes

as a function of field direction. Classically, this Zeeman beat phenomenon can be described as a

rotating dipole radiation pattern. The atom will preferentially emit along the two dipole lobes, with

the dipole pattern rotating under Larmor precession. If this rotation axis is perpendicular to the

collection axis, the detector will see a periodic increase in flux consistent with twice the precession

frequency. If the applied field is along the photon collection axis, the rotating radiation pattern is

perpendicular to the collection axis and there should be no observed time dynamics outside of the

standard decay process. We use our bias coils to apply a more uniform magnetic field than our MOT

coils along one of three axis, and use the clock transition frequency to measure the strength of the

field. On the left of Fig. 6.3, we plot the FFTs of the double exponential fit with ∼ 1.1 G bias fields

applied along all three axis. The Ŷ and Ẑ bias fields, nearly perpendicular with our collection axis,

have strong tones in the residuals around 150 kHz. With a 1 G field, the Larmor frequency of the

3P1 F = 9/2 state is 85 kHz, so this beating is consistent with twice this precession rate. The Ŷ

direction has an additional tone around 400 kHz, which is the Larmor frequency of the 3P1 F = 11/2

state, 385 kHz/G. Perhaps a wobbling precession pattern could cause emission at this frequency.

With an applied field along X̂, the collection axis, the Zeeman beats are suppressed as the dipole

emission pattern rotates along the same axis.

We further control the quantum beat signal by modifying decay channels or the light shift

environment. The decay from 3D1 into 3P1 hyperfine levels has different branching ratios depending
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Figure 6.3: Zeeman beats occur when the radiation pattern rotates during decay. Right: FFT
of the residuals in the double exponential decay for three different magnetic field axes, listed in
the caption. The photon collection axis is along X̂, so the Zeeman beat amplitude is attenuated
with a X̂ bias field. Left: FFT of the residuals in the double exponential decay for three different
configurations. A 1 G bias field along Ẑ is applied, and the double exponential decay is observed for
initially populating 3D1 F = 7/2 and F = 11/2, as well as for a high lattice depth of 300 Er.

on the initial state. If we select the 3D1 F = 7/2 state, decay to the 3P1 F = 9/2 and F = 7/2 is

allowable. On the right of Fig. 6.3 we plot the FFTs of the residuals under different experimental

conditions. This data is collected with a 1 G bias field applied along Ẑ. Using the 3D1 F = 7/2

state seems to remove the Zeeman beating present in the 3D1 F = 11/2 initial state data.

All the data presented so far has used a shallow lattice depth of 10 Er near the standard clock

magic wavelength. However this frequency is not magic for 3P1, and strong vector and tensor shifts

can modify the magnetic sublevel energies. To test this effect on the Zeeman beating, we repeat

the experiment using a high lattice depth of 300 Er, shown in salmon on the right of Fig. 6.3. We

expect the tensor light shift on 3P1 to be of order 10-200 kHz for the different spin states [134]. This

causes a spread of frequencies across the trap on the same order as the Larmor frequency, so no

collective Zeeman beat signal is observable.

While observation of the Zeeman beat signal was certainly exciting, it introduces another
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systematic we must bound for the ultimate 3D1 lifetime determination. To reduce this effect, we

periodically check that the field is near 0 and use a shallow lattice depth of 10 Er. We model

the effect of residual magnetic fields causing low frequency Zeeman beats that pull the lifetime by

numerically simulating the double exponential decay. This process is discussed in the supplement

of our accuracy paper, Ref. [2]. With a 10 Er lattice and a magnetic field < 2 mG, Monte Carlo

simulations estimate a 3D1 lifetime error of 3.2 ns, and a 11 ns 3P1 lifetime error.

6.1.2 High Density Interactions

Our initial goal in revisiting the lifetime measurement performed in Ref. [109] was to reduce

the limiting statistical uncertainty by measuring a larger sample. This quickly proved challenging, as

at high densities the decay profile departs significantly from the double exponential decay, Eq. 6.2.

The NIST Yb measurement reported density dependent lifetimes, however still used the same fitting

procedure and simply measured the lifetime using different sample sizes [13]. In Ref. [109], no

density related effects were observed. Collective effects typically scale as the wavelength volume,

λ3, so perhaps it is unsurprising that the long 2.6 µm radiation can generate all sorts of collective

systematics. In Fig. 6.4 we plot data collected using about 105 atoms in a 1 mm sample length. The

black line is a fit to the data using Eq. 6.2, with the fit residuals plotted in the lower panel. At

times less than 10 µs, the fit clearly does not capture the decay effects, with photon counts about

2% higher or lower than the fitted value, depending on the time.

While we attempted to understand the dynamics in this decay process fully,2 it became

apparent that the system was too complicated. The initial pulse was uncontrolled, the magnetic

sublevels were not resolved, the decay channels were too numerous, and the populations and densities

were changing during the course of the experiment. Eq. 6.2 cannot be simply modified by one or two

parameters to properly capture the high density decay signal. Some combination of superradiance,

subradiance, and radiation trapping along many different transitions is likely responsible for this

observed photon flux. The only way around this was to reduce the atomic density.

2Thank you, David Wellnitz, for your hard work attempting to understand this system!
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Figure 6.4: At high densities, the decay profile is modified. The green data are points collected
with a 1 mm long sample of 105 atoms. The black line is an ideal double exponential fit to the data,
Eq. 6.2. The residuals, plotted on the lower panel, indicate departure from this model.

6.1.3 Experimental Approach

How were we to reduce the lifetime uncertainty if we cannot operate with many atoms? The

task seemed daunting as I contemplated how many years I would have to extend my PhD just to

reach the accuracy goals we desired. The 3D1 lifetime directly impacted my own! And even if we

were to reduce the density systematic by operating with far fewer atoms, how do we account for the

modified lifetime due to residual interactions between atoms?

An important understanding of this collective decay process is that the modification to the

decay primarily came from population in the 3P0 state, the strongest decay channel for 3D1. The

model in Eq. (6.2) fits properly if the population in 3P0 is low, as it is the primary state that

contributes to collective effects in the 3D1 decay. Reducing the population in 3P0 and holding a

larger sample in 1S0, we reduce the complicated collective effects on the decay we cared about.

The large reservoir of atoms in 1S0 would allow us to repeatedly populate 3P0 and excite to 3D1,
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periodically refilling the lattice with a new MOT. The MOT and lattice loading contribute most

to the dead time, so increasing the number of decays we measure between MOTs reduces the total

averaging time. By creating a large reservoir of atoms in 1S0, this introduces significant radiation

trapping on the 3P1 decay. In a sense, we trade increased uncertainty on the 3P1 decay for reduced

uncertainty on 3D1 decay.

Our final data was taken with this revised experimental procedure. We begin by loading a

large number of atoms in 1S0 and promote a small portion of the atoms to 3P0. This is done with a

spin mixture and near zero bias field, meaning the maximum population we can load into 3P0 is

about 40% of the total population. We then excite these atoms to 3D1 with a 100 ns laser pulse.

Since most of the atoms decay back to 3P0, we repeat this process 15 times before again exciting

a portion of the 1S0 atoms to 3P0. After 10 clock pulses and a total of 150 3D1 decay cycles, we

Doppler cool the remaining sample. We repeat this excitation and cooling sequence 5 times before

loading a new sample into the lattice. In sum, for each MOT sequence we collect photons from

750 decay cycles. On average we capture less than one photon from the sample per decay cycle,

so pile-up effects, where multiple photons strike the detector within one time bin, are effectively

eliminated.

On the left of Fig. 6.5 we plot the collected photons for each intrashot index, that is the

number of 2.6 µm pulses after a MOT. There are five clear sections of this plot, each corresponding

to 150 3D1 excitations. The drop in number of photons occurs due to some atom loss from Doppler

recooling. Within each of these regions are 10 spikes that correspond to repopulation of the 3P0

state. Over the subsequent 15 3D1 excitations, this population is depleted and the photon rate is

reduced. We use this characteristic photon count rate to align the data. Each photon we collect is

assigned a trigger number that can be tied to an intrashot index after the MOT. We noticed the

counting board would occasionally skip a trigger. Through a pattern matching algorithm, we were

able to ensure that we accounted for these slipped shots and could properly attribute each photon to

an intrashot index.

Although the population that contributes to non-linear collective effects is significantly reduced,
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Figure 6.5: Implementing the new approach to reduce density effects on the 3D1 decay. Left: the
number of photon collected at each point after the MOT, the intrashot index. Five regions of 150
indices correspond to recooling the sample. Each of the ten spikes in each region corresponds to
repopulation of the 3P0 state, which is depleted after 15 pulses of 2.6 µm light. Right: a histogram
of all the collected photons at each atom number. We use the intrashot index as well as images of
the sample to assign an effective atom numbers to each photon.

weaker collective effects are still present. To understand how density affects the measured lifetime,

we measure the total atom number at the beginning and end of the sequence and assign an atom

number to each decay event using the intrashot index. Over the course of the measurement campaign,

we collect 8× 107 photons with a total atom number ranging from 103 to 106. We collect data with

different proportions of atoms in 3P0 and iterate over all three hyperfine levels in 3D1, for a total of

six separate data sets, observing if there are any effects that skew the lifetime. A histogram of all

photons at each atom number is plotted on the right of Fig. 6.5.

6.1.4 Results

With this large set of time and density tagged photon counts, there are numerous techniques

for processing to determine the true lifetime. After evaluating different approaches, we settled on

the analysis framework presented here. Photon counts are sorted into bins by atom number with
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widths of 50 thousand atoms, such that there is one bin for atom numbers from 0− 50, 000, one for

50, 000− 100, 000, and so on. To each bin, we fit the ideal double exponential decay model, Eq. 6.2,

excluding 500 ns around the excitation pulse. We found it critical to use a maximum likelihood

approach to fitting, as it properly accounts for the Poisson statistics governing time steps with

low or no counts. The results of the fits for all measured hyperfine levels and proportion of atoms

in the excited state are shown in Fig. 6.6. On the left (right) we plot the 3D1 (3P1) lifetime at

different mean atom numbers for each bin. Each plot is a different initial hyperfine level in 3D1,

with different markers indicating the proportion of total population in the 3P0 state at the beginning

of the sequence, either 5%, 20%, or 40%. The error bar for the atom number indicates the width of

the atom number bin. The error bars for τ are from the statistical uncertainty of the maximum

likelihood fit to Eq. 6.2.

It is apparent in the data that there is still a significant dependence on density, and that

dependence varies under different conditions. As in Ref. [13], we fit the lifetime density dependence

τ(n) = τ0/(1 + cn), where n is the camera measured atom number and is proportional to density,

τ0 is the single atom lifetime, and c is the density dependence coefficient. At very high density, we

notice that the data deviates from the linear model, so we choose to exclude data above 8 × 105

atoms in these fits. This choice does not change the final reported value. These fits are shown for all

data sets in Fig. 6.6, with the shaded area indicating the fit uncertainty. The fits use orthogonal

distance regression to properly account for the atom number bin width.

With small population in the 3P0 state, the measured lifetime is shorter at higher density.

However, by initially placing 40% of the population in 3P0 the trend is reversed and higher density

results in a longer observed lifetime, as shown for the F = 11/2 data in Fig. 6.6. As with the

F = 11/2 decay data, the F = 7/2 data shows a shallower slope with an increased population ratio

in the 3P0 state. As expected, the ratio of population in 3P0 has a smaller effect on the 3P1. For the

F = 11/2 40% data, the ground state has a smaller population on average, so radiation trapping

effects are reduced and the corresponding overall density dependence is reduced.

We use these fits to extrapolate to a single particle lifetime, shown in Fig. 6.7. The error bars
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Figure 6.6: Density dependence for the 3D1 and 3P1 lifetime over different hyperfine states (F ) and
initial population proportions in the 3P0 state, indicated as a % in the legend. To each data set, we
fit a density dependent lifetime, shown as the lines on each plot with the shaded region indicating
the fit uncertainty.

for each of the points is from the statistical uncertainty of the density dependence fit. The solid

orange line indicates the weighted average of all points, and the dashed orange lines indicate the

statistical uncertainty. The solid light orange lines represent the combined statistical and systematic

uncertainty of each lifetime. The τ3D1
data is well scattered around the mean, but it is clear that

the τ3P1
data is overscattered. This may be a result of the trade off we made to determine the 3D1

lifetime, increasing the radiation trapping effect on the second decay.

The total uncertainty in the 3D1 lifetime is dominated by statistics and quantum beats, as

shown Table 6.1.4. We consider two other smaller sources of uncertainty, photon counter timing and
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finite pulse duration. The multi-channel scaler quotes a < 710 ps rms timing jitter, which we take as

a conservative bound on the timing error. As described in Ref. [109], finite pulse duration modifies

the decay dynamics from a true double exponential. To circumvent this, we cut out 500 ns about

this laser pulse, with a residual error from this approach is below 0.1 ns. The final 3D1 lifetime is

2.1560± 0.0052 µs. Similar sources of uncertainty exist for the 3P1 lifetime, presented in Tab. 6.1.4.

We find τ3P1
= 21.327± 0.033 µs.

Table 6.1: 3D1 lifetime uncertainty.

Effect Uncertainty (ns)

Statistical 4.0

Quantum beats 3.2

Photon counter timing 0.7

Finite pulse duration 0.1

Total 5.2

Our result here notably differs from the measurement in Ref. [109], which found τ3D1
=

2.18(1) µs. This discrepancy may be explained by the different regimes of these measurements. In

Ref. [109], the experiment was performed with the population entirely in the 3P0 state, leading to

a higher effective optical depth (OD) on the 3D1 →3 P0 decay along the collection axis. With a

similar OD we observe longer lifetimes. For our measurements, we estimate an OD on the 3D1 decay

with 100% of the atoms in 3P0 to be roughly 12 per million atoms. In Ref. [109], we estimate an OD

of 1000 per million atoms.

6.2 Evaluating The Dynamic Coefficient

With a properly measured 3D1 lifetime, we need a reevaluated dynamic term. Since this

lifetime dominates the dynamic term, this shift has been calculated exclusively using this lifetime, as

in Ref. [109]. In Ref. [81], the authors develop a technique to incorporate many atomic observables to

calculate the dynamic shift. Our understanding and observations of the strontium atom should be self-
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Figure 6.7: Single particle 3D1 and 3P1 lifetimes over different hyperfine states (F ) and initial
population proportions in the 3P0 state, listed as a % above the data. The gold line is the weighted
average for each lifetime. The dashed gold lines represent the statistical uncertainty and the solid light
gold lines indicate the combined statistical and systematic uncertainties, as reported in Tabs. 6.1.4
and 6.1.4.
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Table 6.2: 3P1 lifetime uncertainty.

Effect Uncertainty (ns)

Statistical 31.1

Quantum beats 10.5

Photon counter timing 0.7

Finite pulse duration 0.1

Total 32.8

consistent, so the calculation of νdyn should be based upon more than one measurement. For example,

the 3D1 oscillator strength directly affects the magic wavelength [132], so both measurements should

help constrain each other. The sum-over-states polarizability formula links observables across the

frequency spectrum:

αi(ν) = αcorei +
ε0c

3

(2π)3

∑
k

2Jk + 1

2Ji + 1

Aki

ν2
ik

(
ν2
ik − ν2

) . (6.3)

For state i, αcorei is the core polarizability, Aki are the Einstein A coefficients to states k, νik are the

transition frequencies, and Ji and Jk are the angular momentum of the states. The sum is over all

the intermediate transitions. With this formula we compute various observables {y′j ({Ak})} that

depend on αi(ν), including the magic wavelength and DC polarizability of 1S0 state in addition to

measured A coefficients. Our goal is to determine a set of fitted Ak that minimize a χ2 function:

χ2 =
∑
j

(
y′j ({Ak})− yj

σj

)2

, (6.4)

where yj is the experimental value and σj is its uncertainty. Through this χ2 minimization, we

determine a set of A coefficients that best describes the observed quantities {yj}. The observables

used to calculate the dynamic shift are presented in Tab. 6.2. Appropriately propagating uncertainty

through this linked fit is an opaque task. We vary the observables within their uncertainty using

a Monte Carlo sampling technique, systematically remove observables from the fit, and vary the

number of fitted Ak to create a distribution of νdyn. More details about this procedure are in the
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Table 6.3: Observables used for calculating νdyn. More details of this selection process are described
in Ref. [70]

yj Value Reference

A[(5s5p)1P1 → (5s2)1S0] at 461 nm 1.9001(14)× 108 s−1 [162]

A[(5s5p)3P1 → (5s2)1S0] at 689 nm 46888(68) s−1 [2]

A[(5s4d)3D1 → (5s5p)3P0] at 2603 nm 2.7619(64)× 105 s−1 [2]

A[(5s5s)3S1 → (5s5p)3P0] at 679 nm 8.348(66)× 106 s−1 [57]

α((5s2)1S0, ν = 0) 3.07(24)× 10−39 Cm2V−1 [133]

∆α(ν = 0) 4.07873(11)× 10−39 Cm2V−1 [101]

Magic wavelength near 813 nm, νmagic
813 368 554 825.9(4) MHz [70]

∂∆α/∂ν(ν = νmagic
813 ) 1.859(5)× 10−11 [70]

Magic wavelength near 390 nm, νmagic
390 768917(18) GHz [137]

Tune-out wavelength near 689 nm, νto 434 972 130(10) MHz [57]

α(3P0, ν = νto) 2.564(13)× 10−38 Cm2V−1 [57]

supplement of Ref. [2]. Through this procedure, we determine νdyn = −153.06± 0.33 mHz at 300 K.

This procedure was recently reproduced at NTSC in China, with further investigation into the

minimization algorithm [31].

At our accuracy goals, the dynamic correction cannot be used with a simple T 6 scaling as

done previously. This shift should be done by evaluating the integral across the BBR spectrum. A

higher order power expansion does suffice, as was demonstrated in Ref. [81]. Between 200 K and

300 K, we fit a power expansion to the numerically calculated integral of the form:

∆νdyn = η6

(
T

T0

)6

+ η8

(
T

T0

)8

+ η10

(
T

T0

)10

, (6.5)

with η6 = −0.132606 Hz, η8 = −0.011413 Hz, and η10 = −0.009013 Hz, and T0 = 300 K.
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6.3 Measuring Temperature

With a properly determined atomic response function, we now need to measure the temperature

the atoms experience. Two approaches have been used to measure the radiant temperature at the

atoms: an in-vacuum BBR shield, and in-vacuum thermometry at the atoms. In the NIST YB group,

a BBR shield made of copper creates a uniform radiation environment for the atoms, with sensors

on this shield used to determine the boundary temperature of the system [11, 13]. The Ye Sr group

has historically used in-vacuum probes that allow determination of the radiant temperature at the

atomic location, see Ref. [21, 109]. The group at KRISS uses a combination of an in-vacuum probe

and a in-vacuum shield to precisely characterize the black body environment in a Yb clock [58].

For the rebuilt Sr1 system, we decided to measure temperature using an in-vacuum probe

mounted on a translation stage [36]. Periodically inserting the sensor during operation allows us

to check for temperature drifts. Additionally, with many active temperature loops stabilizing the

vacuum system and all viewports, the outer vacuum acts as a reliable BBR shield. Two sensors are

mounted on the end of a translatable arm. This arm is mounted on an auxiliary vacuum chamber

connected to the main chamber via a gate valve. We close the gate valve during regular operation,

opening it to extend the sensor arm and measure temperature.

For the in-vacuum sensors, we choose thin film platinum resistance thermometers (TFPRTs),

which have a resistance that is a function of temperature. By precisely measuring this resistance, we

deduce the temperature of the resistor. The Callendar–Van Dusen equation describes this effect [52]:

R(T ) =
(
A+BT + CT 2

)
(Ω), (6.6)

where A, B, and C are are resistor dependent fitted coefficients. Note this form is only valid for

temperatures between 0 ◦C and 661 ◦C. We reparamatarize this equation by factoring out a resistance

offset, typically at a fixed point realization, R0, giving the form:

R(T ) = R0

(
1 + aT + bT 2

)
(Ω), (6.7)
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where a and b are modified fitting constants. To determine the temperature given a resistance, we

simply factor eq. 6.7:

T =
−aR0 ±

√
(aR0)2 − 4(bR0)(R0 −R)

2bR0
. (6.8)

Note that R0 does not necessarily have to be at 0 ◦C, and by moving our offset we can modify the

total temperature uncertainty.

We employ a standard four wire measurement technique to determine the thermistor resistance,

where two leads provide an excitation current and two leads with no current are used to measure the

voltage drop. To determine the current, we interleave measurements of a stable resistance standard

Rstd = 100 Ω with measurements of the thermometer RPRT. The resistance of the PRT is not

the only thing that changes as a function of temperature. Thermoelectric voltages, especially at

connections, can cause measurement errors. To combat this, we alternate between positive and

negative currents and measure the respective voltages V +(−). The final resistance value RPRT is

determined by four voltage measurements:

RPRT =
V +
PRT − V

−
PRT

V +
std − V

−
std

Rstd. (6.9)

Another source of error is self heating of the sensors. Since the NIST calibrated sensors and

the in-vacuum TFPRTs have very different self heating, we need to accurately determine what the

effect of the excitation current is on the measured temperature. With the self heating proportional to

the power through the resistor, we extrapolate to 0 current with two different current measurements.

Labeling the currents as conditions A and B, we extrapolate the resistance R at I = 0A:

R(I = 0) = RA − PA
(
RB −RA
PB − PA

)
, (6.10)

where PA,B is the power dissipated at currents A, B. The term in the parenthesis is the slope of

the R as a function of P curve linearly extrapolated from currents A and B. With Ohm’s law, we
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simplify to find:

R(I = 0) =
(I2
A − I2

B)RARB
I2
ARA − I2

BRB
. (6.11)

We interleave resistance measurements at 100 µA and 200 µA for the calibration and 50 µA and

100 µA for standard operation. Nevertheless, we have not observed any self-heating at these low

currents, and both current measurements agree within uncertainty.

The two in-vacuum temperature sensors are TFPRTs from YAGEO-Nexensos (part no.

32208519). The two chosen sensors were selected from a batch of 10 sensors after observing

the measurement stability after numerous thermal cycles up to 200 ◦C. We use a dry-block technique

to calibrate the TFPRTs. Two NIST-Gaithersburg calibrated platinum wire wound temperature

sensors, labeled R17 and R18 in Ref. [141], are mounted in a temperature controlled copper block.

These sensors were re-calibrated in 2020, and once mounted in the block agree within their uncertainty.

For calibration, the TFPRTs are inserted between the two wire wound sensors. The block and

environment are varied from 16 to 31 ◦C, and the results are fit with Eq. 6.6. The total calibration

uncertainty for both sensors at 20 ◦C is 2 mK. The environment of the dry block is controlled to

200 mK, leading to a differential immersion error between the three sensors of 1.2 mK. Once installed

in-vacuum and baked over a prolonged period at 150 ◦C the sensors continue to agree within their

combined uncertainty. Further details about this calibration process are in Appenix A.

In Fig. 6.9, we plot the measured temperature at the atoms. In standard operation, we

alternate measurements of both sensors and take the average, plotted as gold points. The black line

is a binned average over 10 minutes. Periodic oscillations in the temperature on the hour timescale

are likely due to weak coupling to room temperature, that oscillates up to 2 ◦C on a similar timescale.

An overlapping Allan deviation of the data on the right shows this behavior, with the temperature

uncertainty averaging down as white noise to 0.2 mK in 100 s before rising at longer times. Despite

this oscillation, the temperature is very stable over long times, and we repeatedly measure < 10 mK

variations over weeks.

With two correlated sensors and two calibration curves for each sensor, we cannot simply sum
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uncertainty and divide by 2, so instead we use a linear pooling technique. In Fig, 6.10, we present

the linear pooling approach to determine sensor uncertainty. Each Gaussian represents a sensor and

calibration curve, with the Gaussian width given by the calibration uncertainty. The gold line is an

area-normalized sum of these four curves, with the red star indicating the mean value. We use 95%

confidence intervals, indicated by the shaded region, to give the error bars on the total calibration

uncertainty. Typically, this results in a 3− 4 mK temperature uncertainty.

Immersion error arises when the act of measuring a temperature sensors modifies the measured

temperature, such as conductive coupling along the sensor support structure. Using an in-vacuum

translation stage, we bound immersion error by measuring temperature gradients along the translation

axis. Our standard operation procedure is to match the temperature at the retracted position

with the temperature at the fully extended position, where the atoms are located. The auxiliary

chamber supporting the translation arm has separate temperature control loops, allowing us to

modify its temperature without strongly affecting the main system. In Fig. 6.11, we plot the

extended temperature as a function of the retracted temperature. The slope of the measurement

is 0.13 ◦C/◦C, so if the retracted temperature within the auxiliary chamber is 10 mK below the

extended measurement at the atom location, the true temperature is 1.3 mK higher than the

temperature measured in the extended state. Under standard operation, we are able to keep the

retracted position < 20 mK different than the extended temperature. We typically treat this effect

as pure error, and do not correct the measured temperature.

Images of the temperature probe are shown in Fig. 6.8. The two temperature sensors on

the translation stage have different lines-of-sight to the vacuum chamber and thus are sensitive to

thermal gradients, so rotating the probe modifies this differential temperature coupling. Within the

sensor uncertainties, we have noticed no temperature differences in any orientation, confirming the

lack of thermal gradients.

The wire wound sensors are calibrated to the ITS-90 temperature scale, which deviates

from true thermodynamic temperature. Near room temperature, this correction is quadratic in

temperature [141]. At our operational temperature, this is a 2.8 mK correction with a 0.4 mK
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Figure 6.8: The thermal probe system. Top: the thermal probe under contruction. Two thin
film platinum resistance thermometer are mounted to the end of a ceramic arm mounted on a
magnetically coupled in-vacuum translation stage. We can fully extend this system in vacuum to
measure the temperature at the atomic sample. Bottom: image of the thermal probe auxiliary
chamber. This is mounted adjacent to the main system and can be closed off with a gate valve. The
auxiliary chamber has its own pump, the red SAES box, and an RGA to determine the background
gas composition.

uncertainty.

The total uncertainty budget is presented in Tab. 6.3. The operational temperature is
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295.267 ± 0.0041 K, with the measurement uncertainty alone account for a BBR fractional shift

uncertainty of 2.8× 10−19. It is important to periodically measure the radiant temperature. As will

be discussed in Ch. 8, for high accuracy operation in a clock comparison, we choose to measure

the temperature before and often after each comparison run. We have not noticed significant

disagreement between daily measurements, but the temperature does change 10 mK over the

course of weeks. The oven has no direct line of sight to the atoms, and we notice no fast coupling

between the oven temperature and the measured temperature. However it does represent a heat

load, so we notice that the radiant temperature will increase by a few mK as its surroundings heat

up. We also observe some heating of the chamber from the bias coils and leave them on during

temperature measurements. There appears to be no thermal coupling between the MOT coils and

the in-vacuum measurement under a standard MOT current and duty cycle. For the most accurate

temperature reading, as in the NIST comparison campaign, we leave the system on overnight before

each measurement to ensure a fully thermal and stabilized environment. Thermometry before and

after each comparison measurement indicates minimal temperature drift < 5 mK.
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Figure 6.9: The temperature measured at the atoms. The gold points are an average of the two
sensors using two calibration curves. The black line is a binned average over a 10 minute interval.
On the right, we plot an overlapping Allan deviation of the temperature. Over short time scales, the
temperature averages as white noise. At longer times, T > 103 s, temperature flicker and drift lead
to greater instability.
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Figure 6.11: To understand the immersion error of the temperature probe, we modulate the
temperature of the auxiliary chamber and measure the temperature at the atoms and in the retracted
position. The salmon colored line is a fit to this data, and has a slope of 0.13 ◦C/◦C.
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Table 6.4: Temperature uncertainty for the in-vacuum radiant measurement. This table is for the
measurement presented in Fig. 6.9, measured October 16, 2024 and differs from the measurement
presented in Ref. [2]. The calibration error arises from the linear pooling 95% confidence interval
shown in Fig. 6.10. The 2 hour temperature instability is calculated using an overlapping Allan
deviation, presented on the right of Fig. 6.9.

Uncertainty source Uncertainty (mK)

Calibration error 3.7

JILA calibration immersion error 1.2

Immersion error 1.3

ITS-90 correction 0.4

2 hour temperature instability 0.5

Total uncertainty 4.1



Chapter 7

Accuracy

So far, we have tackled some of the largest sources of systematic uncertainty in a Sr OLC: the

blackbody radiation shift in Ch. 6, the lattice light shift in Ch. 5, and the density shift in Ch. 4.

Only a few sources of small systematic shifts remain. In this chapter, we will discuss completing the

systematic evaluation of Sr1, making it the most accurate clock built to date. In order to operate

accurately, we need to identify an appropriate set of operational conditions. This will then guide the

remaining evaluation of systematic shifts, including the first and second order Zeeman, tunneling,

and background gas shifts. All these shifts are tabulated in Tab. 7.9, summing to 8.1× 10−19. Much

of the work presented in this chapter is covered in our Physical Review Letters article entitled “Clock

with 8× 10−19 Systematic Uncertainty,” Ref. [2].

7.1 Operational Conditions

To properly characterize and control systematic shifts, measurement precision together with

repeatable and reliable operation are key. The most distinguishing feature of the new Sr1 system is

the operation using a 10 Er shallow lattice depth, nearly zero density shift, and low 100 nK radial

temperatures. We have already discussed the approaches we use to ensure a reliable BBR correction,

including table and chamber temperature stabilization, and frequent measurement of the radiant

temperature at the atoms. Reliable and repeatable sample preparation is also key, with the motional

and spin states directly impacting the density shift, lattice light shift, and many others. While our

blue and red MOTs are standard among strontium experiments, the additional Doppler and resolved
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sideband cooling allows us to prepare a ground band, 700 nK sample in a 300 Er lattice. Through

the frequency comb, this cooling light is stabilized at low frequency to the same cryogenic silicon

resonator that stabilizes the clock light. The 3P1 linewidth is 7 kHz, which is a similar scale to the

daily drift rate of a good ULE resonator. Tieing the Doppler cooling light to the silicon cavity results

in a few Hz/day drift, so there is no appreciable change to our atomic temperatures over many days.

After spin polarizing in the stretched states, we transfer the population to the mF = ±5/2 states to

make use of the least magnetically sensitive transition. As discussed in Ch. 4, we operate near the

“magic depth” around 10 Er to reduce collisional effects. After adiabatically reducing the lattice

depth, our sample is consistently around 100 nK in radial temperature. We briefly reduce the lattice

depth to the single band regime (∼ 3 Er) before readout to ensure that the only measured atoms

are in the nZ = 0 state. This robust procedure mitigates potentially poor sample preparation as

well as heating during spectroscopy, ensuring reliability and low uncertainty of the lattice light shift.

Between sample preparation and readout, the dead time is 1 s during standard operation.

Based upon a noise model of the clock laser, Dick effect noise is minimized with a 2.43 s Rabi

interrogation time [114]. A long clock interrogation time also reduces the light shift associated with

clock light as well as line pulling from neighboring transitions. A digital servo with two integrators

tracks the atomic transition by alternating spin states and sides of the Rabi lineshape. Using the Si3

laser model, we expect a Dick effect limited single clock stability of 5× 10−17/
√
τ/s for averaging

time τ [114].

7.2 First Order Zeeman

While we use the least magnetically sensitive Sr clock transition, drifting magnetic fields and

low frequency noise may lead to an uncompensated first order Zeeman shift [114]. Our typical

clock measurement sequence alternates between |1S0, mF = +5/2〉 → |3P0, mF = +3/2〉 and

|1S0, mF = −5/2〉 → |3P0, mF = −3/2〉 transitions with two different atomic servos. The average

frequency of the two servos rejects static Zeeman shifts.

Consider a 1 mG jump in the magnitude of the magnetic field occurring within the dead time
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between the two locks, shifting the second frequency ∼ 50 mHz or 10−16. This will appear as a

center frequency shift of 25 mHz, far above the desired systematic uncertainty. The clock servo will

be able to track this, so the frequency shift of a static change in field will appear in a single lock

point. If this point remains, the clock frequency will take a while to average away this jump. The

lab magnetic field environment is more complicated than just a single jump, with many magnetic

items such as power supplies, optomechanics, and two other running Sr clocks. How does the noisy

magnetic field environment aliased by the clock lock affect frequency stability?

To characterize the magnetic field environment, we use the 26 times more magnetically

sensitive |1S0, mF = −5/2〉 → |3P0, mF = −7/2〉 transition. This allows us to use the same sample

preparation technique as in our standard operation, maintaining an identical duty cycle and field

switching dynamics. We look at the frequency difference between successive measurements of the

same transition, which contains the first order Zeeman coupling at our duty cycle. As in our standard

scheme, two separate atomic servos ensure that this measurement is not correlated via the lock. An

overlapping Allan deviation of this frequency series is shown in Fig. 7.1. The average difference is

consistent with 0, and the measured noise floor of 1.8× 10−18 represents an upper bound on the

magnetic field noise. After scaling to the operational transition, we find a 7× 10−20 uncertainty on

the first order Zeeman shift.

This systematic shift certainly presents an obstacle for building a next generation Sr system

with uncertainty < 10−19, indicating that better magnetic field isolation is necessary. Borrowing

techniques from other precision measurement fields, we might approach < 1 ppm field stability [100].

Without modifying our field environment, simultaneous spectroscopy of two spin states may allow

for full rejection of the first order Zeeman shift. By preparing two regions of the cloud in two

different spin state, driving the clock transition with two frequency tones, and using imaging readout,

temporal variations in the magnetic field are trivial to reject. The NIST Yb group has pursued

this technique, loading two opposite sign magnetic sublevels in separate atomic clouds during a

single cycle [55]. This does require a more complicated experimental sequence as well as real time

processing to implement, but is an attractive approach to solving this systematic.
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Figure 7.1: First order Zeeman systematic measurement. Left: the frequency difference between
subsequent measurements of the |1S0, mF = −5/2〉 → |3P0, mF = −7/2〉 transition. Right: the
overlapping Allan deviation (OADEV) of this frequency record. The solid green line represents a flicker
floor of this measurement at 1.8× 10−18. Our standard |1S0, mF = ±5/2〉 → |3P0, mF = ±3/2〉 has
26 times less magnetic sensitivity, so the operational flicker floor should be 7× 10−20. We treat this
flicker floor as the first order Zeeman shift uncertainty.

7.3 Second Order Zeeman

In the J = 0 strontium clock states, the second order Zeeman effect arises from mixture with

other fine structure states, leading to a shift ∝ B2. The ground state is far away in energy from

other levels, so the primary source of this effect is the interaction between 3P0 and 3P1. Under the

Zeeman Hamiltonian HZ , the second order Zeeman shift [25]

∆
(2)
B = −

∑
F ′

|〈3P0, F,mF |HZ |3P1, F
′,mF 〉|2

ν3P1,F ′ − ν3P0

, (7.1)

where ν is the energy of the state in the subscript. While this shift can be written as a function of

measured atomic parameters and the applied magnetic field, the standard approach has been to

measure a coefficient for the frequency of the clock transition as a function of magnetic sublevel

splitting. The second order Zeeman shift can then be corrected on the fly, compensating for drifting
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magnetic fields. This coefficient has been measured precisely over the years, including recently in

Ref. [21], as well as precisely calculated in Ref. [84].

Operation on the |1S0, mF = ±5/2〉 → |3P0, mF = ±3/2〉 transition requires reevaluation of

the second order Zeeman coefficient for our desired accuracy goal. This shift ∆νZ2 goes as

∆νZ2 = ξσ±mF =∓5/2 (∆meas −∆vec)
2 , (7.2)

where ξσ±mF =∓5/2 is the second order Zeeman coefficient on our operational transition, ∆meas is the

measured frequency difference between the operational transitions, and ∆vec is the splitting due to

the lattice vector shift.

To determine ξσ±mF =∓5/2 precisely, we perform self-comparison measurements, similar to the

lattice light shift measurement technique presented in Ch. 5.2. We compare the frequency difference

between a static reference field near 0.7 G and a variable field from 0.3 to 1.5 G. Experimental results

are shown in Fig. 7.2. ∆vec is measured independently by modulating the lattice depth, see Ch. 5.

We measure this effect in a shallow 10 Er lattice depth, so the lattice light vector shift remains

small for all applied bias fields. We find a ξσ±mF =∓5/2 = (−0.12263± 0.00014) mHz/Hz2. At the

operational field near 397 mG, the second order Zeeman shift ∆νZ2 = (−85.51 ± 0.10) × 10−18.

Further reducing the bias field does reduce the second order Zeeman shift and uncertainty. For

significant reduction in shift uncertainty, a more precise determination of ξσ±mF =∓5/2 is needed,

ideally using a stronger bias field to increase the lever arm.

Operating at different lattice depths and bias fields yields a different vector shift. While this is

negligible for the coefficient measurement depth near 10 Er, for locks where we significantly modify

operational conditions, we implement realtime calculation of ∆vec. Using ∆meas as well as the lattice

depth, lattice ellipticity, and the angle between the angle between the lattice k vector, measured in

Ch. 5.4, we can correct for a varying ∆vec without reevaluating the lattice light shift.
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Figure 7.2: Second order Zeeman shift coefficient measurement. We vary the applied magnetic field
and measure the splitting and the frequency shift. We fit the data with Eq. (7.2) and plot this fit
in green. The lower panel shows the fit residuals with the shaded green region representing the fit
uncertainty.

7.4 Tunneling

At shallow depths, superposition of states in neighboring sites can cause frequency shifts. First

identified in Ref. [79], the maximum possible frequency shift due to this effect goes as Ω0Ω1/∆g,

where Ω0 and Ω1 are the Rabi frequencies of the carrier and first Wannier-Stark sideband and ∆g

is the frequency difference between neighboring lattice sites. At the operational depth near 10 Er,

the off-site Rabi frequency is appreciably large, leading to a maximum shift of ∼ 2× 10−19. While

the coherent superposition of neighboring states is likely small, it is difficult to directly measure

and control this effect. Instead, we opt to use a Rabi pulse time that is a half integer multiple

of the oscillation period of the tunneling shift, which is the inverse of the energy offset between

neighboring sites [79]. The shift has a sinusoidal envelope, going to zero at each oscillation period.

We measure the splitting between neighboring lattice sites to be 867.7461± 0.0004 Hz. With a pulse
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time of 2.4298583 s and a conservative timing uncertainty of 1 µs, the maximum tunneling shift is

2× 10−21.

7.5 Background Gas Shift

Collisions between trapped strontium atoms and background gas result in a systematic

frequency shift [46]. Glancing collisions with residual gas elements in the vacuum create phase

shifts, that in sum generate an overall frequency shift. As demonstrated in [5], the shift is inversely

proportional to the vacuum lifetime τvac, and goes as:

∆νBG = (δνbg/ν)× 1/τvac, (7.3)

with the shift coefficient δνbg/ν = (3.0 ± 0.3) × 10−17 s measured in Ref. [5]. τvac is measured as

the 1/e decay time of an exponential decay fit to the atomic population to determine the vacuum

loss rate. This coefficient was measured by modifying the vacuum hydrogen level by heating an

non-evaporable getter, and thus the frequency shift is due primarily to collisions with molecular

hydrogen.

We use a residual gas analyzer (RGA) with an electron multiplier stage to measure the partial

pressures of the vacuum up to 300 atomic mass units. The RGA does not have direct line of sight to

the atoms, so the absolute pressure values it reads are likely inaccurate. Mounted in an auxiliary

chamber that also holds the temperature sensor and translation arm, we believe the local pressure

and non-hydrogen vacuum contaminants the RGA measures to be significantly higher than in the

primary chamber. However, the relative pressures are indicative of the gas makeup in our system.

The partial pressures for each atomic mass are shown in Fig. 7.3. We confirm that the dominant

species in the vacuum is hydrogen, with a partial pressure of 2 × 10−10 Torr at the RGA. Other

significant vacuum contaminants include H2O, N2, CO, and CO2, all with partial pressures below

5×10−11 Torr. The background gas coefficient reported in [5] was measured in a hydrogen dominated

system, so it is valid in this environment.
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Figure 7.3: Background gas composition of the vacuum system. Using a residual gas analyzer
equipped with an electron multiplying stage, we measure partial pressures of vacuum contaminants
up to 300 atomic mass units (AMU), as shown in the top plot. The right plot highlights the
predominant species in the vacuum. As expected, hydrogen molecules dominate the residual gas
composition of our vacuum system.
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Figure 7.4: To measure the vacuum lifetime, we hold an atomic sample in the lattice and measure
the atom number decay over time. The solid line shows an exponential fit to the atom number, and
the shaded area shows the fit uncertainty. The vacuum lifetime is 63.6± 2.5 s.

We measure the vacuum lifetime by measuring the atom number as a function of hold time

in a deep lattice. Background gas collisions with this trapped sample lead to atom loss over time.

We fit this data to an exponential decay and find a vacuum lifetime of 63.6± 2.5 s. The results are

presented in Fig. 7.4. This measurement is vacuum limited, as slightly increasing pressure leads to a

shorter measured lifetime. With this lifetime, the background gas shift is (−4.7± 0.5)× 10−19.
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Despite the long vacuum lifetime in Sr1, the background gas shift remains one of the largest

sources of uncertainty. This is a difficult systematic to fully characterize, as the interactions between

Sr and background gas particles are poorly understood. A more comprehensive measurement of

δνbg is needed, including dependence on background gas composition. Research using cold atoms

to precisely characterize UHV environments has developed techniques that might be implemented

on the next Sr1 system [8]. A reduction in the background gas is also a worthwhile endeavor for

reducing this systematic. Vacuum lifetimes in other cold atom experiments have exceeded 1000 s [91],

and cryogenic operation may further reduce collisions [170].

7.6 DC Stark

Differential DC polarizability between the clock states results in the DC Stark shift, where

static electric fields shift the clock transition frequency. While our vacuum chamber is conductive

stainless steel, insulating windows and cavity mirrors can accrue charges [110]. The first in-vacuum

build up cavity for a 1D lattice clock experience patch charges on the cavity mirrors, leading to an

untamable systematic shift [82]. Any insulating surfaces have the possibility to accrue patch charges,

and using a piezoelectric actuator for one of the cavity mirrors caused additional concerns. Due to

this history, the DC Stark shift was top of mind during the design of Sr1. Through Comsol modeling,

John Robinson designed “Faraday cups,” copper pieces that ring each mirror, acting as Faraday

cages to shield atoms from patch charges. Tobias Bothwell’s thesis contains more details [18]. To

measure the DC stark shift and possibly apply a field correction, a set of two in-vacuum quadrant

electrodes surround the atoms, illustrated in the schematic in Fig. 2.3. Simply by swapping the

conductor configuration, we can apply electric fields at the atoms in all three directions.

With this hardware, measuring the background DC stark shift is a rather easy task. The

frequency shift ∆νbg in a background electric field Ebg is:

∆νbg = α(0)E2
bg, (7.4)
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where α(0) is the differential polarizability at DC. To measure Ebg, we apply a much stronger

electric field using the in-vacuum electrodes and measure the resultant clock shift. A schematic

of this approach is shown on the left of Fig. 7.5. In our measurement, we alternate between three

configurations, a positive field, a negative field, and the background field with grounded electrodes.

With an applied electric field Eapp the frequency shift is due to a vector sum of the applied field and

the background field. In one direction, this is,

ν± = α(0)(Ebg ± Eapp)2 + νSr. (7.5)

The grounded electrode configuration results in the strontium frequency νgnd. The frequency

differences between positive and negative fields,

ν+ − ν− = α(0)
(
(Ebg + Eapp)

2 − (Ebg − Eapp)2
)

= α(0) (4EbgEapp) . (7.6)

Solving for the background field shift, Eq. 7.4, we find,

∆νbg =
(ν+ − ν−)2

16α(0)E2
app

. (7.7)

Here α(0)E2
app is simply the applied electric field shift absent a background field. The total background

field shift becomes,

∆νbg =
(ν+ − ν−)2

8 (ν+ + ν− − 2νgnd)
. (7.8)

An attractive feature of this approach is that the larger the applied field the better the background

field determination. With the in-vacuum electrodes, we can apply large fields to quickly measure

small background shifts.

An experimental measurement of the field along the Ẑ direction is plotted in Fig. 7.5. In the

center panel, we apply an electric field along Ẑ and alternate the polarity of the 80 V applied between

electrodes. This generates a roughly 5 Hz frequency shift between the background configuration
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Figure 7.5: DC Stark shift measurement. A background electric field, Ebg, causes a frequency shift
∆νZbg from the true strontium frequency νSr. We apply an electric field, ±Eapp, and measure the
resultant frequency shifts ν+,− as well as the grounded field frequency, νgnd. This shift is quadratic
with applied field, as shown on the left. A DC stark shift measurement record along Ẑ is presented
in the center and left panel. The applied field generates a 5 Hz shift for both field polarities. The
average frequency difference between the two configurations, ν+ − ν− = −7.4× 10−18, shown as the
solid teal line. Using Eq. 7.8, we find ∆νZbg = −(3± 6)× 10−22. The total DC stark shift is a vector
sum along all three axes, reported in Tab. 7.6.

and the high field configuration. This frequency shift is stable and averages as white noise. On the

right, a histogram of ν+ − ν− shows a very small frequency difference between the two polarities,

indicating a small background field. The average frequency difference is 10−17, indicated by the solid

blue line. Using Eq. 7.8, this measurement indicates a background DC Stark shift of 3× 10−21.

Since Sr1 was constructed, we have made 4 DC Stark shift measurements, all indicating

∆νbg < 10−18 along all directions. As of writing, the most recent measurements were completed

in July 2024, shown in Tab. 7.6. In this measurement set, the total DC stark shift is < 10−20.

Additionally, using in-situ imaging to study gradients across the sample resulted in no clear DC

stark shift gradient [22].

7.7 Room Light

Much like how the broad, incoherent radiation from the room temperature chamber causes a

frequency shift, we expect ambient room light to also cause a differential shift. Calculating this effect
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Table 7.1: DC Stark shifts measured July 2024.

Axis ∆νbg (10−21) Uncertainty (10−21)

X̂ -4.2 3.2

Ŷ -0.9 1.3

Ẑ -0.3 0.6

Total Shift -4.3 3.2

is much like the BBR correction: we need to know the atomic response function and the spectrum

and intensity of the light hitting the atoms. Now seldom used, incandescent light bulbs are near

ideal BBR emitters. A hot filament around 3000 K emits broad thermal radiation, some of which is

visible, while much of the IR light is absorbed and heats the bulb glass. On the left of Fig. 7.6 we

plot the wavelength dependence of the strontium shifts to 1S0 and 3P0 as well as the spectrum of a

3000 K black body. Unlike the room temperature BBR correction which is dominated by the DC

polarizability, broad visible light addresses many transitions in Sr. To calculate the effect of this

spectrum on the atoms, we must sum the contributions of all visible transitions weighted by the

spectrum of the light. This ends up being rather imprecise, as the polarizability of Sr at shorter

wavelengths is less well known. Additionally, we do not have precise knowledge of the spectrum or

intensity of ambient visible light the atoms are exposed to.

Nevertheless, we can get some intuition regarding the effect of room light by roughly calculating

the effect of a BBR spectrum in the visible range, as shown on the left of Fig. 7.6. We model a visible

light as a 100 W BBR spherical emitter located 1 m away from the atoms. Using the polarizability

data provided in Ref. [81], we calculate the shift in response to such an emitter. Interestingly, the

shift is actually largest with a BBR emitter near 100 K. At this temperature, the center of the BBR

peak is near 30 µm, and virtually the entire shift is due to the rather large DC polarizability difference

between states. At shorter wavelengths, the many different transitions out of both clock states force

the polarizability to cross (there are a number of visible magic wavelengths!), and the overall shift is



143

100 101

Wavelength ( m)

0.02

0.01

0.00

0.01

0.02
Sh

ift
 (H

z 
m

2  
/ W

 n
m

)

3P0

1S0

10
2

10
3

10
4

Temperature (K)

4

3

2

1

0

1

Sh
ift

 (f
ra

c.
)

1e 17

3000 K BBR

Figure 7.6: The effect of a visible BBR spectrum on the clock. Left: the shift for the two clock
states as a function of wavelength and the BBR spectrum of a 3000 K emitter. Right: the calculated
shift of the clock transition in fractional frequency units as a function of BBR temperature, assuming
a spherical 100 W BBR emitter located 1 m away from the atoms.

closer to 0. Fluorescent and LED bulbs both have a non-thermal spectrum, typically trading broad

IR spectrum for peaks in the visible. Thus, this calculation is not entirely representative of the light

environment of any modern lab.

During operation, the Sr1 system is always enclosed with panels on the sides and a top shelf,

blocking much of the room light from reaching the atoms. This enclosure is not light tight, with small

gaps between panels and around the table. There is certainly far less light entering the enclosure

than is used to calculate Fig. 7.6, however it is rather difficult to determine exactly what the atoms

are seeing as we cannot measure the light inside the vacuum chamber.

Instead, we decided to measure if there is any observable frequency shift by significantly

increasing the light in the enclosure. Using a lamp on a switchable outlet, we interleave a dark

(off) condition and a bright (on) condition and measure the frequency shift on the clock transition,

νoff− νon. Images of this experiment are shown at the top of Fig. 7.7. The lamp is placed within the

enclosure at the corner of the system about 1 m from the atoms with no direct line of sight. With
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the light off, the atoms experience only the light that makes it through cracks in the enclosure. With

the light on, some light scatters off various surfaces and towards the sample. The light is on only

during clock spectroscopy and off during all other phases of the experiment. We also measure the

magnetic sublevel splitting ∆meas to see if there is any vector light shift or systematic effect from

switching on a current.

The room lights are mostly large fixture fluorescent bulbs, with some LED bulbs and incandes-

cent bulbs. For this measurement, we try three different bulbs, a 60W incandescent bulb, a 9W LED,

and a 13W fluorescent. We confirm these power draws are within 10% using a outlet power meter.

The results of these three bulb measurements are shown in Fig. 7.7. The error bars are from a

white noise fit to the Allan deviation extrapolated to full measurement time. All bulb types are

consistent with zero, indicating no measurable shift from ambient visible light at the low 10−18 level.

The ∆meas is also consistent with zero, again indicating no appreciable effect from this visible light

source, plotted in the bottom panel of Fig. 7.7. With the light off and the system enclosed, the light

in the system is orders of magnitude lower than the condition tested here, and should cause a shift

far below 10−19.

Perhaps a null result in this measurement is rather disappointing, as we can only control a

shift if we can measure it. To better quantify the effect of room light on the system, this shift should

be directly measured, with high intensity light aimed at the atoms. Further work should also be

done to determine the intensity and spectrum of light at the atoms. To assuage all worries about

this systematic shift, a better light-tight enclosure may also be installed.

7.8 Other Shifts

Line pulling occurs if population in other magnetic sublevels is off-resonantly driven, distorting

the carrier lineshape. With a low intensity 2.43 s clock pulse, even at our modest 0.4 G bias field

other transitions are highly suppressed. We bound the possible shift by first calculating the maximum

excitation fraction that another transition could contribute at the operational transition frequency.

Given a Lorentzian lineshape, the excitation fraction of the other transition under a operational
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Figure 7.7: Measuring the effect of light in our system. A lamp is placed inside the Sr1 enclosure
and switched to measure differential light shifts from different bulbs, shown in the top images. The
plot at the bottom shows the results of this test. Top plot: frequency difference between the light
off and the light on, νoff − νon with 1σ uncertainty shown as error bars. All bulbs are consistent
with zero shift. Bottom plot: the frequency difference between the measured splitting of magnetic
sublevels, ∆meas. A null result indicates no effect from vector light shifts or switching lamp current.

clock drive is

ρeeother =

(
Cother

C

)2 Ω2√
(2πδ)2 + Ω2

, (7.9)

where C is the Clebsch-Gordon coefficient of the operational transition, Cother is the Clebsch-Gordon

coefficient of the other transition, Ω is the operational Rabi frequency, and δ is the frequency

difference between the operational transition and the other transition. The maximum frequency

shift from this effect is simply the effect of this excitation fraction pulling one side of the line.

Additionally, other transitions from the same magnetic sublevel can similarly cause line pulling, but
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these transitions are far detuned from the operational transition under our standard bias field. The

upper bound on the line pulling frequency shift is a sum of all possible transitions weighted by the

magnetic sublevel populations. We regularly see lineshape contrast of 96%, likely limited due to Rabi

frequency inhomogeneity and laser dephasing. Assuming instead that this contrast reduction is due

to other magnetic sublevel populations, we sum the effect of line pulling with 4% of the population

in each magnetic sublevel. In this worst case scenario, we estimate a line pulling shift of < 10−21.

Similarly, a low intensity Rabi drive significantly reduces the light shift from the clock laser.

Using the coefficient measured in Ref. [157], and accounting for the increased intensity due to both

light polarizations, we estimate the probe AC stark shift to be −4× 10−22, which we treat as the

uncertainty.

Thermal transients in the acousto-optic modulator (AOM) due to switching may lead to an

uncorrected Doppler shift. As in [21], we path length stabilize the same AOM order that drives

the atomic transition. The AOM drive frequency is ramped onto the atomic resonance after these

thermal transients have settled, leading to an estimated probe chirp shift < 10−21.

7.9 Final Accuracy Budget

A single systematic budget does not entirely capture the uncertainty of a clock at any given

operating time. In Tab. 7.9 we illustrate an systematic shift and accuracy budget for a characteristic

operational run. For a certain systematic shifts are evaluated for each measurement, while others

are evaluated for each lock point of a clock lock. For example, as the vacuum lifetime has remained

constant since completing vacuum work in winter 2024, the background gas shift does not change

between locks. However the magnetic field is not static over even a few hours, so for each lock point

we use the measuring splitting to evaluate the second order Zeeman shift. The shift reported in

Tab. 7.9 is an average for this characteristic run.

Our total systematic accuracy is 8.1× 1019 in fractional frequency units, which corresponds

to approximately a 1 second uncertainty over 40 billion years. As of April 2025, this is the most

accurate clock ever built, surpassing the NIST Al+ ion clock evaluated in 2019 [26]. As previously
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discussed in Ch. 1 and illustrated in Fig. 1.2, clock accuracy has made remarkable strides in the past

25 years. This evaluation continues a tradition of JILA Sr OLCs pushing the accuracy of optical

standards by carefully evaluating all known systematic effects.

The question inevitably arises: how can we push the strontium clock to even lower systematic

uncertainties? There seem to be two types of errors: those that can be reduced with more

measurement, and those that require a new approach. It is clear that BBR remains a persistent

limitation on this platform. While more measurements of the 3D1 lifetime may help reduce the

largest source of uncertainty, making accurate oscillator strength measurements is a time-consuming

and error-prone task. Our lifetime measurement work lasted over one year and resulted in only a

factor of 2 reduction in uncertainty. A different experimental approach, perhaps using pump-probe

spectroscopy in a beam, might yield more precise measurements. Cryogenic operation enables far

lower systematic uncertainty at the cost of a more complicated apparatus [54, 144]. This would also

solve the temperature measurement issue, as lower temperatures have less stringent requirements on

thermometry uncertainty, but it does introduce a more complicated thermal environment through

necessary line-of-sight to room temperature surfaces. The lattice light shift remains the second

largest source of uncertainty, though higher precision measurements may enable further uncertainty

reduction. Synchronous operation with other clocks may reduce measurement instabilities by over

an order of magnitude for fast determination of frequency shifts at the 10−19 level [114]. Operating

with lower uncertainty often requires dividing the lineshape even further, with increased sensitivity

to small variations in excitation fraction. While this process should not introduce any frequency

uncertainty, it makes me uneasy. With a better laser, we can trade longer spectroscopy times

for improved frequency resolution. This can be accomplished with current laser systems through

synchronous spectroscopy. One Sr clock running with a short duty cycle updates the laser frequency

with the short time phase information with a duty cycle shorter than the laser coherence time. This

generates an atom stabilized synthetic laser that can be used with extended spectroscopy times

on a second clock, as demonstrated in Refs. [33, 42]. There is no apparent limit to systematic

uncertainty of atomic clocks, with clear strategies to lower uncertainty on all known systematics.
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Table 7.2: Sr1 systematic shifts [2]. The second order Zeeman and density shift corrections are
mean corrections evaluated for every lock point during a characteristic clock lock.

Shift Name Shift (10−19) Uncertainty (10−19)

BBR -48417.2 7.3

Lattice Light 0 3.2

Second Order Zeeman -855.1 1.0

Density -1.1 0.9

First order Zeeman 0.0 0.7

Background Gas -4.7 0.5

DC Stark -1.0 0.1

Tunneling 0.0 <0.1

Minor Shifts 0.0 <0.1

Total Shift -49279.2 8.1

As new clock technologies emerge, new systematics will need to be considered in order to continue

reducing systematic uncertainty.



Chapter 8

Clock Frontiers

Since evaluating the most accurate and stable clock to date, we have now turned to applying

this tremendous platform in interesting directions. As Sr is a secondary definition of the SI second,

Sr1 has become in-lab frequency reference for other experiments, including referencing the Thorium

nuclear transition and YO narrowline transition frequencies [99, 167]. In this chapter, I will discuss

some other directions advancing the “frontiers” of precision frequency metrology. Pushing limits

of precision spectroscopy necessarily happens on many fronts. In this chapter, we will discuss

understanding the sources of decoherence that limit spectroscopy with the goal of extending the

atomic coherence time. Under optimal conditions, we measure atomic coherence over 100 s. While

there are techniques to perform spectroscopy beyond the atom-light coherence time, a better laser

always makes for a better clock. Averaging the frequency of two silicon cavities reduces laser noise,

and we show true clock improvement from this approach. At the shallowest lattice depths, we can

use the strontium clock as an interferometer, precisely measuring local gravitational acceleration and

opening the door to studying all sorts of interesting physics. At very shallow depths, an enduring

mystery has emerged: frequency shifts that appear to suggest atoms are moving upwards. Finally,

we discuss recent work comparing our system with other optical clocks at NIST, truly testing the

performance of this rebuilt Sr1 clock.
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8.1 Extending Coherence

Quantum projection noise is the fundamental noise limit in spectroscopy of unentangled

atoms [62]. Entangling atoms to reduce this noise source is an approach undertaken in the Ye

lab [129] as well as elsewhere [30, 119]. In the mean time, we aim to make quantum projection noise

as low as possible by increasing the spectroscopy time and the number of interrogated atoms. As the

spectroscopy time increases, the spectroscopy feature gains frequency resolution but loses contrast.

The contrast scales with atomic coherence, and exponentially decays due to various effects. In the

absence of laser noise, quantum projection noise is minimized at the atomic coherence time. In this

section, we discuss work to characterize the atomic coherence in our system.

We first investigated this effect on the new Sr1 machine during the redshift measurement and

found a coherence time of 36.5± 0.7 s [22]. This measurement was performed one late night at one

lattice depth near 10 Er—a measurement lacking a systematic approach. Since installation of the

auxiliary temperature probe chamber and subsequent vacuum work, we have observed far longer

vacuum lifetimes, increasing from < 15 s to over 1 minute. With a vacuum lifetime far lower than

the measured coherence time, the initial data set may have been compromised by quick decay out of

the trap modifying the density at long dark times. With longer vacuum lifetimes and a desire to

push the limits of the optical lattice clock, we set out to map out the coherence of our system.

In the simplest approximation, the decoherence rate ΓC is a sum of a single particle decoherence

rate Γ0 and a density dependent term:

ΓC = Γ0 + Γdens ×Nloc, (8.1)

where Γdens is the density dependent coefficient and Nloc is average atoms per site. Γ0 is a sum of

all single particle effects, primarily lattice Raman scattering γlat, the 3P0 natural lifetime decay rate

1/τSr, and BBR pumping out of 3P0, γBBR.

We determine γlat by holding a 3P0 sample in the lattice for a range of times and then

measuring the populations. The excited state has four decay mechanisms: natural spontaneous
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Table 8.1: Summary of the decay rates in an optical lattice [71]. We observe the decay of an excited
state population over various hold times and lattice depths U . We observe some depth dependence
in γeBG.

Quantity Value

γeBG(U) 1.3(3)× 10−4U + 2.7(4)× 10−2 s−1

γgBG 1.2(4)× 10−2 s−1

γlat 4.30(7)× 10−4 s−1 E−1
r

τSr + τBBR 123(8) s

γee 4(1)× 10−6 cm−3s−1K−1

decay, lattice Raman scattering, background loss γBG, and two particle loss, γee. The ground state is

filled with atoms from the excited state undergoing spontaneous decay and lattice Raman scattering.

Thus, two coupled differential equations govern the evolution of populations in this idealized two

level system:

Ṅe =− γeBGNe − (γlat × U)Ne −
1

τSr + τBBR
Ne − γeeκN2

e

Ṅg =− γgBGNg + (γlat × U)Ne +
1

τSr + τBBR
Ne,

(8.2)

where Ṅi is the change in population for state i, U is the lattice depth, and κ is a conversion factor

that depends on the trapping volume and the atomic temperature. Two particle loss and lattice

Raman scattering in the ground state is negligible. We measure decay curves for many lattice depths

and fit Eq. 8.2 for each lattice depth. The fitted parameters are listed in Tab. 8.1. We observe lattice

depth dependence on γeBG, likely due to lattice Raman scattering to different states (3P2) affecting

the population readout.

To measure decoherence, we perform a Ramsey experiment, measuring the contrast decay as a

function of dark time as in Refs. [22, 94, 166]. The final π/2 pulse randomly samples all phases,

so this measurement is independent of the laser coherence time. Using in-situ imaging, we can

simultaneously resolve contrast decay over different densities. In Fig. 8.1, we plot this experimental

approach as well as the coherence results. On the top row we demonstrate extraction of Γdens and Γ0
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at 10 Er. On the top left, we prepare a sample with up to 80 atoms per site, and bin into 10 pixel

regions. The green and yellow boxes indicate high and low density regions. In the center panel, we

plot the Ramsey contrast as a function of dark time for these two regions, indicating faster contrast

decay at denser regions. The lines are exponential decay fits, allowing us to extract ΓC for each

region. On the right, we plot the fitted ΓC for each region as a function of Nloc, with error bars

originating from the uncertainty in the exponential decay fit. To this data, we fit Eq. 8.1, shown

as the black line. We exclude regions where Nloc < 10, shown as the red shaded region, where low

densities lead to poor signals at long measurement times.

The lower plots in Fig. 8.1 show Γdens on the left and Γ0 on the right over a range of lattice

depths. We can connect the behavior of Γdens to the density shift discussion presented in Ch. 4.

At deep lattice depths, on-site p-wave interactions dominate, causing decoherence through mode

changing collisions, a similar process to that discussed in the dynamical phase transition, Ch. 4.4. As

the trap depth is relaxed, the trap volume increases and the radial temperature decreases, reducing

this decoherence source. At the shallowest depths, off-site s-wave interactions dominate, leading

to a strong increase in Γdens where U < 10 Er. Near the magic depth of 10 Er, Γdens is minimized.

The analysis here is a very simple, first order approximation. Indeed, the actually coherence decay

dynamics are more complicated as the sample is held for prolonged dark times. As population decays

from the trap, the interactions are modified and decay should not be exponential. We also do not

account for two body loss and more complicated interactions that lead to non-linearity. A more

comprehensive approach to understanding interactions in this experiment is under review [71].

The single particle decoherence rate Γ0 is dominated by lattice Raman scattering, and is

thus optimized at the shallowest lattice depths. The dashed black line is a sum of lattice Raman

scattering determined in Tab. 8.1, as well as the limits from BBR photon pumping and natural

lifetime decay. The data seems to be well captured by this simple three process model.

At the shallowest depths, it appears that Γ0 is below the expected rate, and even below the

natural lifetime limit. With the caveat that this data is very sensitive to fitting parameters, the

exceedingly long coherence times may be explained with an energy selection process. As atoms scatter
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lattice and BBR photons and decay from the excited clock state, they experience a recoil kick of one

to a few photons. At the shallowest lattice depths, this additional energy is high enough to remove

atoms from the trap. With a fully excited state, we observe the excitation fraction does not decay

as atoms that decay to g do not remain in the trap. Thus the single particle decoherence effects are

now mapped onto atom loss. This is effectively an “erasure conversion” process, preserving contrast

at the expense of atom number and decreasing instability by a factor of
√

2. Other approaches

to building an erasure clock have involved reading out only the operational spin state [111]. The

possible mechanism here is broadly applicable to any two level system, allowing spectroscopy beyond

the natural lifetime, but so far no gain in actual clock performance is observed.

With these coherence measurements, we now seek to find the optimal density and spectroscopy

time to reduce QPN. We write the experimental contrast as a function ofNloc, Assuming instantaneous

π/2 pulses, the single site QPN limit for Ramsey spectroscopy is

δQPN =
1

2πTdark

√
Tdark + Tdead

Nloc

1

C0e−TdarkΓC(U,Nloc)

1√
τ
, (8.3)

where Tdark is the dark time, Tdead is the dead time and τ is the averaging time. With an initial

Ramsey fringe contrast of 1, the optimal dark time becomes

opt (Tdark) =
1

4

(
Γ−1
C − 2Tdead +

√
Γ−2
C + 12TdeadΓ

−1
C + 4T 2

dead

)
. (8.4)

Using the experimentally measured Γ0 and Γdens, we can determine the optimal Nloc and Tdark for

a given Tdead and U . The results of this calculation are plotted in Fig. 8.2 with Tdead = 1 s. On

the left of Fig. 8.2, we plot the optimal QPN as a function of Nloc over the range of experimentally

measured lattice depths. For Nloc > 8, the optimal lattice depth is 12 Er, near the magic depth for

Rabi spectroscopy as Γdens is minimized. On the right of Fig. 8.2, we plot Tdark, Nloc, and QPN for

the optimal condition at each lattice depth. Remarkably, the best stabilities can be < 10−17 1/
√
τ/s

for a single lattice site. Optimal spectroscopy times are generally < 10 s, 7 s for the 12 Er case,
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Figure 8.1: Measuring the atomic coherence using in-situ imaging. Top: we prepare a high density
sample with peak on-site density Nloc ≈ 80, shown on left binning 10 pixels at 9 Er. We perform
Ramsey sequence with a variable dark time, randomly sampling the final phase. This leads to a
decay fringe contrast, shown in the center panel for a region near the edge (gold) and the center
(green) of the sample. For each region the experimentally determine contrast, shown as points, we
fit an exponential decay, plotted as the solid line. On the right, we plot the exponential contrast
decay rate ΓC as a function of initial on-site density, Nloc. To this data, we fit a linear function,
Eq. 8.1. We exclude pixels where initially Nloc < 10, shown as the red region. Bottom: the extracted
multiparticle dephasing rate Γdens (left) and single particle dephasing rate Γ0 (right). Γdens has a
p-wave dominated regime > 10 Er and an s-wave regime < 10 Er. We can explain the Γ0 trend
based mostly on lattice photon scatter γlat. Decay due to the natural lifetime τSr and BBR pumping
also contribute to decoherence.

which should be achievable once next generation silicon cavities are operational. Achieving this
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stability requires loading about 700 atoms onto a single site, less than a factor of three higher that

the peak densities we observed in Ch. 4.4. It remains to be seen if the simple mean field model for

the frequency shift is workable at such densities. With 104 lattice sites of 700 atoms, the QPN limit

is < 10−19 1/
√
τ/s. Loading a uniform sample, this would be a 4 mm sample of 7 million atoms.

While all these parameters are not feasible at the moment on Sr1, a few small advancements along

all fronts may allow operation at this level. This would represent about a factor of 20 reduction in

instability from our previously published lowest synchronous instability, Ref. [22], allowing nearly a

one part in ten measurement of the gravitational redshift in a single experimental cycle.

It is clear that interactions significantly limit coherence times in the 1D lattice, so a 3D lattice

might allow for even longer spectroscopy times. Unfortunately, three confining beams generate

stronger lattice Raman scattering, adversely affecting single particle coherence. Blue detuned

lattices solve this issue by trapping atoms at the nodes of the standing wave, and may be a key

technology for next generation clocks [153]. Without significantly modifying our system, how can we

reduce decoherence from interactions? Ideally we want to operate at the shallowest depths where

lattice Raman scattering and p-wave dephasing is minimized, but we need to remove off-site s-wave

interactions. As in Ch. 3.7, we can use a standing wave of incommensurate spacing to select certain

lattice sites. With a standing wave of wavelength λ = 1626 nm overlapped with the lattice, we create

a clock shift for every other lattice site, allowing us to remove half the atoms with a clock drive.

This eliminates nearest-neighbor interactions, so Γdens will continue to decrease with lower U until

next-nearest-neighbor interactions are significant at far lower U . Driving Wannier-Stark transitions

to shuffle atoms onto every other site, we should be able to operate with the same number of atoms.

In June 2025, we demonstrated this technique and are excitedly exploring the improvements to clock

spectroscopy through site selection.

8.2 Laser Averaging

We are fortunate our silicon laser (Si3) is one of the best in the world, allowing us to perform

seconds long optical spectroscopy. Much of the work presented in this thesis was possible only
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Figure 8.2: Calculated optimal stability using measured coherence parameters. Left: for each
on-site density Nloc and each measured lattice depth U , we calculate the optimal QPN stability,
assuming a dead time of 1 s. The stars indicate the minimum instability point. Right: The optimal
dark time Tdark (top), Nloc (center), and QPN instability (bottom) at each lattice depth.

because we had access to this wonderful oscillator. Nevertheless, a better laser would allow for

longer spectroscopy times and a lower Dick effect, making our job even easier. The Stable Lasers

team, currently staffed by Dahyeon Lee, Ben Lewis, and Zoey Hu, has been working hard on two

new systems, Si6 and Si7. Si7 is currently under construction with the goal of being a lower noise

Si3 replacement. Si6 is a 6 cm cavity with crystalline coatings operating at 16 K in a closed cycle

cryostat. A previous iteration of this system is described in Ref. [68]. After much diligent work and

new crystalline coatings, this small cavity is approaching the stability level of Si3, especially at times

< 100 s [77].

With two cavities of similar noise in the lab, the question becomes how to best utilize these

oscillators. The idea is quite simple: the average of two identical oscillators containing uncorrelated
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Figure 8.3: Averaging two oscillators with similar noise results in a 1/

√
2 reduction in noise.

Consider two lasers with flicker frequency noise and random walk frequency noise at longer times,
simulated and plotted on the left. Averaging these two noises, shown in gray, results in spectrum
that immediately seems to have lower peak-to-peak noise. On the right, we plot an overlapping
Allan deviation (OADEV) of these frequency series. At short times where the two lasers have similar
noise performance, averaging results in a

√
2 improvement in instability. At longer times where one

laser is worse than the other, the average instability does not exceed the better laser. This scenario
is reflective of the two silicon lasers in our lab, Si3 and Si6.

noise will reduce the overall noise by 1/
√

2. This principle is illustrated in Fig. 8.3. On the left, we

plot a time series of frequencies of two simulated oscillators, roughly corresponding to Si3 in teal

and Si6 in brown. These oscillators have noise that is dominated by frequency flicker at short times

and random walk frequency noise at long times, as shown in the overlapping Allan deviations on the

right. The frequency average is shown in gray on both plots. In the time series, the average has

a smaller spread of frequencies at short times. In the overlapping Allan deviation, the frequency

average has lower noise than both oscillators with τ < 500 s. At long times, the Allan deviation is

lower than laser 2 but slightly higher than laser 1. On timescales where the noise is similar, the

average leads to a clear improvement in performance.

We have discussed laser averaging for a number of years in the Ye group, but the first

experimental demonstration of this approach was implemented with noisier systems in Ref. [83].
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This work demonstrated reduction of frequency fluctuations from 40 Hz to 28 Hz. By averaging

two silicon cavities, our hope is to truly build a better clock. To accomplish this, a beat between

Si3 and Si6 is formed containing the frequency information, ∆f = fSi6 − fSi3. Dividing this RF

beat by a factor of 2 and then adding it to the Si3 light, via an AOM or another actuator, gives a

frequency average: favg = fSi3 + ∆f/2 = 1
2 (fSi6 + fSi3). Typically, the frequency comb repetition

rate is locked via a comb tooth beat against Si3 with an offset frequency 35 MHz. We swap out

this constant RF offset with one that contains the ∆f/2 frequency plus some static offset, so the

frequency comb, and thus our clock laser, is stabilized to a frequency average of the two cavities.

Using the undivided beat frequency, we can also stabilize to Si6 alone. We implement RF switching

for alternating between Si3, Si6, and a frequency average of the two.

In Fig. 8.4 we present the results of this approach. Using Sr1, we perform an interleaved

comparison between Si3, Si6, and the laser average, shown as a frequency time series on the left

of Fig. 8.4. While the average frequency clearly has more random walk noise, the short time noise

appears smaller. This is obvious in the modified Allan deviation, plotted on the right of Fig. 8.4. In

order to perform this 3 laser measurement, the dead time for each laser is much longer and the Dick

effect is greatly increased. This mechanism is responsible for the degrade performance of all lasers

when the averaging time τ < 30 s, where we expect Si3 and Si6 to both operate near a flicker floor

of 4× 10−17. Nevertheless, the averaged laser demonstrates the expected noise reduction. Where

τ < 100 s, the averaged laser has roughly 1/
√

2 less noise than Si3 alone. At longer times, Si3 is

superior and is near the historical thermal noise limited performance [114]. Since the atomic servo

has a corner < 100 s, this improvement directly reduces the frequency noise of the combined clock

system by a factor of
√

2, and reduces averaging time by half. For Dick effect limited interleaved

comparisons, we see our instability reduce from 2× 10−16 at 1 s for Si3 to 1.5× 10−16 at 1 s for the

averaged laser. If we had this system during the light shift evaluation, we might have saved half our

measurement time. In short, the best laser in the world gets even better!
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Figure 8.4: We interleave three laser conditions, using only Si3, using only Si6, and using a frequency
average of Si3 and Si6. A frequency record of these two conditions is plotted on the left. As in
the calculation, short time noise amplitude is reduce for the average laser compared to Si3 alone.
Unfortunately the random walk noise of Si6 contributes to more instability at longer times. This
becomes clear in the modified Allan deviation, plotted on the right. This Allan deviation is calculated
after linear dedrifting of the frequency record. For times < 100 s we see clear improvement using an
averaged laser, while at long time Si3 alone surpasses the laser average.

8.3 An Atom Interferometer

Already discussed extensively in Ch. 3, the Wannier-Stark ladder creates a set of transitions

between lattice sites spaced by the potential energy difference. The energy of a transition of i lattice

sites,

WS+i = i× MgλL
2

cos(θ), (8.5)

where M is the mass of the atom, g is the gravitational acceleration, λL is the lattice wavelength,

and θ is the angle between the lattice and the direction of gravity.

Due to the purity of these motional states, it is natural to regard transitions between lattice

sites as a new kind of atomic interferometer. Cold atom interferometers use the spatial displacement

of the atomic sample to measure gravity effects to excellent effect [65]. A cold cloud in split into a

superposition of two atom packets which undergo free fall at different heights. The resultant phase

difference is due to the gravitational acceleration, allowing for 10−9 precision measurements of g
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in just a few seconds [121]. When atoms are placed into a superposition of electronic states on a

WS+i transition, the internal state undergoes phase evolution due to the spatial displacement of the

superposed state. Recent advancements in atom interferometers follow a similar path, using lattice

supported atomic ensembles to overcome free fall constraints and probe for many seconds [158].

Using strontium, we can perform measurements that measure both the low energy gravitational

effects as well as the higher energy clock transition, joint interferometers for the internal (spin) and

external (motional) degrees of freedom.

8.3.1 WS Coherence

Towards using WS transitions for precision spectroscopy, we determine the coherence of

these transitions. With the same approach as in the Ch. 8.1, we perform an uncontrolled Ramsey

experiment and observe the contrast decay as a function of dark time. The extracted density

dependent decoherence rate Γdens and single particle decoherence rate Γ0 are presented in Fig. 8.5.

To measure across all operational lattice depths, we perform the π/2 pulses at shallow lattice depths,

where the WS+n transitions have high Rabi frequencies, and then increase and hold the lattice

depth during the dark time.

As in the dynamical phase transition, Ch. 4.4, off-site transitions generate effectively on-site

interactions, leading to far stronger density dependent decoherence. Γdens is higher across all U ,

nearly an order of magnitude higher than in the carrier transition case. As the depth increases, the

density increases leading to a larger Γdens. All dominant interactions are on-site, so there is no Γdens

minimum. Using alternating sites, we can avoid the large density shifts and go to even shallower

lattice depths, which will further suppress Raman scattering. This technique, already under study

in the lab, may extend coherence beyond 100s on the WS transitions.

Γ0 is also larger across all depths, inconsistent with the lattice Raman scattering dominated

decoherence observed on the carrier transition. One additional source of decoherence may be due to

lattice Rayleigh scattering. In a magic wavelength lattice, Rayleigh scattering does not contribute

to decoherence as the scattering rate is identical for both states [59]. However, in a Wannier-Stark
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Figure 8.5: Coherence of offsite Wannier-Stark transitions. We follow the same approach as in
Fig. 8.1, measuring the decoherence rate as a function of density over a range of lattice depths
for the WS+1 and WS+2 transitions. The density dependent decoherence rate Γdens and single
particle decoherence rate Γ0 are plotted on the left and right respectively. The red line indicates
the contribution to decoherence from Rayleigh scattering. The dashed line is a sum of all expected
effects on Γ0.

transition, the excited state occupies a different lattice site than the ground state, so Rayleigh

scattered photons from each state can be distinguished leading to decoherence. This effect is plotted

as the red line on the right of Fig. 8.5. Rayleigh scattering does not fully capture Γ0—perhaps the

much stronger density dependence is also corrupting the fit. There is also no clear decoherence

difference between WS+1 and WS+2 transitions. With Nloc ≈ 10, we can still achieve coherence

times > 10 s, so this remains a viable platform for atom interferometry.

8.3.2 A Gravimeter

A natural application of off-site spectroscopy is gravimetry. As discussed in Ch. 2, optical

clocks are sensitive to the gravitational redshift, and with proper comparisons can put bounds on

relativistic effects [51, 140]. With the mass M , lattice wavelength λL, and angle with respect to

gravity θ fixed, Wannier-Stark spectroscopy allows us to measure local gravitational acceleration.
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Figure 8.6: A schematic illustrating how we can use clock measurements to determine local g.
Consider four independent atomic servos, locked to the mF = −5/2 σ+ and mF = +5/2 σ−

spin internal transitions for WS±i site-changing transitions. The magnetic field is encoded in the
difference frequency of the σ± transitions. The average,

∑
, of all four transition frequencies it the

natural strontium frequency and can be uses to measure time t. The difference ∆ between the WS+i
and WS−i transitions encodes the local gravitational acceleration, g. Thus the clock becomes a
simultaneous classical and relativistic gravimeter!

This was first experimentally implemented in a rubidium system [10, 120]. Using an optical lattice

clock, we can measure gravity as well as operate as an accurate clock through a simple measurement

scheme illustrated in Fig. 8.6. We drive both spin state (σ±) WS+i and WS−i transitions. As in

the carrier clock lock, the average of the two magnetic sublevel transitions rejects first order Zeeman

shifts, and gives us the bare WS±i transition frequency. The average of the two WS±i transitions is

identical to the carrier transition frequency νSr, so we can operate as a standard OLC with proper

systematic corrections. The difference of the WS±i transitions allows us to determine g using Eq. 8.5.

For the most accurate determination of νSr, care must be taken to correct for the density shift, now

a much stronger on-site s-wave shift. Again, preparing a sample with alternating lattice site filling

will significantly reduce the density shift.

In Fig. 8.7, we present the results of a half day gravitational measurement implementing this

scheme. The top panel shows the results using the average frequency of the two WS transitions. We

recover frequency performance that is consistent with the Si3 laser. The lower plots indicate the

results of using the WS difference channel to extract g. On the bottom left of Fig. 8.7, we plot the

time record in MJD of the measured gmeas less the surveyed value glab in µGal (see Ref. [152]). We
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do not have an accurate measurement of the lattice tilt with respect to gravity θ, so we set θ = 87.33◦

such that the average ḡmeas = glab. To accurately measure g, we might borrow a technique from the

corner cube gravimeters. By varying the tilt of the lattice, we can trace out θ and use the peak value

as the true g. The purple line is a running average of the measurements within a 1 hour window.

With averaging times τ < 103 s, the fractional stability is Dick effect limited at 13× 10−6/
√
τ/s, as

plotted on the lower right of Fig. 8.7. At longer times we notice fluctuations in gmeas the the 10−7

fractional level, apparent in both the time series and the Allan deviation. This fluctuation is a few

times larger than the expected fluctuation due to tidal forces, unfortunately obscuring this effect.

We do not have a complete understanding of this fluctuation, but it may be due to small chamber

tilt over the course of a day. Tilt variation as small as 0.005◦ would cause such an effect. More

work will be done to better stabilize the system or measure and correct for this effect. In sum, using

Wannier-Stark spectroscopy we simultaneously make measurements of local g as well as the red shift

sensitive optical transition, combining classical and relativistic geodesy on a single platform [45],

perhaps allowing further tests of relativity [37, 130].

The WS interferometer is also a powerful tool for resolving local forces. The Dos Santos group

at SYRTE uses a similar WS interferometer to measure quectonewton level Casimir-Polder forces [7].

On our system, we make use of in-situ imaging to resolve gradients in frequency and g. As before,

these are synchronous measurements, so g gradient measurements should be QPN limited. The

expected g gradient measured in the JILA gravity survey [152] found a −2.55 µGal/cm gradient in

S1B60, which corresponds to a fractional g gradient of −2.6× 10−10 g/mm. In the same test lock

presented in Fig. 8.7, we measure synchronous g gradient instabilites of 2.8 × 10−6 g/mm at 1 s.

Resolving this remarkably small effect remains out of reach, but since this measurement is only QPN

limited, reasonable advances in experimental conditions may allow for such a measurement. Increasing

atom number, spectroscopy time, and number of sites may allow for combined measurements of both

gravity gradients as well as the gravitational redshift.
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Figure 8.7: Measuring gravity and time in our 1D Sr OLC. The top row illustrates measurements of
the clock laser using the WS lock average frequency. Top left: the frequency record of the Si3 laser
as a function of time indicates the expected long term drift. Top right: a modified Allan deviation
(MDEV) of the frequency record indicates performance consistent with the Si3 thermal noise floor,
shown as a dashed black line. Bottom left: the measured gravity gmeas using the approach presented
in Fig. 8.6 less the professional measured glab [152]. We adjust the lattice tilt with respect to gravity
such that the average difference is 0. A running average of the blue data with 1 hour window is shown
as a purple line. Bottom right: an overlapping Allan deviation (OADEV) of gmeas. A stability of
13× 10−6/

√
τ/s plotted in black, captures the measurement stability < 104 s. Long term variations,

likely due to system tilt, may prohibit our system from reaching ultimate stability as a gravimeter.

8.3.3 Proposals

In addition to measuring g, Wannier-Stark spectroscopy is a powerful tool to measure effects

beyond the clock transition. For example, if θ, g, and M are well known, we can measure λL at
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around 10−7, so this spectroscopy can act as a very expensive wavemeter! Another interpretation of

the Wannier-Stark ladder is as a precise, single-atom [7]. Swapping in a different isotope of Sr, we

can use this spectroscopy to make measurements of mass ratios. Alternating between two isotopes

in an interleaved fashion should reject most common systematics to first order, such as lattice tilt.

We may even use this to probe the mass defect and study the effect of relativity on an optical

clock. The clock photon carries energy hνSr, so the excited state mass contains an additional photon

of energy:

Me = M + hνSr/c
2, (8.6)

where M is the rest mass of the ground state Sr atom. As Eq. 8.5 depends on the mass, the

Wannier-Stark ladder is modified depending on the internal state of the atom. With θ = 0,

the difference in frequency between the ground state and excited state site splitting we − wg =(
hνSr/c

2
)

(gλL/(2h)) = 19 nHz. This is equivalent to the single site gravitational redshift on the

clock transition, r = νSrgλL/2c
2. We can write an WS+1 transition as a carrier transition plus an

excited state site change, νWS+1 = νSr + we, or a ground state site change plus a carrier transition

with a single site gravitational redshift νWS+1 = wg + νSr + r. This energy landscape is illustrated

on the left of Fig. 8.8.

The next question is, of course, can we measure this remarkably small effect? The stability

required to make this measurement in a reasonable time is daunting. An ideal Ramsey sequence

with Tdark = 1 s, 2 s cycle time, and 106 atoms has a QPN limited instability of 3.8 µHz/
√
τ/hr, so

measuring 19 nHz is unreasonable. Extending Tdark to 10 s with the same atom number and dead

time reduces averaging time by over an order; measuring the effect over 20 lattice sites quadratically

reduces averaging time by this factor, so we can measure this effect in less than 10 hours. Perhaps

this experiment is feasible!

One approach is to measure the gravitational redshift between lattice sites, perhaps measuring

the difference between WS+i transitions with an optical photon. Unfortunately, the effect will be

broadened by many orders over the sample, as in the in-situ redshift measurement [22]. Instead, we



166

desire to measure wg and we without directly measuring the clock transition. Direct interferometry

of a site change, perhaps using a Raman process, will allow the atoms to remain in either the ground

or excited state manifold and can be extended to many lattice sites. The difference between the

transition frequency in either internal state corresponds to the mass defect. An added feature of

this approach is the experiment signal being encoded in a microwave frequency, not an optical

frequency. If we can purely transfer the Si3 performance to the kHz range, we can make interleaved

measurements of the WS spacing where the Dick effect is below QPN. As described in Ref. [10],

we need state-labeling to determine whether or not the atom has transitioned between lattice sites.

We might consider using the magnetic sublevels as labels, however with 10 nuclear spins in Sr, this

becomes a far more complicated process. An atom like 171Yb with I = 1/2 is a possible candidate

for this experimental scheme. Other atoms that have metastable states with hyperfine structure are

perhaps ideal for this endeavor.

8.4 Shallow Lattice Physics

During the first lattice light shift evaluation, we observed inexplicable shifts at shallow depths.

During this campaign, we made measurements at one lattice depth shallower than the 10 Er reference

at all lattice frequencies. While each point at 7 Er had fit residuals generally consistent with zero,

the average of the residuals was ∼ 2×10−18 above zero. No other light shift points had this behavior,

so this observation warranted further investigation. Additionally, we observed significant positive

residuals on the (nZ) modulation data when U < 30 Er. Measuring more shallow lattice depths, we

saw consistent results indicating an increase in transition frequency at lower lattice depths, and up

to a 5× 10−17 shift at 3 Er. These measurement results are presented on the left of Fig. 8.9.

This frequency shift is rather puzzling. We observe no dependence on lattice frequency,

spectroscopy time, density shift, initial clock state, or magnetic field. We observe a similar effect

when measuring the transition with a different clock path. Our standard clock path originates at

the bottom chamber and travels upwards. We have another clock path that originates at the top

of the chamber and propagates down. Measuring the frequency difference between these paths,
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Figure 8.8: Proposal for measuring the mass defect using Wannier-Stark state spectroscopy. The
lattice creates a Wannier-Stark ladder in both the ground and excited states, shown on the left.
The mass defect means that the energy spacing between ground and excited states, wg and we
respectively, differs by 19 nHz. This is equivalent to the single site gravitational redshift, r. To
measure such an effect, we need exceptional stability. On the right we plot the QPN frequency
stability of a 1 s ramsey sequency with 106 atoms in solid blue, indicating that it would take > 104

hours to measure this effect, shown as a solid black line. With an optimistic Tdark = 10 s plotted as
a dashed blue line, measuring the effect over 20 lattice sites, plotted as a dashed black line, would
require less than 10 hours.

νbottom − νtop, results in a frequency shift twice what we observe in the light shift residuals for the

nZ = 0 case, as presented on the right of Fig. 8.9.

We also investigate this shift for the nZ = 1 state, observing generally noisier data. We believe

one of the primary culprits for this noise is the top clock path. Instead of phase noise stabilizing the

path that directly drives the atoms as in the bottom path, the top path stabilizes the 0th order,

not the 1st order light that shines on the atoms. The large differential path length between these

leads to greater instability and perhaps even frequency offsets from drift during the duty cycle.

Nevertheless, the common features between the light shift and path comparison results indicates a

shared systematic.

The origin of this shift remains a mystery. A naive explanation is a Doppler shift—atoms
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Figure 8.9: Shallow lattice light shift ∆νLS residuals (left) and path comparison results (right).
The residuals are an average of all lattice frequencies at each depth. Below 7 Er (30 Er) the light
shift model does not capture the behavior of the nZ = 0 (nZ = 1) state, apparent in the fit residuals.
The behavior is echoed in the frequency difference between the bottom clock path and the top clock
path for both states.

moving upwards during spectroscopy would appear blue shifted with the bottom path and red

shifted with the top path. A velocity of 3 nm/s is a 10−17 frequency shift, so the shallowest points

have velocities ∼ 20 nm/s. If this is indeed the mechanism that creates this frequency shift, the

generator of this motion is unclear. Long spectroscopy times do not lead to a different frequency

shift, so the velocity must be static and not due to some mechanical transient. Wannier-Stark

states are metastable, that is under long enough times atoms should tunnel to the continuum,

falling out of the trap under gravity. This tunneling rate is enhanced at shallow depths, leading to

shorter trapped lifetimes, although we have been unable to demonstrate this effect experimentally.

Further investigation is necessary, include more precise spectroscopy especially on nZ > 0 states.

For the lattice light shift measurement, we decide to fit only points with U > 8 Er. In the Ref. [70]

supplement, we investigate the effect on the fitting results as a function of this depth cut off, and we

believe it does not affect the lattice light shift results. At our standard operational depth, this effect

should be highly suppressed, and we do not believe it contributes to an appreciable frequency shift
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at our accuracy level.

8.5 Comparison

Clock comparisons are a critical step towards redefinition of the SI second [40]. While the exact

atomic transition(s) have not been specified by the BIPM, regular comparisons between different

atomic species are necessary to establish the repeatability of such high precision measurements

and help identify the best candidates for redefinition [126]. Clock comparisons take two forms:

same-species and intra-species. At NIST and JILA, multiple Al+, Yb, and Sr clocks allow for same

species comparison as well as intra-species comparisons between these labs.

In Boulder, the Boulder Research and Administrative Network (BRAN) has constructed miles

of optical fiber throughout the city [125]. This network allows us to share light between JILA and

NIST for optical clock comparison, that with proper care, might even be QPN limited [164]. In 2006

and 2008, the previous strontium system was compared against a NIST Cs and Ca clocks [86, 89].

In 2019, optical ratios using the BRAN network were measured with the NIST Al+ and Yb clocks,

known as the Boulder Atomic Clock Optical Network (BACON) [23]. This measurement campaign

resulted in some of the most accurate clock ratios ever measured. Since this work, both the JILA Sr1

clock and the NIST Al+ clock were completely rebuilt, with the Al+ systematic evaluation published

in July 2025 [93].

The goal of this new comparison is to remeasure ratios with better accuracy and precision. To

reduce the laser noise, both NIST clocks make use of the Si3 stability. We send Si3 light to NIST

using a fiber-noise-cancelled BRAN link, Nick Nardelli locks a Er/Yb:glass comb to this light [106],

and then transfers the Si3 stability to the Al+ and Yb clock wavelengths. All optical clocks can probe

for extended periods of time with a common oscillator. We have checked loopback measurement

to determine the frequency stability of this process as well as verifying any frequency offsets. Si3

light is free-running, and each clock reports their offset from the Si3 light after correcting for each

systematic shift. After a few trial runs observing stability and working out comparison kinks, we

decided to devote a few months in early 2025 to periodic ratio measurements between the three
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clocks.

Our nominal operation conditions mirror the parameters described in Ch. 7. We use a shallow

near magic wavelength lattice near the magic depth of 10 Er, the least magnetically sensitive clock

transition, and a single band readout sequence. We typically use 3× 104 atoms loaded with a 400 ◦C

oven, a 0.5 G bias field, and a spectroscopy time of 1.0 − 1.3 s. In summer 2024, we reevaluated

a number of systematics to ensure the corrections were reliable. This included a lattice light shift

evaluation documented in Ch. 5 and a DC stark shift measurement reported in Tab. 7.6. In-vacuum

temperatures were measured before and after each comparison run.

Starting in January, 2025, we ran a total of thirteen comparison days, with Al+ joining for

nine days. To test the robustness of each clock’s uncertainty evaluation, each clock operated under

different conditions. As documented in Appendix B, Sr1 tested different operational conditions

for four days, including the bias field, spectroscopy time, lattice depth, oven temperature, and

environment temperature. In Fig. 8.10, we plot the total shifts applied to the Sr clock frequency

correction over this data set. The narrow range of points, highlighted in blue on the left and plotted

with a smaller range on the right, indicate our nominal operational correction. The outliers are from

operating with a different bias field and environment temperature. The blue error bars are the total

systematic uncertainty. Less the redshift, our standard operational uncertainty is < 10−18. These

results are preliminary and may change before the final ratio is published.

In Fig. 8.11 we plot preliminary results of the 2025 BACON comparison. On the left, we plot

an overlapping Allan deviation of the concatenated data sets for all three ratios. On the right we

plot the resultant clock ratios as a difference from the previous BACON comparison. The black

error bars are the total statistical uncertainty of each measurement day, and the blue error bars

contain the systematic uncertainty added in quadrature.

To my knowledge, this is the lowest instability remote frequency ratio measurement ever

performed, with the Yb/Sr ratio at 1.1× 10−16/
√
τ/s and Al+ ratios at 3× 10−16/

√
τ/s. All ratio

stabilities represent a substantial improvement over the 2019 comparison, allowing us to average to

the systematic uncertainties of each clock in just a few hours. Al+ ratios in particular are aided by a
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Figure 8.10: Strontium frequency corrections during the 2025 BACON comparison. On the left
we show all corrections, and on the right we zoom in on the nominal frequency shift correction,
highlighted in light blue on the left. The blue error bars represent the total systematic uncertainty.

reduction in QPN though longer spectroscopy times afforded by the Si3 performance. Flicker appears

in the concatenated data set over a few hours, likely due to daily variation as most comparison days

are less than five hours in duration and are individually consistent with white noise.

Perhaps the most notable result from this comparison is ratio difference with the previous

BACON measurement. The right of Fig. 8.11 shows the ratios in terms of the difference with the

previous results. While the final ratio value is not finalized, significant disagreement on all three

ratios is apparent. The most notable difference is with the Sr ratios; both ratios disagree with the

previous comparison by ∼ 10−16. It is unclear where this offset originates, and systematic checks

have yielded no clues. A 10−16 error is consistent with a ∼ 1 K temperature error, a ∼ 1 m redshift

error, or a 70% error on the second order Zeeman coefficient at our operational field. In addition to

the two in-vacuum temperature sensors, the dozens of NTCs surrounding the chamber and enclosure

all report consistent temperatures. We reduced the system temperature by 2.5 ◦C and continued

to observe the ratio difference. To correct for the gravitational redshift, we measure a height of

−7.9 cm with respect to a geodetic marker (S1B60V1) on the north wall of the lab [152], so a meter

error would represent roughly a 1000% error. We operate with different bias fields, generating a
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4× 10−16 difference in second order Zeeman shift, yet the ratio offset remains. These systematic

modulations are the outliers in the Sr correction presented in Fig. 8.10.

Perhaps an enduring lesson of optical comparisons is their challenge. Disseminating an optical

frequency with 10−18 accuracy requires each AOM and phase lock to be properly referenced. Spanning

multiple wavelengths involves careful use of multiple frequency combs. Finally, operating an atomic

clock at 10−18 is its own challenge, requiring dividing down a 1 Hz Rabi line by over a factor of

1000. This is difficult even for same-lab same-species comparison, where the technical challenges are

significantly reduced. An international clock comparison incorporating Sr clocks built at NPL in

England, RIKEN in Japan, and PTB in germany, reports frequency ratios that disagree at the mid

10−17 level [61]. At PTB, the transportable Sr clock disagrees with the in-lab clock at 3× 10−17.

Also measured at PTB, ratios between Sr, Yb+ and In+, differ by ∼ 4× 10−17 between 2022 and

2024 [56]. The messy state of optical frequency ratios in 2025 highlights the need for continued

precision frequency measurements, with international comparisons as well as transportable clocks [19,

76, 140] key to the success of optical frequency references.
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Appendix A

Temperature Sensors

As discussed in Ch. 6, we use two thin film platinum resistance thermometers (TFPRTs)

to measure the radiant temperature at the center of our chamber. This appendix is dedicated to

discussing the culling and calibration of these sensors, serving as a record for the final accuracy

evaluation.

To calibrate and cull the TFPRTs, we compare with two NIST calibrated wire wound PRTs.

The NIST calibrated sensors are labeled R17 and R18 with NIST IDs 2611 and 2612 respectively

and appear with the same NIST IDs and names in the 2015 technical report [141]. The calibration

of these sensors was revised in 2020, as handling lead to disagreement with the 2015 calibration. The

in-vacuum sensors are Hereaus-Nexensos (now YAGEO-Nexensos) C416 TFPRTs (part no. 32208519).

These are nominally 100 Ω thermometers which consist of a small platinum trace on a ceramic

substrate, soldered leads, and a strain relief feature covering these solder points. While the strain

relief appears to be some sort of plastic or epoxy, it has not significantly affected vacuum performance.

To these sensor leads, two wires each are soldered for a four point resistance measurement. The

sensor is then slid into a alumina double bore tube and the leads are glued after the solder joint using

Epotek 353ND vacuum compatible epoxy. This alumina tube acts as a robust mounting structure,

allowing us to compare in the dry block and affix to the in-vacuum translation arm.

To switch between different resistors, we use a relay circuit designed and built by JILA

electronics legend Terry Brown, the same relay system used in [109]. The current source is a Keithley

6220 with the operating range set to twice the desired current. The 100 Ω reference resistor is a
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Fluke 742A-100. Over the course of this calibration campaign, we use two different voltmeters. For

the measurements presented in A.2, we used a higher noise Keithley 2001 multimeter. The voltage

measurements used for calibration in A.3 and for in-vacuum measurement are made with a Keithley

2182A nanovoltmeter. The noise of the voltmeter is modified by the number of 60 Hz line power

cycles (NPLCs) the device averages over. In A.2 we use NPLC = 10, and in A.3 and for in-vacuum

measurement we use NPLC = 5.

An image of the calibration setup is shown in Fig. A.1. NIST calibrated R17 and R18 are

mounted closely in a copper block with an additional 0.19 in diameter hole placed between. To

calibrate the TFPRTs, we insert alumina tube with the mounted sensors into this hole and compare

them with R17 and R18. The copper block is placed within an aluminum enclosure, with the

temperature of this aluminum enclosure controlled by a thermoelectric cooler (TEC) that is servoed

to a 35k NTC sensor. This enclosure is placed within a larger plastic housing that has a liquid cooled

base plate and circulating fan with a liquid-to-air heat exchanger. These elements are stabilized to

within 100 mK of a setpoint by actuating on the liquid temperature.

A.1 NIST Calibrated Sensors

In January 2020, Weston Tew at NIST Maryland calibrated three wire wound PRTs. Two of

these PRTs, R17 and R18 (2611 and 2612), had previously been calibrated for the 2015 Sr2 accuracy

evaluation [108, 141]. Likely due to handling over the years, the recent calibration differs significantly

from the previous one. For each sensor, this calibration includes two fixed point realizations at the

water triple point as well as four temperature comparisons against NIST sensors in a water bath.

There are two temperature sensors located in the water bath-we take half the difference as the water

bath temperature uncertainty. For the triple point, we use a standard uncertainty of 0.1 mK. The

January 2020 calibration data is shown in tables A.1 and A.2. The data has been processed to

remove self heating and calculate the relevant uncertainties.

Using this data, we fit eq. 6.7 centering at 22 ◦C. This modifies the uncertainty such that the

calibration uncertainty is minimized at 22 ◦C. The data is fit using an orthogonal distance regression
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Figure A.1: A top-down view of the calibration setup. The circular copper block contains reference
sensors R17 and R18 as well as the TFPRT A3, inserted in the center. The copper block is placed
within an aluminum box, shown here with the top removed. This box sits on a TEC and is rigidly
connected to a black breadboard on the bottom and is surrounded on the other five sides by an
plastic enclosure. The breadboard is mounted on a liquid stabilized coldplate, with the in-loop
temperature sensors affixed to the breadboard. A copper liquid to air heat exchanger stabilizes the
temperature within the external enclosure. The in-loop sensor is visible near this heat exchanger.

T (◦C) δT (◦C) R @ I = 0mA (Ω) δR (Ω)

9.9995 0.00090 103.95915 0.00066

20.00445 0.00075 107.92776 0.00021

25.00205 0.00035 109.90628 0.00020

29.997 0.00050 111.88039 0.00049

0.01 0.0001 99.98345 0.00012

0.01 0.0001 99.98364 0.00010

Table A.1: R17 (NIST ID 2611) January 2020 calibration data.
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T (◦C) δT (◦C) R @ I = 0mA (Ω) δR (Ω)

9.9995 0.00090 104.01831 0.00041

20.00445 0.00075 107.98761 0.00015

25.00205 0.00035 109.96621 0.00028

29.997 0.00050 111.94061 0.00027

0.01 0.0001 100.04221 0.00011

0.01 0.0001 100.042279 0.00012

Table A.2: R18 (NIST ID 2612) January 2020 calibration data.

Sensor R22◦C (Ω) δR22◦C (mΩ) a (◦C)−1 δa (◦C)−1 b (◦C)−2 δb (◦C)−2

R17 108.71824 0.194 0.0036415 3.5× 10−7 −5.485× 10−7 0.1817× 10−7

R18 108.77811 0.114 0.0036399 1.5× 10−7 −5.548× 10−7 0.0815× 10−7

Table A.3: R17 and R18 calibration centered at 22 ◦C.

(ODR) routine in order to account for uncertainties in both temperature and resistance. The results

of these fits are shown in Fig. A.2 and table A.3. There is good agreement with all measured points,

and this calibration will allow us to measure temperatures with ∼ 1 mK uncertainties.

A.2 Culling

To operate at UHV, we need to bake the auxiliary chamber with the sensors before installation,

so the temperature sensors must be stable over multiple baking cycles. The previous approach in

our group was to thermally cycle sensors, measuring the ice point between each thermal cycle. The

sensors that demonstrated the most repeatable ice points over these thermal cycles were chosen

to be used in vacuum [21, 128]. Here, we utilize a similar approach, however instead of ice points,

we compare the resistance difference between a NIST calibrated sensor and the TFPRTs. This

has proven to be a reliable technique that avoids the difficulty of generating identical ice point

measurements.

In March 2023, 10 thin film PRTs were wired and glued into alumina housings and given



191

100

102

104

106

108

110

112

R 
(

)

R17
R17 Quadratic Fit: 
R22 C =  108.71824 ± 1.94E-04 ( ) 
a = 3.64E-03 ± 3.5E-07 (1/C) 
b = -5.49E-07 ± 1.8E-08 (1/C2) 

100

102

104

106

108

110

112

R 
(

)

R18
R18 Quadratic Fit: 
R22 C =  108.77811 ± 1.14E-04 ( ) 
a = 3.64E-03 ± 1.5E-07 (1/C) 
b = -5.55E-07 ± 8.2E-09 (1/C2) 

0 5 10 15 20 25 30
T ( C)

1.5

1.0

0.5

0.0

0.5

1.0

1.5

Re
sid

ua
ls 

(m
)

0 5 10 15 20 25 30
T ( C)

0.6

0.4

0.2

0.0

0.2

0.4

0.6

0.8

Re
sid

ua
ls 

(m
)

Figure A.2: Thermometer fits for R17 (left, green) and R18 (right, blue). The top panels show the
data and the fit. The bottoms panels show the residuals and fit uncertainty in the shaded region.
All the data includes errorbars with uncertainty in both resistance and temperature. The center of
the fit is chosen to be 22 ◦C to minimize uncertainty around room temperature

alphanumeric identifiers A1-5 and B1-5. Before any measurements were performed, the sensors

were thermally cycled between 200 ◦C and room temperature 6 times. Sensor A2 was immediately

discarded as the sensor leads were sheared off, likely from rough handling or poor soldering. The

9 remaining sensors were thermally cycled between room temperature and 200 ◦C for a few hours.

After each thermal cycle, the sensors were compared with reference sensor R18. Of these 9 remaining

sensors, most demonstrated exemplary performance with stability better than 1 mK over 5 additional

thermal cycles. Sensors A3 and A5 demonstrate the best stability and were chosen to be calibrated

for in vacuum use.

A summary of the thermal cycling results are presented in fig A.3. We plot the measured

resistance difference with respect to the first measurement, shown in black, after each thermal cycle.
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The shaded region indicates the initial measured resistance statistical uncertainty. Only statistical

errors are plotted. Although no sensors have all thermal cycles agree, the systematic uncertainty

from thermal transients is liked larger than the statistical uncertainty. This measurement relies

on excellent thermal stability of the dry block, which is not easy to achieve as sensors are quickly

swapped. For calibration, the sensors remain in the dry block for upwards of one day at each

temperature, which has resulted in more reliable temperature measurements. Nevertheless, most

sensors agree within 1 mΩ, with the exemplary A3 and A5 agreeing better than 0.3 mΩ when

removing a single measurement point. No obvious trends occur with thermal cycling, perhaps due to

the initial round of thermal stress.

A.3 Sensor Calibration

We calibrate in vacuum sensors using R17 and R18 in much the same way. The TFPRTs

are inserted into the copper block and the resistance is measured at different temperatures. R17

and R18 are measured to determine the temperature of the copper block. Since the TFPRTs and

R17,18 are of different construction, self heating is different. To remove this effect, the resistance is

measured with 2 currents and extrapolated to zero.

Fig. A.4 shows a representative calibration measurement for a single data point, showing

excellent temperature stability over the course of the 45 minute run. We alternate measuring the

resistance of a NIST calibrated sensor and the TFPRT, typically for 20 to 60 minutes. The resistance

of A3 and R18 is shown in the top plot, the difference in resistance is shown in the center plot, and

overlapping Allan deviations of the resistances are plotted in the bottom. In order to achieve good

temperature stability and homogeneity across the copper block, we typically wait 24 hours after

changing the temperature setpoint to make a measurement. If the temperature has not stabilized,

the drift is observable in an Allan deviation of the resistance. We make measurements across a

range of temperatures, from 17 ◦C to 30 ◦C, changing both the block temperature and the external

enclosure temperature.
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Figure A.3: Results from sensor culling. Nine sensors are compared with reference sensor R18. The
resistance difference between these sensors and R18 are shown in mΩ over 5 thermal cycles, with the
the initial difference subtracted. The statistical uncertainty of each point is plotted as error bars,
with the shaded region indicating the initial uncertainty. Sensors A3 and A5 were chosen to be used
in-vacuum.
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Figure A.4: Representative calibration measurement. Top: over 45 minutes, the resistance of A3
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√
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averaging time.
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A.3.1 Differential Immersion Error

One systematic that arises from temperature measurements with a thermally conductive probe

is immersion error. When the thermometer is inserted into the environment, thermal conduction

along the wire leads and the mounting structure can lead to errors in temperature measurement. In

our calibration system, this is generally common between the reference resistors and the TFPRTs.

However, since the leads are not common, there still exists a differential immersion error that could

corrupt our calibration.

To determine this effect, we modify the external enclosure while maintaining the temperature

of the aluminum box that contains the copper calibration block. The resistance difference between

A3 and the reference sensors over a range of enclosure setpoints is plotted in Fig. A.5. We observe a

similar linear trend between A3 and both the reference resistors, with a slope of ∼ 1.6 mΩ/C. The

enclosure setpoint is maintained by temperature servos using 50k NTC commercial bead sensors

with a quoted uncertainty of 0.2 ◦C. During calibration, all temperature setpoints of the aluminum

box and the external enclosure are made the same, and we observe a temperature difference between

the setpoints and the reference resistors of −100 to 10 mK. The enclosure temperature is always

well stabilized, so we simply use an enclosure temperature uncertainty of 0.2 ◦C due to the NTC

uncertainty. Thus the differential immersion error results in a constant 0.32 mΩ resistance uncertainty,

which we treat as a correlated error between all temperature measurements. This is listed in final

temperature uncertainty Tab. 6.3 as “JILA calibration immersion error,” and results in a 1.2 mK

uncertainty.

A.3.2 Final Calibration

Three temperature sensors were chosen for calibration, A3, A5, and B1. A3 and A5 eventually

were placed in vacuum and are the current sensors used for the BBR correction on Sr1. For each

sensor, two calibrations were derived from the two NIST calibrated sensors R17 and R18. The

calibration curves are shown in Figs. A.6 and A.7. The final calibration results are listed in Tabs. A.4
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Figure A.5: Differential immersion error. The resistance difference between A3 and the reference
resistors as a function of the enclosure setpoint. The interior aluminum box is set to 23 ◦C and then
external enclosure temperature is varied. The resistance difference at 23.3 ◦C is subtracted to center
the plot near zero. The difference is fit with a linear form, shown as dashed lines for R17,18.

and A.5. The resistance uncertainty is from a quadrature sum of immersion error and statistical

uncertainty.

A3 and A5 are mounted to the in-vacuum extension arm on Sr1. Measuring the temperature

can proceed in much the same way as all the measurements described in this document. Typically,

we interleave measurements between A3 and A5. For both sensors we calculate a temperature

using both calibrations. We then use the average of all four point, and calculate the statistical and

calibration uncertainty through a linear pooling technique. The final temperature uncertainties are

documented in Ch. 6.
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Figure A.6: Thermometer fits for PRT A3, to be used in vacuum. The left column uses the R17
NIST calibrated sensor, and the right column uses R18. The top panels show the data and the
fit. The bottoms panels show the residuals and fit uncertainty in the shaded region. All the data
includes errorbars with uncertainty in both resistance and temperature. The center of the fit is
chosen to be 22 ◦C to minimize uncertainty around room temperature

A3 R22◦C (Ω) δR22◦C (mΩ) a (◦C)−1 δa (◦C)−1 b (◦C)−2 δb (◦C)−2

R17 108.578581 0.208 0.003566 4.83× 10−7 −4.595× 10−7 1.3008× 10−7

R18 108.57957 0.227 0.003566 4.95× 10−7 −5.147× 10−7 1.4643× 10−7

Table A.4: R17 and R18 calibrations for sensor A3 centered at 22 ◦C.

A5 R22◦C (Ω) δR22◦C (mΩ) a (◦C)−1 δa (◦C)−1 b (◦C)−2 δb (◦C)−2

R17 108.505334 0.084 0.003564 1.74× 10−7 −4.494× 10−7 0.345× 10−7

R18 108.506250 0.088 0.003564 1.73× 10−7 −3.980× 10−7 0.338× 10−7

Table A.5: R17 and R18 calibrations for sensor A5 centered at 22 ◦C.
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Figure A.7: Thermometer fits for PRT A5, to be used in vacuum. The left column uses the R17
NIST calibrated sensor, and the right column uses R18. The top panels show the data and the
fit. The bottoms panels show the residuals and fit uncertainty in the shaded region. All the data
includes errorbars with uncertainty in both resistance and temperature. The center of the fit is
chosen to be 22 ◦C to minimize uncertainty around room temperature



Appendix B

Comparison Conditions

Over 13 days between January and March 2025, we compared Sr1 with NIST Al+ and Yb

optical clocks. All clocks operated a majority of the time in a “high accuracy” configuration, and

for a few days, each clock modulated systematics to test correction robustness. A comparison

schedule is presented in Tab. B, with “nominal” conditions indicating the clock was operating in a

standard or near standard configuration. The nominal Sr clock conditions are: U = 12 Er, 0.5 G

bias; 295.3 K environment temperature; 3 × 104 atoms; 400 ◦C oven temperature; Trabi = 1.0 s

(some measurements with Trabi = 1.3), ground band cooled, single band selected sample near 100 nK;

νlat = νmagic + 9 MHz; 60 s vacuum lifetime.

In Figs. B.1 and B.2, we plot the measurement and calculated shift for the BBR and second

order Zeeman corrections. The environment temperature is typically 22.1 ◦C, with the temperature

record plotted on the top of Fig. B.1. On March 4, 2025 we reduced the system temperature to

19.6 ◦C, which is apparent as the one temperature outlier on the left plot. The average BBR shift

under nominal conditions is near −4.981×10−15, plotted in the bottom of Fig. B.1. The temperature

modulation leads to a shift difference of approximately 2× 10−16. Since ratios agree < 4× 10−18,

this measurement leads to a direct characterization of the BBR correction to approximately a part

in 50.

The second order Zeeman correction is applied in a point by point fashion using the measured

splitting between magnetic sublevel clock transitions, ∆mF . The vector shift is also calculated

using this splitting and the cavity parameters measured in Fig. 5.8. The average ∆mF for each



200

Table B.1: Schedule of the comparison days during early 2025. March 14 was intended to be a
comparison day, but issues on all clocks and combs prevented measurement. March 14 is not included
in the ratio, but is reported in the shift plots, Figs. B.1 and B.2.

Day Sr Condition Al+ Condition Yb Condition

Jan. 16, 2025 Nominal N/A Nominal

Jan. 24, 2025 Nominal N/A Nominal

Feb. 04, 2025 Nominal N/A Nominal

Feb. 06, 2025 Nominal N/A Nominal

Feb. 27, 2025 370 ◦C oven tempera-
ture

Nominal Nominal

Feb. 28, 2025 Trabi = 420 ms, 1 G
bias

Nominal Nominal

Mar. 04, 2025 19.6 ◦C system temper-
ature

Nominal Nominal

Mar. 06, 2025 U = 20 Er Nominal Nominal

Mar. 07, 2025 Nominal Nominal Nominal

Mar. 13, 2025 Nominal High Doppler temper-
ature

Nominal

Mar. 14, 2025 Nominal Comb issue Comb issue

Mar. 18, 2025 Nominal Nominal Tdead + 200 ms

Mar. 20, 2025 Nominal Nominal High bias

Mar. 21, 2025 Nominal Nominal Nominal

comparison clock lock is plotted on the top of Fig. B.2, with the highlighted region indicating the

nominal operational field near 0.5 G. On February 28, 2024, we nearly doubled the bias field, which

is the outlier point on this plot. The average second order Zeeman shift is plotted on the bottom

of Fig. B.2. The ratio measurement on February 28, 2024 is consistent with other days despite

generating a 4× 10−16 shift difference, so we are confident that the second order Zeeman shift is

properly corrected.

The lattice light shift corrections are applied globally to each comparison day. Lattice light

shift evaluations were completed before the comparison in July 2024 and after the comparison in



201

293

294

295
T 

(K
)

295.250

295.275

295.300

295.325

295.350

2025-01-16 2025-03-21
Date

4.95

4.90

4.85

4.80

BB
R

 S
hi

ft 
(fr

ac
.)

1e 15

2025-01-16 2025-03-21
Date

4.984

4.982

4.980

4.978

1e 15

Figure B.1: BBR corrections. Top: the measured radiant temperature at the atom’s location, a
technique described in Ch. 6. The green shaded area highlight the nominal operation point, and is
plotted on the right. Error bars are calculated as described in Ch. 6. Bottom: the BBR shift, with
the nominal operation condition highlighted in red and plotted on the right.

May 2025, with the more extensive 2024 evaluation discussed in Ch. 5. Both shift evaluations agree

within statistical uncertainty and differ slightly from the 2022 light shift evaluation. For the final

comparison light shift correction, we use a combined fit of shift data measured in 2024 and 2025. We

fit Eq. 5.5 with all atomic parameters free, leading to typical light shift uncertainties of < 5× 10−19

during the comparison.

To evaluate the gravitational redshift with respect to the NIST clocks, we determine the

atom height from the S1B60 survey markers. We implement a procedure that relies on a number of

independent steps including a water leveling trick. We begin by determining the height of the blue

MOT with respect to the in-vacuum temperature probe using a camera and known dimensions. We

then align a laser level to the probe and project a marker to the 80-20 structure around the table.

We fill a plastic tube with water to this marker level, and take the other end to the north wall of the
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Figure B.2: Second order Zeeman shift. Top: the mean measured between magnetic sublevel
transition ∆mF for each lock. The nominal operation is highlighted and plotted on the right. Bottom:
the second order Zeeman shift calculated using Eq. 7.2. This correction is applied in a point by
point fashion, so this data represents only the average of each lock.

lab. Finally, we measure the height of the water with respect to the survey marker using a ruler with

NIST traceable calibration. With respect to the marker on the north end of the room, S1B60V1, we

find an atomic height of −7.86± 0.32 cm, corresponding with a redshift of −(8.56± 0.34)× 10−18.


	Introduction
	Atomic Clocks
	Optical Clocks
	My Work

	The Strontium System
	The Strontium Atom
	Laser Cooling & Lattice Loading
	The System
	Temperature Stabilization

	Clock Spectroscopy
	The ``Clock Lock''
	Imaging Spectroscopy

	Atoms In A Lattice
	Bloch Bands
	Clock Spectroscopy
	Wannier States

	Wannier-Stark Lattice
	Radial Motion
	Energy Scales
	Motional Spectroscopy
	Rabi Spectroscopy
	Axial Spectroscopy
	Radial Spectroscopy

	Radial Sloshing
	Rabi Inhomogeneity

	Density Shift
	Atomic Interactions
	Density Shift Imaging
	The ``Magic Depth''
	Dynamical Phase Transition

	Lattice Light Shift
	Atom-Light Interactions
	Experimental Measurements
	Operational Conditions
	Vector Shift
	Other Magnetic Sublevel Transitions
	Light Shift Reevaluation
	Thermal Model Comparison

	Black-body Radiation
	3D1 Lifetime
	Quantum Beats
	High Density Interactions
	Experimental Approach
	Results

	Evaluating The Dynamic Coefficient
	Measuring Temperature

	Accuracy
	Operational Conditions
	First Order Zeeman
	Second Order Zeeman
	Tunneling
	Background Gas Shift
	DC Stark
	Room Light
	Other Shifts
	Final Accuracy Budget

	Clock Frontiers
	Extending Coherence
	Laser Averaging
	An Atom Interferometer
	WS Coherence
	A Gravimeter
	Proposals

	Shallow Lattice Physics
	Comparison

	References
	Temperature Sensors
	NIST Calibrated Sensors
	Culling
	Sensor Calibration
	Differential Immersion Error
	Final Calibration


	Comparison Conditions

